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Abstract

Linear elastic finite element analyses (LEFEAs) have become more frequent in

the design and assessment of reinforced concrete slabs under concentrated

loads, as they enable low-cost evaluation of the distribution of shear forces over

critical sections. However, few publications have addressed the benefits of

combining LEFEA with mechanical-based models to predict the most critical

shear failure mechanism and the corresponding shear and punching capacities.

Notably, most previous studies employed a similar approach for a specific

boundary condition or evaluated only the one-way shear capacity of slabs

under concentrated loads near line supports. This study investigates the accu-

racy of the expressions based on the critical shear crack theory (CSCT) com-

bined with LEFEA to assess the shear and punching capacity of one-way slabs

under concentrated loads. Since such slabs may develop different failure mech-

anisms, this study also evaluates the level of accuracy to predict the governing

shear failure mechanism identified in the tests, a topic rarely discussed until

now. For this purpose, a dataset of 112 experiments was selected, covering dif-

ferent boundary conditions and loading arrangements. LEFEA was used to

evaluate the uneven distribution of shear forces and bending moments on the

critical shear regions. Some outputs from LEFEA were used in the analytical

calculations with the CSCT-based expressions to predict the shear and punch-

ing capacity of such tests. The use of LEFEA also aided in understanding the

change of shear failure mechanisms according to parameters such as the

Received: 15 December 2025 Revised: 17 February 2026 Accepted: 23 February 2026

DOI: 10.1002/suco.70546

This is an open access article under the terms of the Creative Commons Attribution License, which permits use, distribution and reproduction in any medium, provided

the original work is properly cited.

© 2026 The Author(s). Structural Concrete published by John Wiley & Sons Ltd on behalf of International Federation for Structural Concrete.

Structural Concrete. 2026;1–29. wileyonlinelibrary.com/journal/suco 1

https://orcid.org/0000-0001-5955-7936
mailto:alex.dantas@unesp.br
http://creativecommons.org/licenses/by/4.0/
http://wileyonlinelibrary.com/journal/suco
http://crossmark.crossref.org/dialog/?doi=10.1002%2Fsuco.70546&domain=pdf&date_stamp=2026-03-11


member width to load size ratio bslab/lload and the shear slenderness av/dl. The

combination of the CSCT expressions with the LEFEA allows for predicting

the governing shear failure mechanism and the shear capacity of the slabs for

most tests accurately at a low computation cost. When the governing failure

mechanism was not correctly identified, a conservative estimate of the shear

capacity was provided, which is desirable in such cases.

KEYWORD S

critical shear crack theory, linear elastic finite element analysis, one-way shear, punching
shear

1 | INTRODUCTION

Reinforced concrete one-way slabs under concentrated
loads are commonly found in bridge deck slabs. These
slabs are subjected to large concentrated loads in non-
symmetrical loading and support conditions. Because of
this, these members may show a transitional or asymmet-
rical shear failure mode between one-way shear (as wide
beams [WBs] on slab strips) and two-way shear (punch-
ing shear), besides the flexural mechanisms.1–3 Therefore,
the assessment of such structures involves the evaluation
of different (shear) failure mechanisms.4 For design, it is
usually not important which of the shear failure modes is
the most critical since the most critical failure mecha-
nism governs the design. Conversely, this information
deserves more attention for assessing existing structures
because it can indicate which regions of the structure
need to be strengthened, or which loading position is crit-
ical in a proof load test. Within this context, linear elastic
finite element analysis (LEFEA) stands out as an alterna-
tive to determining a more realistic distribution of shear
forces and bending moments on relevant sections com-
pared to pure analytical methods.

Despite the increasing number of studies developed
with examples of the application of LEFEA to assess the
shear capacity of one-way slabs under concentrated
loads,5–8 most of them present one or more of the follow-
ing limitations:

i. The studies did not address how to combine LEFEA
with mechanical-based shear and punching strength
models. Most authors applied LEFEA only combined
with semi-empirical code expressions.5,7,9

ii. When mechanical-based models were used to esti-
mate the ultimate capacity of cantilever slabs, only
the one-way shear resistance was checked.1,6 In
other words, it was assumed that one-way shear fail-
ures always governed for such slabs, and the possibil-
ity of punching failures was neglected.

iii. When shear and punching failure modes were inves-
tigated, a limited number of test results were
addressed (between 1 and 3 experiments only),
which limits the discussion about the level of accu-
racy of such approaches.4,9

iv. Slabs with continuity over the support were not dis-
cussed when applying the combination of LEFEA
with mechanical-based models of the shear and
punching capacity.10

v. The transition between one-way and two-way shear
failures is usually not discussed based on the distri-
bution of shear and bending moments, which limits
the understanding of the interpretation of the test
results.5,11–13

In this study, we investigate the accuracy of the
approach first proposed by Nat�ario,10 which combines
LEFEA with critical shear crack theory (CSCT) expres-
sions to determine the shear and punching shear
capacities of one-way slabs under concentrated loads.
Compared to previous publications,1,6 this study
covers a higher variety of support conditions, which
includes (i) one-way simply supported slabs (SSs),
(ii) one-way slabs with continuity over one of the sup-
ports and (iii) cantilever members (Figure 1). Besides,
this study discusses the transition between one-way
and two-way shear failures for slabs under concen-
trated loads with different support conditions. Based
on identifying key parameters for determining the gov-
erning failure mechanism between one-way shear and
two-way shear, enhancements in Nat�ario's approach10

are performed mainly in the punching shear calcula-
tion method to consider parameters related to the
transition between one-way shear and two-way
shear.12 These enhancements yield more precise pre-
dictions of the ultimate load, regardless of the govern-
ing failure mechanism. In other words, the ultimate
load predicted with the punching shear expression, for
instance, can be closer to the experimental load even if
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the test failed by one-way shear instead of punching.
As such, the robustness of the proposed methodology
is improved.

In this paper, we first explain how to combine
LEFEAs—using shell elements for the slabs—and the
CSCT expressions of one-way14 and two-way shear15 to
predict the shear and punching shear capacity of experi-
ments available in the literature (Section 2). After
(Section 3), we discuss the transition from one-way shear
failures to two-way shear failures using a small set of
experiments from the literature according to the CSCT
expressions and information gathered from LEFEA. The
Database of test results is described in Section 4. In
the end (Section 5), comparisons between tested and pre-
dicted resistances are provided for the evaluated dataset,
according to the boundary conditions of the tests and
governing failure mechanism.

2 | BACKGROUND

2.1 | One-way shear capacity predictions
using CSCT expressions and LEFEA

The one-way shear capacity VR,CSCT of one-way slabs
under concentrated loads was calculated according to
Nat�ario et al.1 by combining the predicted unitary shear
strength vR,shear with an effective shear width beff (derived
from LEFEA), and accounting for arching action in the
one-way shear resistance for concentrated loads close to
the support by βshear:

VR,CSCT ¼ vR,shear �beff
βshear

ð1Þ

The unitary one-way shear resistance vR,shear was cal-
culated according to the CSCT expressions developed by
Muttoni and Schwartz16 and modified by Muttoni and
Fernandez Ruiz.14 The principle of this theory is that the
flexural shear strength is governed by a flexural crack
that develops diagonally (the critical shear crack) and dis-
turbs the shear transfer actions. The main shear transfer
mechanisms of slender beams, according to the CSCT,
are14: (i) compression chord capacity or cantilever
action,17 (ii) aggregate interlock18 and (iii) dowel
action.19,20 According to this model, the one-way shear
capacity vR,shear depends on the sectional geometry, the
concrete compressive strength, the critical shear crack
width wcr, and the crack's roughness. The roughness is
assumed as related to the aggregate size dg,

21 while the
crack width wcr is assumed to be proportional to the ref-
erence longitudinal strain ε times the effective depth of
the member dl. In this way, the unitary shear capacity
vR,shear or failure criterion is calculated as (SI units: fc in
MPa; dg in mm):

vR,shear ¼
dl �

ffiffiffiffi
f c

p
3

� 1

1þ120 � ε � dl
16þdg

ð2Þ

where dg is the measured maximum aggregate size if fc
<70 MPa and 0 mm if higher.

FIGURE 1 Sketch of one-way slabs under concentrated load: (a) simply supported slabs; (b) slabs with continuity on one of the

supports (herein defined as continuous slabs) and (c) cantilever slabs.
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The reference longitudinal strain ε is evaluated at the
control section at a depth of 0.6dl from the compression
face, assuming that plane sections remain plane and
neglecting the tensile strength of the concrete (which is
assumed to behave linearly elastically in compression).
In the absence of normal forces, the reference strain ε at
the control depth and height of the compression zone
cflex are given by14 (SI units; dl in m; mmax in kN/m):

ε¼ mmax

bw �dl �ρl �Es � dl� cflex=3
� � � 0:6 �dl� cflex

dl� cflex
ð3Þ

cflex ¼ dl �ρl �
Es

Ec
�

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1þ 2 �Ec

ρl �Es

s
�1

 !
ð4Þ

where mmax is the maximum bending moment at the
control section for a given applied load, ρl is the flexural
reinforcement ratio, Ec is the elastic modulus of the con-
crete, Es is the elastic modulus of the steel, and cflex is the
height of the compression zone in the cross-section.

In this approach, the parameters that need to be eval-
uated in the numerical models are the distribution of uni-
tary shear forces v (to calculate vavg and beff), unitary
bending moments m (to calculate mmax), and the total
shear force going through the control section Vcontrol for a
given applied load. Alternatively, Vcontrol can be directly
determined from beam statics. Further details on the
numerical models will be given in the next sections.

Evaluating the one-way slabs under concentrated
loads, it is common to assume that only a slab strip, with
a so-called effective shear width, contributes to the one-
way shear capacity. Generally, the effective shear width
is determined geometrically, assuming that the load

spreads horizontally from the back sides of the loaded
region toward the support with an angle of 45�

(Figure 2a). However, this approach has the shortcoming
that the predicted effective shear width increases too
much as the distance from the load to the support
increases. Someone may note that, in this approach, the
predicted shear demand vE comes from the assumed defi-
nition of the effective shear width (Figure 2a). In light of
these limitations, Halvonik et al.6 suggested limiting the
spreading zone to 2d from the load frontal face, in such a
way that the predicted effective shear width would
increase only in the range 0 ≤ av <2d. Nevertheless, this
approach was validated only for cantilever slabs and
requires further investigation to other support conditions.

Another definition is based on the uneven distribu-
tion of shear forces at the control section (Figure 2b). In
this case, it is assumed that the effective shear width is
defined as the length that, when multiplied by the maxi-
mum shear demand vE,max, equals the shear force in that
direction.23 In the second option, the control shear
demand vE,max comes from the measured shear demand
distribution through LEFEA.

In this study, the effective shear width beff was calcu-
lated by dividing the total shear force in the full slab
section of width b (Vcontrol) by an averaged unitary shear
force over the control sections vavg

1,24 (Figure 2c) deter-
mined with a finite element model (Equation (5)). To be
consistent with the CSCT principles, the control
section to calculate the averaged unitary shear forces and
the maximum bending moments is at 0.5dl from the face
of the load for simply SSs (Figure 3a) and 0.5dl from the
edge of the support on cantilever slabs (Figure 3b), on
which dl is effective depth toward the longitudinal rein-
forcement. The length of the control section (distribution

FIGURE 2 Definitions of effective shear width: (a) current French and Dutch approaches22; (b) definition based on the maximum

unitary shear demand23; (c) definition based on the average shear demand over a distribution width.

4 DE SOUSA ET AL.
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width) over which v is averaged to calculate vavg is
assumed 4dl for cantilever slabs

25 and 4dl + lload for sim-
ply SSs (Figure 3).10 For tests with continuity on one of
the supports, it is necessary to examine if maximum
bending moments occur close to the load or close to the
support (depending on the degree of continuity and load
layout). If the larger bending moment occurs close to the
load, the verification follows the same principles as for
simply SSs. On the other hand, the calculations follow
the principles applied to cantilever slabs when the larger
bending moment occurs close to the support.

Therefore, when combining LEFEA with the CSCT
expressions, we firstly use a distribution width to calcu-
late an average unitary shear force vavg at the control
section (perpendicular to the control section) and after
the effective shear width beff is calculated as:

beff ¼Vcontrol

vavg
ð5Þ

The arching action that takes place for loads close to
the support, which increases the one-way shear resis-
tance for such conditions, is accounted for by βshear

10

(Equation (6)):

βshear ¼
av

2:75 �dl , withdl ≤ av ≤ 2:75dl ð6Þ

where av is the distance between faces of load and sup-
port (see Figure 1). Note that the CSCT was derived

assuming flexural-shear failures and that the βshear is only
a simplification to allow estimating the enhanced resis-
tance in the case of possible shear-compression failures.
For slabs influenced by arching action (loads close to the
support), using beff allows us to include the effect of
the arching action in the load portion from F that is
transferred directly to the support. Conversely, for slabs
subjected to a load further away from the support, the
use of beff could be suppressed. For such cases, one could
simply compare the ultimate concentrated load Fexp with
the calculated load that causes a one-way shear failure
Fpredicted.

Figure 4a shows the flowchart of calculations per-
formed combining LEFEA output with the CSCT shear
expressions. First, a unitary force Fhyp = 1 kN is applied
to the numerical model to compute the averaged shear
force vavg,1kN, and the maximum bending moments
mmax,1kN, over the control section. The self-weight was
not considered in the numerical models as a simplifica-
tion, since it was considerably lower than the applied
concentrated loads at failure. Then, the effective shear
width beff is calculated according to Equation (5) and
Figure 3. In the end, a subroutine is used to find the
applied concentrated load Fhyp,i, iteratively, which equals
the unitary shear resistance vR,i with the average shear
demand vavg,i over the control section (see Figure 4b).
When the iterative process ends, the one-way shear
capacity (in force units) VR is calculated, accounting for
the effective shear width beff and the arching action
for loads close to the support (av <2.75 dl). With this

FIGURE 3 Control section location and averaged unitary shear force vavg definition for (a) simply supported slabs and (b) cantilever

slabs. Adapted from Nat�ario.10
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procedure, the externally applied load (Fpredicted) that
causes the sectional shear failure and the one-way shear
resistance (VR,CSCT) are predicted. Fpredicted is the last
value of Fhyp,i in the iterative process for which vR.i is
equal to vavg.i.

Since the relation between the applied load and the
sectional shear force depends only on the load position
and support layout, the comparison between tested and
predicted resistances could be performed directly in
terms of the applied concentrated loads in the tests Ftest
and the predicted value Fpredicted. In other words, for
loads that are not influenced by arching action, the com-
parison between the tested and predicted failure loads
(Ftest/Fpredicted) equals the ratio between tested and pre-
dicted shear resistances (Vtest/Vpredicted). Therefore, for
such cases, the calculation of the effective shear width
would not be necessary. In this study, however, the effec-
tive shear width was calculated for all tests as a way to
include the influence of arching action when applicable,
as recommended by Nat�ario.10

2.2 | Punching shear predictions aided
by LEFEA

The punching shear capacity was evaluated using the
CSCT (ψx � ψy) method27,28 inspired by the work of

Nat�ario10 with improvements as explained in this section.
The control perimeter is placed at dv/2 from the load
edges, where dv is the mean depth of the flexural rein-
forcement in both directions. The control perimeter is
usually divided into four segments, assuming constant
rotations ψx � ψy and unitary strengths vR.x � vR.y for
each segment. The control perimeter with straight cor-
ners was adopted in this study to simplify the post-
processing of the numerical results.

The punching shear strength is given by (assuming
square loads or loads of limited rectangularity: lload ≤ 3dv
and bload ≤ 3dv):

PR,punching ¼ vR,x1 �b0,x1þ vR,x2 �b0,x2þ vR,y1 �b0,y1þ vR,y2 �b0,y2
ð7Þ

where the parts of the punching perimeter b0.ij are
defined in Figure 5 (i refers to the directions evaluated,
direction x or y, and j refers to the side of the control
perimeter in the evaluated direction, sides 1 or 2).

The CSCT expressions for punching shear assume
that increasing the width of the critical shear crack wcr

reduces the strength of the compression strut carrying
shear around the loaded area.16 The width of the critical
shear crack wcr is assumed proportional to the product
between the slab rotation ψ and the effective depth of the

FIGURE 4 (a) Flowchart of the main steps for evaluating the one-way shear resistance following CSCT in combination with LEFEA;

(b) Sketch of the iterative process combining the shear demand vavg and shear resistance vR (SI units). Adapted from.26
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reinforcement dv,
15,16 where dv is the average effective

depth between longitudinal and transverse reinforce-
ments. The CSCT also considers the shear redistribution
around the loaded area in a simplified way. In this
method, the slab rotations depend on the considered
direction and are uneven along the control perimeter,
meaning that some parts of the slab reach their ultimate
strength while others still have a potential shear
capacity.10,27,28

The unitary shear strength in each segment vR.ij is cal-
culated as29 (SI units: fc in MPa; dg in mm):

vR,ij ¼
3=4ð Þ �dv �

ffiffiffiffi
f c

p
1þ15 � ψ ij �dv= dgþdg0

� �h i ð8Þ

dg0 ¼
16mm, if f c <70MPa

0mm, if f c ≥ 70MPa

�
ð9Þ

where dg is the maximum aggregate size and fc the con-
crete compressive strength. The rotations ψ ij in each side
of the control perimeter were calculated according to
level of approximation III from the fib Model Code
provisions,29 which are based on the CSCT.15 In each seg-
ment of the control perimeter, the rotation was calculated
as:

ψ ij ¼ 1:2 � rs,ij
di

� f yi
Es

� ms,ij

mR,i

� �3=2

ð10Þ

ms,ij ¼ 1
bs

�
Zþbs=2

�bs=2

mij

�� �� �di i⊥ j

ms,x1 ¼ 1
bs

�
Zþbs=2

�bs=2

mx1 �dy ; ms,x2 ¼ 1
bs

�
Zþbs=2

�bs=2

mx2 �dy;

ms,y1 ¼ 1
bs

�
Zþbs=2

�bs=2

my1 �dx;

ms,y2 ¼ 1
bs

�
Zþbs=2

�bs=2

my,2 �dx

ð11Þ

Nat�ario10 explains that rs.ij is the distance between
maximum span moment due to concentrated load and
the point of contraflexure (see Figure 5a), di is the effec-
tive flexural depth in the appropriate direction, fyi is the
steel yielding stress, Es is Young's modulus of steel, ms.ij

is the averaged acting bending moment at the loading
plate edge ij within the width bs (Figure 5c) and mR.i is
the yielding moment per unit length in the evaluated
direction. The support strip width bs is calculated as:

bs ¼ min 1:5 � ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
rs,xj � rs,yjp	 
 ð12Þ

The length of each segment of the control perimeter
(b0.x1, b0.x2, b0.y1 and b0.y2), calculated without rounded

FIGURE 5 Definition of (a) rs.ij distances; (b) reduced control perimeters for square loads; and (c) averaged acting bending moments at

the edges of the concentrated load and support strip widths. Adapted from Nat�ario.10
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corners as in Nat�ario,10 was given by the ratio between
the maximum applied unitary shear force perpendicular
to the control perimeter (vx1,max, vx2,max, vy1,max and
vy2,max) and the total shear force going through that
perimeter (Vx1, Vx2, Vy1, Vy2) (Figure 5b):

b0,ij ¼ Vij

vij,max
ð13Þ

Figure 6 shows the main steps to predict the punching
shear capacity of slabs coupling LEFEA with the CSCT
expressions for non-axis-symmetrical punching shear.28

First, a LEFEA is carried out to compute the distribution of
shear forces (vij,max = vx1,max, vx2,max, vy1,max, vy2,max) and
averaged bending moments (ms.ij = mx1,mx2,my1,my2) over
the control sections for an applied load equals 1 kN. At this
step, the total shear force on each portion of the control
perimeter (Vij = Vx1, Vx2, Vy1, Vy2) and the flexural strip
width bs shall also be calculated. Afterwards, the reduced
control perimeter segments b0,ij are computed for each side
of the control perimeter. These values are entered as input
in a subroutine that calculates iteratively the punching load
PE(i) that is equal to the punching resistance PR(i). Notably,
the number of outputs of the LEFEA is higher than that
required for one-way shear since we need to evaluate the
contribution of each control perimeter segment.

A factor was derived by linear regression analyses to
avoid overly unsafe predictions of punching capacity for
the tests that failed as WBs in one-way shear. Due to the
shear flow characteristics of one-way slabs, a smaller por-
tion of the load is transferred by the lateral sides of the
control perimeter when the slab width is small (see
Figure 7). Therefore, these sides of the control perimeter
may have a small contribution to the punching capacity
for small values of bslab/lload. Similarly, Setiawan
et al.30,31 also observed that the contribution from some
sides of the control perimeter may have a one-way shear
behavior, depending on the size of elongated loads or cor-
ner walls.

The influence of the ratio slab width-to-load size on
the effective contribution of the sides of the control
perimeter to the punching capacity (see Figure 7) was not
considered by Nat�ario10 and is considered herein by mul-
tiplying the punching resistance VR.y1 and VR.y2 by a fac-
tor βwidth. This factor was derived assuming that the
factor should vary between 0 and 1 and that the contribu-
tion of the lateral sides of the control perimeter increases
by a square polynomial function. The constants of the
polynomial function were adjusted to improve the predic-
tions of punching capacity for a larger dataset of one-way
slabs under concentrated loads presented by de Sousa
et al.3

FIGURE 6 (a) Flowchart of the main steps for the evaluation of the punching capacity with the CSCT (ψx � ψy) method; (b) sketch of

how the punching capacity is determined in the iterative process. Adapted from.26
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For loads close to simple support:

βwidth ¼
1 for bslab=lload >7:5

0:0002 � bslab=lloadð Þ4
≥ 0

≤ 1

(
for 1≤ bslab=lload ≤ 7:5

8><
>:

ð14Þ

For loads close to cantilever supports or continuous
supports:

βwidth ¼
1 for bslab=lload ≥ 10

0 for bslab=lload <10

�
ð15Þ

As a result, the following calculations are used to
compute the contribution of each side of the control
perimeter into the punching capacity (SI units: fc in MPa;
dg in mm):

VR,x1 ¼ 1
βshear

� 3=4ð Þ �dv �
ffiffiffiffi
f c

p
1þ15 � ψx1 �dv= dgþdg0

� �� � �b0,x1 ð16Þ

VR,x2 ¼
3=4ð Þ �dv �

ffiffiffiffi
f c

p
1þ15 � ψ x2 �dv= dgþdg0

� �� � �b0,x2 ð17Þ

VR,y1 ¼
3=4ð Þ �dv �

ffiffiffiffi
f c

p
1þ15 � ψy1 �dv= dgþdg0

� �� � �b0,y1 �βwidth ð18Þ

VR,y2 ¼
3=4ð Þ �dv �

ffiffiffiffi
f c

p
1þ15 � ψy2 �dv= dgþdg0

� �� � �b0,y2 �βwidth ð19Þ

The punching capacity for square loads or loads with
limited rectangularity (lload <3dv and bload <3dv) is then
given by the sum of the capacities of the perimeter
segments:

PR,punch ¼VR,x1þVR,x2þVR,y1þVR,y2 ð20Þ

Slabs subjected to elongated loads exhibit specific
characteristics that must be considered. The shear flow
assumes a radial pattern in the corners, with a high con-
centration of shear flow in these regions. Conversely, the
shear flow at the elongated sides has lines almost parallel
to each other, with a lower demand in this region
(Figure 8a). Following the approach proposed by
Nat�ario10 and inspired by the works of Sagaseta et al.,28

the contribution of the control perimeter in the corners is
calculated by the two-way shear expressions (PR,puch). In
Nat�ario's approach, the same expressions to calculate the
one-way shear capacity of such slabs were used in the
region with one-way shear behavior, which increased the
post-processing effort of the numerical models.

In this study, a simplification was performed on this
part of the calculations based on the work from Setiawan
et al.31

In the proposed modification, when the loaded area is
elongated on one of the sides (lload >3dv or bload >3dv),
the contribution of the elongated sides not included in
the computation of b0,x1, b0,x2, b0,y1 and b0,y2 shall be con-
sidered with a one-way shear behavior for these lengths
(blue lines in Figure 8b). These limits to define the
regions with two-way shear behavior and one-way shear

FIGURE 7 Influence of the ratio bslab/lload on the shear flow crossing the sides of the control perimeter parallel to the free edges.

Adapted from.26
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behavior are based on the fib Model Code 2010.29 The
control perimeter was defined without rounded corners
to simplify the post-processing of the numerical models.
In practice, four sides of the load can be higher than 3dv
and the shape of the load can be square, but the idea
remains similar to that applied for elongated loads.

In this study, the contribution of the sides ls
(Figure 8b) is computed according to Setiawan et al.31

and Cavagnis et al.32 (assuming only two sides of the load
are larger than 3dv):

PR,shear ¼ vc,min � 2 � lsð Þ¼ k �dv �
ffiffiffiffi
f c

p
ffiffiffiffiffiffiffiffiffiffiffiffi
εy � dv

ddg

q � 2 � lsð Þ ð21Þ

Herein, vc,min is the minimum shear resistance per
unit length (assuming reinforcement yielding), k = 0.019,
εy is the flexural reinforcement yield strain (assumed
equal 0.0025 when the material properties of steel were
not provided), ls is the length of the sides assumed with
one-way shear behavior (Figure 8), and ddg is the parame-
ter that considers the crack roughness, which is calcu-
lated as follows: (SI units: fc in MPa; dg in mm):

ddg ¼ min 40mm, 16þdg
� �

for f c ≤ 60MPa

ddg ¼ min 40mm, 16þdg � 60
f c

� �2
 !

for f c >60MPa

ð22Þ

The total punching capacity for elongated loads is
given by:

Ppredicted ¼ PR,punchingþPR,shear ð23Þ

2.3 | Predicting the governing failure
mechanism

In a design or assessment task, the most critical failure
mode is determined by comparing the concentrated loads
FEd related to the one-way shear failure (VRd) and the con-
centrated loads associated with the punching shear failure
(PRd). Therefore, if FEd,shear < FEd,punching, the one-way
shear failure mechanism is theoretically most critical. Con-
sequently, the most critical failure mechanism is defined
by the lower ratio between VRd/VEd and PRd/PEd. At this
point, VRd and VEd are the design shear actions and shear
capacities, respectively. PEd and PRd are the respective
design punching loads and punching capacities.

Knowing the tested shear Vtest and punching forces
Ptest from the laboratory tests, and inverting the action
and resistance terms, the governing failure mode is there-
fore determined by the maximum ratio between Ptest/Ppre-
dicted and Vtest/Vpredicted. Herein, Ptest and Ppredicted are the
tested and calculated punching capacities, respectively;
Vtest and Vpredicted are the tested and calculated one-way
shear capacities. In other words, if the ratio Vtest/Vpredicted

is higher than Ptest/Ppredicted, one-way shear is theoreti-
cally more critical than punching shear and the predicted
governing failure mode would be one-way shear.

In this study, we also calculated the strength ratio
(SR) = max {Vtest/Vpredicted; Ptest/Ppredicted} to investigate
the global level of accuracy and safety combining the

FIGURE 8 (a) Sketch of distribution of nominal shear forces along the control perimeter of elongated loads (assuming only two sides

>3dv) with the concentration of shear forces at the corners; (b) lengths of the sides of the control perimeter with two-way shear and one-way

shear (control perimeter without rounded corners used in the calculations); (c) sketch of the areas that shall be integrated to determine the

shear force distribution around the control perimeter.
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one-way shear and punching shear predictions. At this
point, one can conclude that if the ratios Vtest/Vpredicted

<1 and Ptest/Ppredicted >1, the one-way shear expressions
yield an unsafe prediction, but the predicted punching
capacity becomes governing.

2.4 | Finite element models

In this study, the finite element software ABAQUS© is
used to evaluate the distribution of bending moments

and shear forces at the control sections for one-way and
two-way shear analyses (Figures 9 and 10). A four-node
shell finite element with reduced integration (S4R), hour-
glass control and finite membrane strains is used to simu-
late the slab. An eight-node linear brick element with
reduced integration and hourglass control (C3D8R) was
used to simulate the plate support, and an interface that
allows free uplift between the solid supports and the shell
elements was applied. Alternatively, compression-only
supports could be used along the support axis from the
slab, rather than including solid elements with

FIGURE 9 Overview of the numerical models developed, highlighting the evaluated regions for one-way shear and punching shear

analyses: (a) simply supported test from Reißen et al.11 and (b) cantilever slab tested from Henze et al.5

FIGURE 10 Overview of the numerical models developed highlighting the evaluated regions for one-way shear and punching shear

analyses: (a) continuous slabs with Msup > Mspan and (b) continuous slabs with Msup < Mspan.

DE SOUSA ET AL. 11
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interaction properties between the shell and the solid ele-
ments, as proposed by Nat�ario.10 In this case, the solid
plates would not be necessary in the simulations.

Interface properties of (i) hard contact (free to uplift)
and (ii) frictionless are assumed at the contact between
the solid plate support and the slab surface for simply
supported and continuous slabs. Note that, as the friction
coefficient was assumed to equal zero, the normal forces
that arise restricting the horizontal displacements at both
supports are negligible. Cantilever slabs were simulated
rigidly coupled to beam supports. Alternatively, the beam
support for cantilever slabs could be removed, and the
boundary conditions could be applied directly to
the slabs.

The mesh sizes varied in the simulations according to
the load size, as suggested in other publications.33 In
practice, we tried to ensure at least eight elements along
the control perimeter edges. The vertical displacements
are constrained at the support axis on the bottom face of
the solid elements, simulating simple supports. The load
is simulated by applying uniform pressure with a result-
ing load equal to 1 kN on the loading area. For continu-
ous slabs (Figure 10), the line load f applied at the
overhang in the numerical models corresponds to
the same fraction f/F used in the tests, where f is the total
load applied at the cantilever member of continuous slabs
(see Figure 1b).

The shear modulus of concrete Gc is taken as 1/8 of
the calculated value and the Poisson's coefficient v is
assumed to equal 0 to account for the concrete crack-
ing.1,28,34 Therefore, the following material constitutive
law was used for the concrete10:

σx

σy

σz

σxy

σyz

σyz

2
666666664

3
777777775
¼

E 0 0 0 0 0

0 E 0 0 0 0

0 0 0 0 0 0

0 0 0 G 0 0

0 0 0 0
G
1:2

0

0 0 0 0 0
G
1:2

2
666666666664

3
777777777775

εx

εy

εz

εxy

εyz

εxz

2
666666664

3
777777775

ð24Þ

Here, the modified values of Poisson's coefficient and
shear modulus G are intended to represent cracking con-
ditions and significantly influence the distribution of
internal forces around the control perimeter, thereby
affecting the calculated shear capacity. In other words,
the Poisson's ratio of 0 is intended to represent an isotro-
pic material that mimics concrete behavior once cracking
begins, and a value of shear modulus equal to G/8 is con-
sidered to account for the reduction in shear stiffness as
flexural cracks develop. Besides, Setiawan et al.33 noted
that G/8 provides a lower-bound stiffness typical of

conditions near failure, where significant shear redistri-
bution has already occurred. In reality, the G value
degrades gradually as cracking becomes more severe.
Therefore, G/8 is only suitable for predicting the ultimate
shear capacity, but it will be less accurate for estimating
shear stress distribution during service loads, for
instance.

3 | UNDERSTANDING THE
TRANSITION FROM ONE-WAY
SHEAR TO TWO-WAY SHEAR BASED
ON LEFEA

3.1 | Overview

This section reviews the test layout and main parameters
of specimens from the literature that can be useful in
understanding the transition from one-way shear to two-
way shear failures. The tests from Reißen et al.11 simulate
one-way slabs simply supported or with continuity over
one of the supports, while the tests from Henze et al.5

simulate cantilever slabs under concentrated loads.
LEFEA was conducted to assess the distribution of shear
forces and bending moments at critical sections. These
analyses were performed following the recommendations
from Section 2.4.

3.2 | Slab width to load size ratio bslab/
lload

Different shear failure modes can take place depending
on parameters such as the slab width to load size ratio
bslab/lload.

35 In the set of tests S15B-1, S25B-1 and S35B-1
tested by Reißen36 from Figure 11a, the main parameter
varied was the slab width bslab, which increased from 1.5,
2.5 to 3.5 m. Consequently, the ratio bslab/lload assumed
the values of 3.75, 6.25 and 8.75, respectively.

Figure 11b shows that for the smaller slab widths
(S15B-1), the critical shear crack develops a horizontal
branch crossing the compression chord of the slab. In
other words, the inclined branch of the critical shear
crack does not directly reach the frontal load edges (test
S25B-1, for instance), which is typical of one-way shear
failures in WBs. By increasing the slab width and fixing
the other parameters, the critical shear crack crosses the
slab mid-height (dashed lines) closer to the loading plate.
Besides, the inclined branch of the critical shear crack
reaches the load edges (tests S25B1- and S35B-1), a com-
mon characteristic of punching failures. Consequently,
the punching shear cracks are commonly visible at the
compression side of the slabs surrounding the load

12 DE SOUSA ET AL.
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edges.37 In turn, Figure 11c shows that the tested loads at
failure (shear and punching) increased as the ratio bslab/
lload increased.

To explain such results in light of the CSCT expres-
sions, Figure 12a shows the effect of increasing bslab/lload
on the distribution of shear forces along section A (see
Figure 11a) using LEFEA. Increasing the ratio bslab/lload
from 3.75 (S15B-1) to 8.75 (S35B-1) decreases the maxi-
mum unitary shear force vx,max in the shear span, mainly
in the region close to the frontal edge of the load (detail
(a) in Figure 12b).

Aided by LEFEA, the elastic effective shear width
beff,el can be calculated as:

beff ,el ¼ Vx

vx,max
ð25Þ

Vx is the sectional shear force assuming a beam model
and vx,max is the peak shear force in Point A of
Figure 11a. In Figure 12b, one can realize that the vx,max

decreases by increasing the ratio bslab/lload. Therefore, the
predicted effective shear width according to Equation (24)
increases by increasing the ratio bslab/lload. In addition,
Figure 12c shows that the bending moments in the x-
direction decrease by increasing the ratio bslab/lload.
Therefore, an increase in unitary shear capacity in Point
A could also be predicted according to the Critical Shear

FIGURE 11 (a) Sketch of the tests S15B-1, S25B-1 and S35B-1 from Reißen et al.11; (b) Cracking pattern of the same slabs according to

bslab; (c) normalized tested shear and punching capacities according to the ratio bslab/lload.

(c)(b))(a

0.0 0.2 0.4 0.6 0.8 1.0
-0.8

-0.6

-0.4

-0.2

0.0

0.2

0.4

0.6

0.8

v x
 /

 F
 [

m
-1

]

x / ltotal [-]

 3.75

 6.25

 8.75

bslab/lload

loading axis

(A)

0.0 0.2 0.4 0.6 0.8 1.0

-0.8

-0.6

-0.4

-0.2

0.0

0.2

0.4

0.6

0.8

1.0

x / ltotal [-]

m
x 

/ 
F 

[-
]

 3.75

 6.25

 8.75

bslab/lload

loading axis

FIGURE 12 (a) Sketch of the tests S15B-1, S25B-1 and S35B-1 from Reißen et al.11; (b) distribution of unitary shear forces vx; and

(c) unitary bending moments mx along the Section A by varying the ratio bslab/lload.
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Crack Theory.14 Therefore, the increased shear capacity
observed in the tests (Figure 11c) can be well explained
according to the CSCT expressions for one-way shear.

To explain the expected behavior in terms of punch-
ing capacity, Figure 13 shows the relation between the
shear demand v/F and ratio m/v�d at points A, B, and C
around the load (see Figure 13a), varying the ratio bslab/
lload. These points are placed at dv/2 from the load faces
in directions x and y, respectively.

Figure 13b shows that as the ratio bslab/lload increases,
the shear slenderness m/v�d at points A and C (frontal
and back sides of the control perimeter) tends to
decrease. Consequently, the unitary punching capacity
rises consistently in these regions as the slab width
increases. Nevertheless, the shear slenderness m/v�d at
point B (lateral sides of the control perimeter) increases
gradually with increasing bslab/lload, which means that
the unitary punching capacity on such sides decreases.

Figure 13c also shows that as the slab width increases,
the peak shear demand decreases, and the distribution of
shear forces around the control perimeter becomes less
uneven, which also favors the development of higher
punching capacities. However, Figure 13c shows that the
ratio m/vd in point B increases considerably by increas-
ing bslab/lload (these numerical results agree with experi-
mental measurements performed by Reißen36 for the
same tests through the instrumentation of the tension
reinforcement in the transverse direction). Therefore, the
increase in the punching capacity will be a function of
the balance between the different resistances and
demands over the control perimeter.

Although the shear resistance decreases at point B as
the slab width increases, another aspect draws attention.
In practice, the predicted shear resistance for these points

in slabs with reduced width may be misinterpreted. This
occurs because the shear flow concentrates on the frontal
and back sides of the control perimeter. Consequently,
the contribution of the lateral sides to the punching
capacity will be limited. In other words, if the transition
between one-way shear and two-way shear is not consid-
ered in the problem, the predicted punching capacity for
tests with a reduced ratio bslab/lload will be unsafe, as it
will be demonstrated in Section 5.1.

3.3 | Influence of the shear slenderness
av/dl for simply supported slabs

In the set of tests S35A-1 (av/dl = 1.9), S35B-1 (av/
dl = 3.1) and S35C-1 (av/dl = 4.4), the main parameter
changed was the shear span av and, hence, the shear
slenderness av/dl (see sketch of the tests in Figure 14a).
In test S35A-1, a shorter span length (3 m) was used com-
pared to other tests, but this parameter was considered
secondary for this analysis.

Figure 14b shows that increasing the shear slender-
ness av/dl from 1.9 to 4.4 changed the governing failure
mechanisms from one-way shear (as non-slender WBs) to
asymmetrical punching shear. A direct strut between the
load and the support was developed when the load was
placed closer to the support (av/dl = 1.9). The straight
shape of the shear crack at failure, without a horizontal
branch crossing the compression chord, indicates that
arching action occurred at failure. Increasing the shear
slenderness to 3.1, a steeper crack develops at the loading
edges, together with a flatter crack between the load and
the support, indicating a mixed mode between one-way
shear and punching. In the test with higher shear
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FIGURE 13 (a) Sketch of points A, B, and C evaluated, respectively; the relation between the slab width to load size ratio bslab/lload and

(b) the unitary shear force per unit length; (c) the ratio m/v�d.
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slenderness (av/dl = 4.4), the cracking pattern shows
asymmetrical punching. Figure 14c shows that the nor-
malized shear force at failure decreased as the shear slen-
derness increased from 1.9 to 3.1, but kept almost
constant when av/dl increased from 3.1 to 4.4. On the
other hand, the measured concentrated load at failure
Ptest increased when av/dl varied from 3.1 to 4.4.

In order to explain the test results, Figure 15 shows
the effect of increasing the slenderness av/dl in the distri-
bution of shear and bending moments of the slabs. In this
example, the following tests from Reißen36 were evalu-
ated: S35A-1* (av/dl = 1.9); S35B-1 (av/dl = 3.1) and
S35C-1 (av/dl = 4.4). In this analysis, the fictitious model

S35A-1* was created and used instead of S35A-1,
changing the span length from 3 to 4 m to allow a fair
comparison with the other tests evaluated (S35B-1 and
S35C-1). The test setup was the same as shown in
Figure 14a.

Figure 15a shows that the maximum unitary shear
forces vx tend to decrease with increasing shear slender-
ness av/dl. The ratio Vx/F (being Vx the total shear force
going in the direction of the close support), in the same
way, also decreases by increasing the shear slenderness.
Calculating the elastic effective shear width beff,el by the
ratio Vx/vx,max, the beff,el tends to increase by increasing
the shear slenderness (as will be shown in Figure 22b).
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FIGURE 14 (a) Sketch of the tests S35A-1, S35B-1 and S35C-1 from Reißen et al.11 (*the test S35A-1 was performed with lspan = 3 m);

(b) Cracking pattern of slabs under concentrated loads close to simple supports from Reiβen et al.11 according to the shear slenderness

λ = av/dl; (c) measured normalized shear force and concentrated load at failure as function of av/dl.
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FIGURE 15 Distribution of internal forces of simply supported slabs (sketch in Figure 14) by varying the shear slenderness av/dl:

(a) unitary shear forces vx along the shear span direction (section A); (b) unitary bending moments mx in along the shear span direction

(section A); (c) unitary bending moments my along the transverse direction (section C).
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At the same time, Figure 15b also shows that the bending
moments over the span direction, mx, increase by increas-
ing the ratio av/dl. Consequently, the unitary shear capac-
ity vR decreases according to the CSCT Equation (14).

Therefore, the sectional one-way shear resistance VR

(in force units) could increase or decrease depending on
combining the effects of the shear slenderness av/dl into
the unitary shear resistance and the calculated effective
shear width (VR = #vR � "beff,el). In practice, the sectional
shear load at failure VR may remain almost the same
after the point at which arching action does not influence
the resisting mechanisms (see Figure 14c), based on test
results from the literature.1,5,11 Looking at the punching

mechanisms, the increase of the bending moments in the
x-direction and y-direction (Figure 15b,c) explains
the decrease of the unitary punching capacities around
the load.

Figure 16 shows how the shear demand and the ratio
m/v�dl change at points A and B according to the shear
slenderness for simply SSs. When the shear span
increases, we observe that the shear demand in point A
tends to decrease until a certain plateau, while the shear
demand in point B increases to a maximum value. There-
fore, increasing the shear slenderness av/dl results in a
less uneven distribution of inner forces around the load
in such a way that higher punching capacities may be
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FIGURE 16 (a) Sketch of points A and B evaluated in x and y-directions, respectively; the relation between the shear slenderness with

(b) the shear force per unit length at points A and B; (c) the ratio m/v�d at points A and B.

FIGURE 17 (a) Test layout; and (b) cracking pattern in cut view of slabs tested by Henze et al.5; and (c) cracking pattern at top and

bottom side of test av = 6d.
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achieved (such as identified in Figure 14c when av/dl
increased from 3.1 to 4.4). On the other hand, the ratio
m/v�dl tends to increase at both points A and B by
increasing the shear slenderness.

In summary, increasing the slenderness has a contro-
versial effect on the one-way shear resistance. While an
increase in bending moments reduces one-way shear
capacity vR, a decrease in peak shear forces around the
load increases the effective shear width beff,el. Conversely,
the punching resistance seems to be more harmed by
increasing the shear slenderness, since the ratio m/v�dl
increases at all sides of the control perimeter.

3.4 | Influence of the shear slenderness
av/dl for cantilever slabs

Figure 17 shows the cracking pattern for some
slabs tested by Henze et al.5 in cut views. The cracking
pattern for loads closer to the support (test av = 1d) is
similar to that of non-slender beams that fail by shear-
compression.38

The test av = 4d from Figure 17b shows a cracking
pattern with rebar delamination typical for slender beams
failing in flexure-shear. In contrast, the test av = 6d pre-
sents a cracking pattern typical of punching failures, but
without large flexure cracks on the tension side (bottom
surface).

Figure 18 investigates the distribution of shear forces
and bending moments of the cantilever slabs tested by
Henze et al.5 According to the load position, av. Two sec-
tions crossing the loaded region are evaluated for each
test (Figure 18a). The bending moments measured on the

LEFEA, mx, are normalized by the maximum values
mmax of each section (Figure 18b,c).

Figure 18a shows that the peak shear forces in the x-
direction decrease as the load distance av increases. Conse-
quently, calculating the effective shear width, someone may
conclude that the effective shear width beff,el would increase
as the shear slenderness increases for cantilever slabs.

Different from cantilever beams, slabs develop sag-
ging bending (tension on the bottom) locally around the
loaded area (Figure 18b), which may lead to a punching
shear failure around the load. Since the bottom reinforce-
ment ratio is usually significantly lower than that placed
at the top side, this moment distribution also favors the
punching failure of cantilever slabs by cracks arising
from the bottom face. However, increasing the distance
from the loaded area to the clamped support decreases
the amplitude of bending moments across the spanning
direction (Figure 18b,c), which means that there is a
smoother variation from the peak hogging moment (ten-
sion on the slab top side) to the peak of sagging moment
(tension on the slab bottom side). Furthermore, the sag-
ging bending close to the loaded area is significantly
lower than that at the clamped support for higher shear
spans (Figure 18b). Therefore, flexural cracks starting at
the bottom face, which could lead to punching failure
mechanisms, hardly occur.10 In test av = 6d from
Henze,5 for instance, these flexural cracks were not iden-
tified in the shear span direction. However, the sagging
moment at the slab width direction (direction y) increases
in magnitude as the shear span av increases, which is
consistent with the cracking pattern observed at the slab
bottom side (Figure 17c). Therefore, the bending
moments in direction y may trigger a punching failure.
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FIGURE 18 Influence of the shear span av on the distribution of (a) shear forces over the span direction, (b) bending moments over the

span direction, and (c) bending moments over the width direction.
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Figure 19a shows how the shear forces at the sections
far of dv/2 from the load face vary with the shear slender-
ness av/dl. Points A and B are placed at the control perime-
ter for punching, while point C is placed at a distance dl/2
from the support edge, which is the usual control
section for one-way shear verifications in cantilever slabs.

Figure 19b shows that the shear forces at the front face
of the load (point A) decreased as the shear slenderness
increased, while the respective shear forces in the transverse
direction (point B) decreased. Therefore, the one-way shear
failure at the front face of the load becomes less critical as
the load distance increases. In literature, it is commonly
assumed that as the ratio m/v�d increases, the unitary one-
way and two-way shear capacities decrease. In this context,
Figure 19b shows that the ratio m/(vd) increases substan-
tially in the transverse direction (point B) as the ratio av/dl
increases, which decreases the punching capacity in the
transverse direction. In the x-direction (point A), the most
complex behavior occurs since the ratio m/(vd) decreases
until approximately the middle span and increases close to
the slab free edge (Figure 19c). Therefore, close to the sup-
port and the slab-free edge, the one-way shear and punch-
ing shear capacity are depreciated, which is also in line
with Setiawan et al.33 when using advanced finite element
analyses.

4 | DATASETS FROM
LITERATURE

This study evaluated the one-way shear and punching
shear capacity of 112 slabs. This database was published

in the public domain,39 and it includes not only reported
information from the references but also input parame-
ters used in the calculations after performing the LEFEA.
The test results evaluated were reported by:
Damasceno,40 Ferreira,41 Ferreira et al.,42 Regan and
Rezai-Jarobi,43 Reißen,36 Oliveira,44 Rombach
and Henze,45 Nat�ario et al.,1,46 Rombach and Latte,47,48

Vida et al.49

In this dataset, different failure mechanisms were
observed: (i) 29 tests failed by punching shear without
any reinforcement yielding (P); (ii) 67 tests failed by one-
way shear as WBs; (iii) 4 tests presented a mixed failure
mechanism between one-way shear and punching shear
(WB + P); and (iv) 12 tests were classified as failing by
punching after some level of reinforcement yielding (F
+ P). With respect to the boundary conditions, 60 tests
were performed on simply SSs; 7 tests with the load close
to the support with slab continuity (CS); and 45 tests with
the load applied on a cantilever slab (CT).

Since CSCT expressions were developed to deal only
with loads far away from discontinuous regions (av/dl
>2.75), tests with lower shear slenderness were kept in
the database only if they were performed within an
experimental program that included test results with av/
dl >2.75 at least. At the end, the dataset evaluated
remained with 81 tests with shear slenderness av/dl >2.75
(72.3%) and 31 test results with av/dl <2.75 (27.7%).

Figure 20a shows that most slabs tested have a thick-
ness lower than 0.6 m, and hence do not take into
account the size effect important for the assessment of
existing solid slab bridges.50 However, these thicknesses
are representative of most reinforced concrete deck girder
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FIGURE 19 (a) Definition of control points A, B, and C used for the evaluation of internal forces; (b) variation of the shear demand per

unit length v/F as a function of the shear slenderness av/dl; (c) variation of the bending-to-shear ratio m/(vd) as a function of the shear
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bridges and transversely prestressed concrete decks.4,51

Figure 20b also shows that more than 85% of the tests
were conducted with slab width bslab higher than five
times the load size in the width direction lload. This is
important because slab strips with very limited width
develop a predominantly one-way shear behavior. How-
ever, Regan and Rezai-Jarobi43 also identified punching
failures for slabs with ratio bslab/lload equal to 3.33, mainly
due to the small slab thickness tested h compared to the
effective depth dl. Figure 20c shows that almost all tests
were conducted on specimens with a ratio of bslab/dl
higher than 5 (98%). The only exceptions were tests 1 and
10 from Regan and Rezai-Jarobi.43 Therefore, most of
these specimens are representative for slabs defined
according to the German52 and Brazilian53 guidelines for
reinforced concrete structures.

The shear slenderness av/dl was calculated for all tests
to identify which ones could be influenced by arching
action. Figure 20d shows that most of the tests (approxi-
mately 72%) were conducted with av/dl >2.75 and hence,
arching action probably did not influence most of the test
results. On the other hand, 28% of the tests may have
developed arching action between the load and the sup-
port1,54 and failed as non-slender beams in one-way
shear. In these cases, and based on previous studies,53,54

we applied a β factor to capture the capacity enhance-
ment when the failure mode changes from flexure-shear
to shear-compression.

Figure 20e shows that the tests evaluated were con-
ducted with usual concrete compressive strengths (high-
strength concretes were not covered in this study).
Besides, Figure 20f shows the longitudinal reinforcement
ratios in the tests are similar to those used on beam-shear
experiments, which means that most tests have ρl >1% to
assure shear failure mechanisms.

5 | RESULTS

5.1 | Predictions according to the ratio
bslab/lload

In order to illustrate the impact of the proposed changes
on the predictions of punching capacity, a set of tests on
which the slab width and, consequently, the ratio bslab/
lload varied from 3.75 to 8.75 (tests S15B-1, S25B-1 and
S35B-1 from Reiβen et al.11) was evaluated. The tests with
bslab/lload equal 3.75 and 6.25 were classified as failing in
one-way shear (WB), while the test with bslab/lload = 8.75
failed in a mixed mode between one-way shear and two-
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FIGURE 20 Distribution of parameters in the database: (a) slab thickness at the support edge (0.10 m ≤ h ≤ 0.28 m), (b) slab width-
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way shear (WB + P). Figure 21a illustrates the notation
used for each side of the control perimeter, depending on
the load position. Figure 21b shows that, without consid-
ering the proposed correction factor βwidth, the contribu-
tion of the lateral sides of the control perimeter tends to
decrease by increasing the ratio bslab/lload due
to increased slab rotation ψ expected for this side based
on the CSCT principles.15 Nevertheless, it draws attention
that the contribution from these sides (VR.y1 = VR.y2) to
the total punching capacity tends to be overestimated for
slabs with reduced slab width and that failed in one-way
shear. In other words, as the shear flow tends to concen-
trate on the frontal and back sides of the control perime-
ter (VR.x1 and VR.x2) when decreasing the slab width, the
contribution from the lateral sides should decrease as
the ratio bslab/lload increases, which is only correctly
represented including the proposed correction factor
(Figure 21b).

Figure 21c compares the tested and predicted resis-
tances using the punching shear expressions with and
without the proposed changes. While the original
approach, without the correction factor, tends to yield
overly unsafe predictions for tests that failed in one-way
shear, the proposed approach allows for improved accu-
racy in those predictions, even though these tests did not
fail by punching. In other words, it can be stated that
considering a correction factor related to the transition
between one-way shear and two-way shear failure mech-
anisms in the punching shear verifications allows for
improving the predictions when the critical failure mech-
anism may be the one-way shear.

5.2 | Predictions according to the shear
slenderness av/dl

Figure 22 evaluates in detail the influence of the shear
slenderness av/dl for the set of test results S35A-1,
S35B-1, and S35C-1 from Reißen et al.,11 on which the
av/dl assumed the values of 1.88, 3.13, and 4.38, respec-
tively. Figure 22 shows that, despite the predicted unitary
one-way shear capacity tending to decrease with increas-
ing shear slenderness, the predicted effective shear width
increases, as explained in Section 3.3, as the peak shear
stresses at the control section tend to decrease by increas-
ing av/dl. Therefore, the predicted shear capacity,
VR,CSCT, may increase or decrease depending on the com-
bination of these parameters, namely vR,shear and beff.

Nevertheless, Figure 22b shows that the presented
approach by Nat�ario et al.1 to predict the one-way shear
capacity allows for representing very well the observed
trends in the test results from Reißen et al.,11 in which the
tested one-way shear capacities decreased when the shear
slenderness increased from 1.88 to 3.13 and shear capacity
decreased when av/dl changed from 3.13 to 4.38. Besides,
Figure 22 shows that combining the tested and predicted
resistances for one-way shear and two-way shear using the
presented approaches allowed for excellent levels of preci-
sion for the SR, with an average value of 1.15 and a coeffi-
cient of variation equal 16.9%. In addition, comparing the
predictions of one-way shear and two-way shear, the gov-
erning failure mechanism was correctly predicted in the
three tests (one-way shear for av/dl = 1.88 and a mixed
mode or two-way shear for av/dl = 3.13 and 4.38).

FIGURE 21 Influence of considering or not the correction factor related to the slab width (βwidth) on the predictions of punching

capacity: (a) notation of the sides in the control perimeter; (b) relation between the predicted contribution VR.y with bslab/lload; and

(c) influence of the ratio bslab/lload on the ratio between tested and predicted punching capacities.
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5.3 | Simply supported slabs: 60 test
results

Figure 23 compares the predictions of one-way shear and
punching shear capacities for 60 simply SSs tested under
a single concentrated load. The results are plotted accord-
ing to the governing failure mechanism (reported in ref-
erences or classified in this study according to previous
publications12) being one-way shear as WBs, punching
shear without reinforcement yielding (P), punching shear
after some level of reinforcement yielding (F + P), and a
mixed failure mechanism between one-way shear and
punching. Figure 23c shows the most conservative SR
given by the maximum value between tested and

predicted resistances for shear and punching shear pre-
dictions (SR = max{Vtest/Vpredicted;Ptest/Ppredicted}).

Figure 23a shows that using the one-way shear
model based on the CSCT combined with LEFEA
allows for accurate and precise predictions of one-way
shear capacity regardless of the failure mode from the
tests (one-way shear or two-way shear). The average
ratio between the tested and predicted one-way shear
capacities was 1.16 with a coefficient of variation of
13.3%. Comparatively, Figure 23b shows the punching
shear predictions provided a higher scatter between
experimental and predicted resistances, with an aver-
age ratio of 1.22 and a coefficient of variation of 21.8%.
Notably, some predictions of punching capacity still

FIGURE 23 Comparison between tested and predicted capacities for simply supported slabs under concentrated loads using (a) one-

way shear expressions, (b) two-way shear expressions and (c) maximum shear strength ratio (SR).

FIGURE 22 Influence of the shear slenderness av/dl on (a) predicted unitary shear capacity vR,CSCT (kN/m) and effective shear width

beff,LEFEA (m); (b) tested and predicted one-way shear capacities according to Section 2.1; and (c) the comparison between tested and

predicted resistances using the proposed approach for one-way shear and two-way shear predictions.
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resulted on the unsafe side when the test results pre-
sented a one-way shear failure mechanism (WB). These
predictions occurred mainly for slabs with a reduced
ratio between slab width and load size. Using the maxi-
mum SR between the one-way and two-way shear
resistance predictions, the predicted resistances are
always conservative (SR >1). The average ratio
between tested and predicted resistances was 1.29 with
a coefficient of variation equal 17.4%. Besides, it was
observed that this approach predicted the shear mecha-
nism in 81.7% of the cases correctly. When the correct
failure mechanism was not predicted, a conservative
prediction of the shear or punching shear capacity
occurred.

Figure 23 also shows interesting insights regarding
the prediction trends. Comparing the predictions
between one-way shear and two-way shear expressions,
someone may realize that the precision level of the
one-way shear approach is less sensitive to the shear slen-
derness av/dl, while the predictions tend to be more con-
servative in the two-way shear expressions by increasing
the shear slenderness. In practice, this can be fact
that the failure is almost always triggered at the frontal
side of the load. Besides that, the unitary shear capacity
in one-way shear and two-way shear is both deprecated
by increasing the shear slenderness. Consequently, the
one-way shear approach (LEFEA + CSCT) may provide
accurate predictions of ultimate capacity even when
punching shear is governing.

5.4 | Cantilever slabs: 45 test results

Most previous studies do not address the punching capac-
ity of cantilever slabs under concentrated loads close to

the support, with the argument that the one-way shear
capacity tends to be the governing failure mode.6,10 How-
ever, some punching failures were observed in cantilever
slabs tested by Henze et al.5 (Figure 17, test av = 6d).
Figure 24c shows that the combination of CSCT expres-
sions for one-way shear with LEFEA allows for accurate
prediction of the one-way shear capacity of the tests. The
mean ratio Vexp/VCSCT is 0.97 with a coefficient of varia-
tion of 12.3%.

These results are consistent with Figure 19b,c,
where it was demonstrated that the one-way shear
mechanisms tend to govern the shear capacity of canti-
lever slabs due to the lower ratio m/vd around the load
compared to close to the support. However, it was iden-
tified that the predictions of one-way shear capacity
become slightly unsafe when the governing failure
mode changes from one-way shear to two-way shear,
increasing the shear slenderness av/dl to values above
4 (Figure 24a). For ratios 0 ≤ av/d ≤ 4, the average
ratio Vtest/Vpredicted was 0.98 (COV = 12.3%), while in
the range of av/d >4, the same average ratio was 0.89
(COV = 9.1%).

Figure 24b shows that the punching shear approach
tends to overestimate the capacity for some tests that
failed in one-way shear as WBs. Because of this, the aver-
age ratio between tested and predicted resistances was
0.95 with a coefficient of variation of 16.8%. However, the
predictions for the tests that failed by punching or a
mixed mode between one-way shear and punching shear
are close to the tested values. For instance, the punching
predictions for the load far from the support (test
av = 6d) deviate only 7% from the experimental value,
which indicates that the punching model provided closer
predictions of the SR for this specimen. Notably, test
av = 5d showed almost the same SR for one-way and

FIGURE 24 Comparison between tested and predicted capacities for cantilever slabs under concentrated loads using (a) one-way shear

expressions, (b) two-way shear expressions and (c) maximum shear strength ratio (SR).
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two-way shear analyses, which indicates that this test
could fail by any shear failure mechanism.

Combining the one-way shear and punching shear
resistance predictions (Figure 24c), the average ratio SR was
1.03 with a coefficient of variation of only 11.9%. Conse-
quently, combining the shear and punching shear predic-
tions increased only slightly the safety margin compared to
using only the one-way shear approach. Regarding the pre-
diction of the governing failure mechanism, the calculations
indicated that the critical failure mechanism was correctly
predicted in only 74.5% of the tests, which is very similar to
the ones achieved for simply SSs.

5.5 | Continuous slabs: 7 test results

Figure 25 compares the tested and predicted resistances
for continuous slabs under concentrated loads using one-
way shear expressions, punching shear expressions, and a
combined prediction. In general, the predictions for one-
way shear and punching shear capacity showed similar
levels of accuracy for this dataset.

The average ratio between tested and predicted resis-
tances was 1.00 (COV = 15.5%) using the one-way shear
expressions and 1.06 (COV = 10.6%) using the punching
shear expressions. These results indicate that in the continu-
ous slabs evaluated, the one-way shear and punching shear
capacities were very close. In fact, in the tests with larger
shear slenderness, some tests started to fail by punching or a
mixed mode between one-way shear and two-way shear.

Comparing the predictions of one-way shear and
punching shear resistance, the governing failure mecha-
nism was correctly predicted in 4/7 cases (approximately
57.1%). This means that, even under more complex bound-
ary conditions, the combination of the LEFEA + CSCT

method allows for predicting well the behavior of continu-
ous slabs under concentrated loads at ultimate limit states.

5.6 | Comparison between the presented
approach and approaches from the
literature

Table 1 shows the comparison between the tested and
predicted resistance using the presented approach, com-
bining LEFEA + CSCT expressions (Section 2), and also
using the expressions from the current EN
1992-1-1:202355 with recommendations from Halvonik
et al.6 regarding the definition of the effective shear width
(more details in Appendix A).

Table 1 shows that the presented approach (LEFEA
+ CSCT) achieves higher accuracy than current
approaches that use only analytical expressions, regard-
less of the boundary conditions. In general, the average
ratio between tested and predicted resistances with the
LEFEA+CSCT method varies between 0.97 and 1.16,
with COVs <15% using the one-way shear expressions.
On the other hand, when using European code expres-
sions, the average ratio Vtest,red/Vpredicted varies between
1.06 and 1.36.

Using the punching shear expressions, the LEFEA
+ CSCT methods also stand out compared to the fully
analytical approach. The average ratio Ptest/Ppredicted var-
ied between 0.95 and 1.22 according to the support condi-
tions in the LEFEA + CSCT method, while the same
ratio varied between 0.97 and 1.30 in the fully analytical
method.

In other words, the fully analytical approach yields
slightly more conservative predictions for most of the
tests. Nevertheless, it shall be highlighted that such

FIGURE 25 Comparison between tested and predicted resistances for continuous slabs under concentrated loads using (a) one-way

shear expressions, (b) two-way shear expressions and (c) maximum shear strength ratio (SR).
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analytical results excel compared to previous publications
on this field that applied the replaced Eurocode expres-
sions combined with other effective shear width expres-
sions56 (on which the effective shear width would
increase indefinitely as the shear span increases). There-
fore, it can be stated that the use of the current EN
1992-1-1:2023 combined with the proposed effective
shear width by Halvonik et al.6 may also provide good
predictions of one-way shear capacity, mainly for a pre-
liminary analysis of large bridge stocks.

6 | DISCUSSION

Most studies related to one-way slabs under concentrated
loads close to the support focused on the assessment by
the combination of one-way shear models with an effec-
tive shear width.1,5,6,11 However, these slabs may also fail
by punching or a transitional failure mode between one-
way shear and two-way shear.2,12,13 Because of this, the
coupling of one-way shear models and two-way shear
models is essential to predict the governing failure
mode10 and reach enhanced levels of safety in design and
assessment. In this study, we observed that, combining
the one-way shear and punching shear expressions with
LEFEA, the correct failure mechanism would be approxi-
mately 81.7% for simply SSs, 74.5% for cantilever slabs,
and 57.1% for continuous slabs. For continuous slabs, the
lower predicted rate could be attributed to the complex
load distribution under these support conditions, which
hampers distinguishing one-way shear from two-way

shear.12,33 Considering the entire database of 112 test
results, the correct failure mechanism was predicted in
86 of 112 tests, for a 76.8% success rate. Nevertheless, it
should be noted that, when the correct failure mecha-
nism was not identified, at least conservative predictions
of capacity occurred.

In the studies that used semi-empirical punching
shear expressions to predict the punching capacity of
slabs under concentrated loads, a higher dispersion
between predicted and experimental results was
found13,56 because the punching capacity is overesti-
mated for slabs that fail as WBs. Herein, this limitation
was partially mitigated in the proposed approach,
LEFEA + CSCT, by applying the correction factor βwidth,
based on the slab width-to-load size ratio (bslab/lload),
which improved predictions of ultimate capacity even
when tests failed due to one-way shear.

Comparing the predictions of one-way shear and
punching shear capacities, we can also realize that the
one-way shear capacity predictions frequently led to
enhanced levels of accuracy, even when the tests failed
by punching, and regardless of the support conditions
(Figures 23–25). In fact, the failure mechanism of one-
way slabs under concentrated loads almost always takes
place locally around the concentrated load on the most
heavily loaded side, regardless of whether the test fails by
one-way shear or punching. Therefore, it is fair to say
that the predicted one-way shear capacity matches the
tested resistance well in most cases when using the one-
way shear expressions. At the same time, this also
explains why it is more difficult to reach the same level

TABLE 1 Comparison between tested and predicted resistances using the one-way shear expressions, punching shear expressions, and

combining both predictions (SR) for the presented approach (LEFEA + CSCT) and the Eurocode 2 expressions.55

Support
condition

Statistics
parameter

Vtest
Vpredicted

Ptest
Ppredicted

SR [�] Vtest,red

Vpredicted

Ptest
Ppredicted

SR [�]

LEFEA
+ CSCT

LEFEA
+ CSCT

LEFEA
+ CSCT

Eurocode
+ Appendix A

Eurocode
+ Appendix A

Eurocode
+ Appendix A

CT (45) AVG 0.97 0.95 1.03 1.06 1.30 1.31

MIN 0.75 0.67 0.82 0.83 0.94 1.01

COV 12.3% 16.8% 11.9% 14.8% 16.8% 16.1%

CS (7) AVG 1.00 1.06 1.09 1.36 0.97 1.36

MIN 0.85 0.92 0.92 1.16 0.79 1.16

COV 15.5% 10.6% 11.9% 12.1% 11.9% 12.1%

SS (60) AVG 1.16 1.22 1.29 1.06 1.15 1.22

MIN 0.83 0.77 0.83 0.76 0.61 0.83

COV 13.3% 21.8% 17.4% 19.3% 20.8% 18.5%

All (112) AVG 1.07 1.10 1.17 1.08 1.20 1.27

MIN 0.75 0.67 0.82 0.76 0.61 0.83

COV 15.6% 23.3% 18.9% 18.2% 20.2% 17.4%
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of accuracy with the punching shear expressions. As the
punching shear expressions assume that the whole con-
trol perimeter contributes to the punching capacity, this
approach tends to overestimate the test resistance when
the slab fails only locally around the load and on one of
the sides for one-way shear. When the tests fail by punch-
ing, on the other hand, the failure mechanism frequently
develops along a larger portion of the control perimeter,
even in asymmetrical punching.

Until now, the assessment of the punching shear
capacity of cantilever slabs has not been frequently dis-
cussed34 and most publications addressed this problem
using only semi-empirical code expressions.34 In this
study, it is shown that CSCT expressions can accurately
predict the resistance of cantilever slabs when they are
critical in punching, as observed in the test results of
Henze et al.5 when the shear slenderness increased to av/
dl ≥5. Besides that, it was shown that, by comparing the
predictions of one-way shear and punching shear for can-
tilever slabs, it was possible to predict the governing fail-
ure mode of most test results at different locations from
the support. However, it was also shown that the occur-
rence of punching failures on cantilever slabs is complex
since the bending moments that develop close to the
loaded area are significantly lower than those at
the support.

It should be noted that, compared to approaches
using non-linear finite element analyses (NLFEA), LEA-
FEA requires a much lower number of input parameters
for the numerical models. Besides that, the numerical
model processing is faster when using shell elements
than when using three-dimensional models to simulate
the slab. In this study, the average ratio between tested
and predicted resistances for the whole database, cover-
ing 112 test results, was 1.07 (COV = 15.6%) for one-way
shear and 1.10 (COV = 23.3%) for punching shear. In a
previous publication from our group,57 the NLFEA was
applied to 13 test results related only to simply SSs, and
the ratio between tested and predicted resistances, in
terms of the concentrated load, reached an average ratio
of 1.07 (COV = 11%). Therefore, the presented approach,
grounded in simplified finite element analyses and a
sound theory to predict shear capacity, achieved an accu-
racy comparable to that of calibrated NLFEA, even when
applied to a significantly bigger database.

In the case of fully analytical predictions, this study
also presents new insights. The first one is the use of the
one-way shear expressions from EN 1992-1-1:202355

combined with the proposed effective shear width by
Halvonik et al.6 may also provide excellent levels of accu-
racy compared to previous publications in this field. In
practice, this may be attributed to the improved expres-
sions for shear capacity in the new code and to the

enhanced effective shear width model. Besides that, the
use of the updated expressions of punching shear capac-
ity from EN 1992-1-1:202355 also provided a reasonable
level of accuracy, comparable to that of the one-way
shear expressions, indicating a close correlation between
one-way and two-way shear resistance expressions in the
current code.

7 | CONCLUSIONS

In this study, the one-way and two-way shear capacities
of one-way slabs under concentrated loads were evalu-
ated using the CSCT expressions and LEFEA. Different
support conditions were addressed, including simply SSs,
cantilever slabs, and continuous slabs. Besides evaluating
the shear and punching shear capacity, the predictions of
the governing failure mechanism were also discussed. At
the end, the following conclusions can be drawn:

• The coupling of the CSCT with LEFEA allows for
predicting the shear and punching capacity of most
one-way slabs under concentrated loads in non-
axis-symmetrical conditions accurately. However, it is
clear that the one-way shear approach provides better
levels of accuracy, even when the test fails due to
punching shear. This occurs because the failure is
almost always triggered locally around the load on the
most heavily loaded side.

• The punching shear capacity approach allows predict-
ing accurately the capacity of the tests that are critical
in punching. Besides, the introduction of the correc-
tion factor βwidth allowed for improving the predictions
of load capacity, even when the tests failed by one-way
shear, by considering the transition between two-way
shear and one-way shear when the slab width
decreases.

• Comparing the predicted loads to cause the one-way
shear failure and punching shear failure, it is possible
to determine the governing failure mechanism of the
tests in more than 70%, regardless of the boundary
conditions of the slabs. When the correct governing
failure mechanism is not predicted, a conservative pre-
diction of ultimate capacity occurs under reasonable
levels.

• The use of fully analytical approaches grounded on the
current EN 1992-1-1:202355 may also provide excellent
levels of accuracy if a proper definition of effective
shear width may be applied, such as the one suggested
by Halvonik et al.6 in one-way shear predictions. Com-
pared to the proposed approach, combining LEFEA
and CSCT expressions, the use of EN 1992-1-1:2023
tends to provide slightly more conservative predictions,
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which will be adequate for preliminary assessment of a
large number of slabs.

Therefore, LEFEA can be employed together with the
CSCT expressions to achieve enhanced levels of accuracy
in the assessments of existing bridge deck slabs. In prac-
tice, the presented approach allows for reaching similar
levels of accuracy to those using non-linear finite element
analyses,57 but without expending significant time in the
calibration of the numerical models.
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APPENDIX A

PROPOSED APPROACH FOR FULLY
ANALYTICAL VERIFICATION WITH EN
1992-1-1:202355

A.1 | One-way shear

In this study, we proposed that the following expression
shall be used to predict the one-way shear capacity for
fully analytical predictions with EN 1992-1-1:202355:

VR,EC23 ¼ τR,c
βshear

� �
�beff ,analytical �d ðA1Þ

Using the average values of material properties and
unitary partial safety factors for the comparison between
tested and predicted resistances, the shear strength τR,c
should be taken as:

τR,c ¼ 0:66
γv

� 100 �ρl � f cm � ddg
d

� �1=3

≥ τR,min ðA2Þ

τR,min ¼ 11
γv

�
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
f cm
f ym

� ddg
d

s
ðA3Þ

where:
γv is the partial factor for shear design; fck is the char-

acteristic concrete cylinder compressive strength; fyd is
the design value of the yield strength, which has been
used to design the flexural reinforcement; d is the

28 DE SOUSA ET AL.

 17517648, 0, D
ow

nloaded from
 https://onlinelibrary.w

iley.com
/doi/10.1002/suco.70546 by T

u D
elft, W

iley O
nline L

ibrary on [12/03/2026]. See the T
erm

s and C
onditions (https://onlinelibrary.w

iley.com
/term

s-and-conditions) on W
iley O

nline L
ibrary for rules of use; O

A
 articles are governed by the applicable C

reative C
om

m
ons L

icense

https://doi.org/10.14359/51715563
https://doi.org/10.14359/51715563
https://doi.org/10.14359/51684407
https://doi.org/10.1680/macr.14.00137
https://doi.org/10.1680/macr.14.00137
https://doi.org/10.1016/j.engstruct.2023.116617
https://doi.org/10.1016/j.engstruct.2023.116617
mailto:alex.dantas@unesp.br
mailto:elantsoght@usfq.edu.ec
mailto:elantsoght@usfq.edu.ec
mailto:asetiaw1@upvnet.upv.es
mailto:mkdebs@sc.usp.br
https://doi.org/10.1002/suco.70546


effective depth of the flexural reinforcement. ddg is a size
parameter describing the failure zone roughness, which
depends on the concrete type and its aggregate proper-
ties, which may be taken as:

ddg ¼
16mmþDlower ≤ 40mm, if fck ≤ 60MPa

16mmþDlower � 60=f ckð Þ2 ≤ 40mm, for f ck >60MPa

�
ðA4Þ

Dlower is the smallest value of the upper sieve size
D in an aggregate for the coarsest fraction of aggregates
in the concrete permitted by the specification of con-
crete52; ρl is the reinforcement ratio for bonded longitudi-
nal reinforcement in the tensile zone due to bending
referred to the nominal concrete area (= Asl /bw � d); Asl

is the effective area of tensile reinforcement at the dis-
tance d beyond the section considered; bw is the width of
the cross-section of linear members.

The effective shear width can be estimated as sug-
gested by Halvonik et al.6 as:

beff ,analytical ¼ min
lloadþ2 � bloadþ2 �avð Þ
lloadþ2 � bloadþ2 �dð Þ

�
ðA5Þ

βshear ¼
av

2:75 �dl ,withdl ≤ av ≤ 2:75dl ðA6Þ

A.2 | Two-way shear

The punching shear capacity, when using the new Euro-
code expressions, can be estimated as:

PR,EC23 ¼ τR,c
βshear

� �
�b0,x1 �dvþ τR,c �b0,x2 �dvþ τR,c

�b0,y1 �dvþ τR,c �b0,y2 �dv

ðA7Þ

On which the shear strength τR.c (in stress units) is
calculated as:

τR,c ¼ 0:6
γv

�kpb � 100 �ρl � f cm � ddg
dv

� �1=3

≤
0:5
γv

ffiffiffiffiffiffiffi
f cm

p
ðA8Þ

where:

ρl ¼ ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ρl,x �ρl,yp ðA9Þ

ρl.x and ρl.y are reinforcement ratios of bonded flex-
ural reinforcement in the x- and y-directions, respec-
tively. ddg is defined as in Equation (A4); kpb is the
punching shear gradient enhancement coefficient that
may be calculated as:

kpb ¼ 3:6

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1� b0

b0,5

s
,with 1≤ kpb ≤ 2:5 ðA10Þ

b0 is the length of the perimeter at the face of the sup-
porting area and b0,5 is the length of the total control
perimeter.
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