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We study the Einstein relation for the diffusivity to mobility ratio (DMR) in quantum wires (QWs)
of III-V, ternary, and quaternary materials in the presence of light waves, whose unperturbed energy
band structures are defined by the three band model of Kane. It has been found, taking n-InAs,
n-InSb, n-Hg,_,Cd,Te, n-In,_,Ga,As,P,_, lattice matched to InP as examples, that the respective
DMRs exhibit decreasing quantum step dependence with the increasing film thickness, decreasing
electron statistics, increasing light intensity and wavelength, with different numerical values. The
nature of the variations is totally band structure dependent and is influenced by the presence of the
different energy band constants. The strong dependence of the DMR on both the light intensity and
the wavelength reflects the direct signature of the light waves which is in contrast as compared to
the corresponding QWs of the said materials in the absence of photoexcitation. The classical
equation of the DMR in the absence of any field has been obtained as a special case of the present
analysis under certain limiting conditions and this is the indirect test of the generalized formalism.
We have suggested an experimental method of determining the DMR in QWs of degenerate
materials having arbitrary dispersion laws and our results find six applications in the field of
quantum effect devices. © 2008 American Institute of Physics. [DOIL: 10.1063/1.2913515]

I. INTRODUCTION devices,’ and the simplest way of analyzing them under de-

generate condition is to use the appropriate Einstein relation

The Einstein relation for the diffusivity (D) to mobility o express the performance of the devices at the device ter-

(w) ratio (DMR) of the carriers in semiconductor devices is  minals and the switching speed in terms of the carrier
known to be very useful,' since the diffusion constant (a concentration.>

quantity often used in device analysis but whose exact ex- It is well-known from the fundamental work of

perimental determination is rather difficult) can be obtained Landsberg” that the Einstein relation for electronic materials
from this ratio by knowing the experimental values of the

mobility. In addition, it is more accurate than any of the
individual relation for the diffusivity or the mobility, which
are the two widely used quantities of carrier transport of
modern nanostructured materials and devices. The classical
value of the DMR is equal to (kzT/e), where kg, T, and e are
the Boltzmann constant, temperature, and the magnitude of
the carrier charge, respectively, which represents the well-
known Einstein relation and is valid for both types of carri-
ers. In this conventional form, it appears that, the DMR in-
creases linearly with 7 being independent of the carrier
concentration. This relation holds only under the condition of
carrier nondegeneracy, although its validity has been errone-
ously suggested for degenerate materials.” The performance
of the electron devices at the device terminals and the speed (a) The ratio increases monotonically with the increasing
of operation of modern switching transistors are significantly electron concentration.

influence by the degree of carrier degeneracy present in these (b) The ratio increases with doping in heavily doped ma-
terials in the presence of band tails.

“Electronic mail: kamakhyaghatak @yahoo.co.in. (c) The nature of variations is significantly influenced by

having degenerate electron concentration is essentially deter-
mined by their respective energy band structures. It has,
therefore, different values in different materials and varies
with the doping, with the magnitude of the reciprocal quan-
tizing magnetic field under magnetic quantization, with the
quantizing electric field as in inversion layers, with the nan-
othickness as in quantum wells (QWs) and QW wires, and
with superlattice period as in the quantum confined superlat-
tices of small gap semiconductors with graded interfaces
having various carrier energy spectra. The nature of these
variations has been extensively investigated in literature ™"
and some of the significant features, which have emerged
from these studies, are the following:
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the energy band constants of various materials having
different band structures.

(d) The ratio oscillates with inverse quantizing magnetic
field due to Shubnikov—de Haas effect.

(e) The ratio increases with the magnitude of the quantiz-
ing electric field in inversion layers

(f)  The ratio exhibits composite oscillations with signifi-
cantly different values in superlattices and also in
quantum confined semiconductors.

The above information has been obtained through theo-
retical analyses and no experimental results are available in
literature in support of the predictions for QWs under pho-
toexcitation. In this paper, the experimental method of deter-
mination of the DMR in QWs for materials having arbitrary
band structures has been suggested and we have studied the
one-dimensional (1D) DMR for QWs of III-V, ternary, and
quaternary compounds in the presence of light waves.

With the advent of molecular beam epitaxy, fine line
lithography, and other experimental techniques, low-
dimensional structures having quantum confinement of one,
two, and three dimensions (such as QWs, wires, and dots)
have attracted much attention not only for their potential in
uncovering new phenomena in nanoscience but also for their
interesting applications in nanotechnology.3 37 In QWs, the
restriction of the motion of the carriers in the two directions
may be viewed as carrier confinement by two infinitely deep
1D square potential wells, leading to quantization (known as
quantum size effect) of the wave vectors along the two di-
rections, allowing 1D electron transport representing new
physical features not exhibited in bulk semiconductors. The
low-dimensional heterostructures based on various materials
are widely investigated because of the enhancement of car-
rier mobility. An enormous range of important applications
for nanoscience in the quantum regime together with a rapid
increase in computing power have generated much interest in
the analysis of nanostructured devices for investigating their
properties.38_41 Examples of such new applications are based
on the different transport properties of ballistic charge carri-
ers which include quantum wires,”” ~ quantum resistors, "’
resonant tunneling diodes and band filters,*** quantum
switches,” quantum sensors,” > quantum logic gz:1tes,54’55
quantum transistors and subtuners,** > heterojunction field-
effect transistors,” high-speed digital networks,” high-
frequency microwave circuits,®! optical modulators,* optical
switching systems,63 and other devices. The III-V materials
are being increasingly used in integrated optoelectronics,(’4
passive filter devices,” distributed feedback lasers and Bragg
reflectors.®®  We  have  used n-Hg,_Cd,Te and
n-In;_,Ga,As P,_, lattice matched to InP as examples of ter-
nary and quaternary compounds, respectively. The
n-Hg;_,Cd,Te is a classic narrow-gap compound and is an
important optoelectronic material because its band gap can
be varied to cover a spectral range from 0.8 to over 30 um
by adjusting the alloy composition.67 The n-Hg;_,Cd,Te
finds extensive applications in infrared detector materials 8
and photovoltaic detector arlrays69 in the 8—12 um wave
bands. The above uses have spurred a Hg,_,Cd, Te technol-
ogy for the production of high mobility single crystals, with
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specially prepared surface layers which is also ideally suit-
able for narrow subband physics because the relevant mate-
rial constants are within the experimental reach.”’ Moreover,
the quaternary compounds also find extensive applications in
optoelectronics, high electron mobility transistors, visible
heterostructure compounds lasers, infrared light emitting di-
odes, lasers for fiber optic systems,71 tandem solar cells,”
avalanche photodetectors,73 long wavelength light sources,
detectors in optical fiber communications,”* and new types of
optical devices that are also made from the quaternary
systems.75

In Sec. IT A, we have formulated the dispersion relation
of the conduction electrons in the presence of light waves of
III-V, ternary, and quaternary materials, whose energy band
structures in the absence of photoexcitation are defined by
the three and two band models of Kane together with the
parabolic energy bands. The expressions for the electron con-
centration and DMR for QWs of the aforementioned materi-
als in the presence and absence of photoexcitation have been
formulated in Secs. II B and II C, respectively. In Secs. II D
and IT E, we have formulated the DMR both in the presence
and absence of light waves for bulk materials of the afore-
mentioned compounds, respectively. In Sec. II F, we have
suggested an experimental method of determining the DMR
in nanomaterials having arbitrary carrier energy spectra in
the present case. In Sec. II G, we have suggested six specific
applications of the results of this paper in the fields of quan-
tum effect devices. The DMR has been numerically investi-
gated by using n-InAs and n-InSb as examples of III-V com-
pounds, n-Hg;_,Cd, Te as an example of ternary compounds,
and n-In;_,Ga,As P,_, lattice matched to InP as an example
of quaternary materials in accordance with the three and the
two band models of Kane together with parabolic energy
bands, respectively, for the purpose of relative comparison
both in the presence and absence of light waves.

Il. THEORETICAL BACKGROUND

A. Formulation of the dispersion relation of the
conduction electrons of llI-V, ternary,

and quaternary materials in the presence of light
waves

The Hamiltonian (I:I) of an electron in the presence of

light wave characterized by the vector potential A can be
written as the following:76

H=[|(p +|e]A)12m] + V(F), (1)

in which p is the momentum operator, V(7) is the crystal
potential, and m is the free electron mass. Equation (1) can
be expressed as

H=Hy,+H' (2)
where Hy=p>/2m+V(7) and

A = MZ B 3)
2m

The perturbed Hamiltonian H' can be written as
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. ifi|e|
A _( )( V), )
2m

where i=+\~1 and p=—ihV. The vector potential (fi) of the
monochromatic light of plane wave can be expressed as

A =AyE, cos(5y - I — wt), (5)

where A, is the amplitude of the light wave, £, is the polar-
ization vector, §0 is the momentum vector of the incident
photon, 7 is the position vector, w is the angular frequency of
hght wave, and 7 is the time scale. The matrix element of

H',; between initial state ¢(7,7) and final state ,(k,7) in
different bands can be written as

oo el
an— <"k|A plig). (6)
By using Egs. (4) and (5), we can rewrite Eq. (6) as

A ifi|e|A -
an—<TO) [(nkle ™07V [1g)e")

+ (k|50 V [1g)et")]. 7)

The first matrix element of Eq. (7) can be written as
R 1= [ D T P

+ f e[i(§+§0‘g)"ju:(l€,;) Vu,(q.F)d’r.
(®)

The functions u:u, and uZ Vu, are periodic. The integral over
all space can be separated into a sum over unit cells times an
integral over a single unit cell. It is assumed that the wave-
length of the electromagnetic wave is sufficiently large so
that if k and ¢ are within the Brillouin zone, (§+5,—k) is not
a reciprocal lattice vector.

Therefore, we can write Eq. (8) as

~ {(zwf
)

SN Y |1g)

}liq_5(67+§0—]€)5n1+ &g+ 50—];)

Xf u:(lg,f) v ul(cf,f)d3r:|
cell

_ [(277)3
¢

Ha(qﬂo R u:(lé,avbt,(qir*)d%}, ©)
cell

where ) is the volume of the wunit cell and
Jul (k. Pufq.Pd’r=8G-k)5,=0, since n#l. The delta
function expresses the conservation of wave vector in the
absorption of light wave and s, is small compared to the
dimension of a typical Brillouin zone, and we set g=k. From
Egs. (8) and (9), we can write
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Sy | | >
H"I‘z_mo - pulk) 8(G - K)cos(wt), (10)

where  p,(k)=—ifi[u’ Vudr=
fore, we can write

fu:(lzf)ﬁul(lzf)d3r There-

. e|A
Hllll_ |2|m0 3 Anl(k) (11)
where £=¢, cos wt.

When a photon interacts with a semiconductor, the car-
riers (i.e., electrons) are generated in the bands which are
followed by the interband transitions. For example, when the
carriers are generated in the valence band, the carriers then
make interband transition to the conduction band. The tran-
sition of the electrons within the same band, i.e., H "o
=<nl€|[§7’ |nlz> is neglected. Because, in such a case, i.e., when
the carriers are generated within the same bands by photons,
they are lost by recombination within the aforementioned
band resulting zero carriers.

Therefore,

(nk|H'|nk)=0. (12)

With n=c stands for conduction band and /=v stands for
valance band, the energy equation for the conduction elec-
tron can approximately be expressed as

elA -
h2k2 (|2| 0) <| pcv(k)|2>av
"= ( ) Y ER-E® ()

where Y(E)=E(aE+1)(bE+1)/(cE+1),a= 1/E,, E, is the
unperturbed band gap, b=1/(E, +A), A is the spin-orbit
splitting constant in the absence of any field, c=1/ (E
+2A/3), and {(|&-p,,(k)|?),, represents the average of the
square of the optical matrix element (OME). For the three
band model of Kane, we can write

é‘:lk = Ec(]g) - Ev(]g) = (Ego + EgOﬁZkZ/mr)l/z’ (14)

where m, is the reduced mass and is given by m'=(m*)"!
+m;1, and m,, is the effective mass of the heavy hole at the
top of the valance band in the absence of any field.
The doubly degenerate wave functions u,(k,7) and
> 21
u,(k,7r) can be expressed as

uy(.7) = a,[(i5) ']+ by, X’\_,EiY,T’ +ewlz'],] (15)
and _ _
uy(k,7) = a;_[(is)1'] - by X,:EYIL’ +e[Z2'1'],
(16)

where s is the s-type atomic orbital in both unprimed and
primed coordinates, |’ indicates the spin-down function in
the primed coordinates,

e = BE ~ (Yo (Eg, — 8)] (Eg + )],
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B=A[6(E, +2A13)(E, +A)) 2,

- 2
X= (6Eg0+ 9EgOA +4A%),

_ [(flk + Ego):|1/2
T T (g o) |

&= E (k) - E, (k) = Ego{l - 2(1 +
m

v g0

o= (EEOA)()()‘l X', Y', and Z' are the p-type atomic orbitals
in the primed coordinates, T’ indicates the spin-up function
in the primed coordinates, b+=pyys, p=(4A%/3x)"?%,
Crx =1Yor+» and

1= [6(E, + 2A/3)%/x]"2.
We can, therefore, write the expression for the OME as

OME = j,,, (k) = (u, (k.7)|plu(k.7). (17)

Since the photon vector has no interaction in the same band
for the study of interband optical transition, we can, there-
fore, write

(SIpIS) = (X|p|X) = (¥|p|Y) =(Z|p|Z) = 0
and
X[plY) = (¥1p|2) = (Zlp|x) = 0.

There are finite interactions between the conduction band
(CB) and the valance band (VB), and we can obtain

slBlxy=i.p=i.p,
s|Blyy=j b=} b,

slBlzy=k-p=i- P,

where i ,f, and k are the unit vectors along the x, y, and z
axes, respectively.
It is well-known that

[T' ] { e cos(02)  €'??sin(6/2)
1] [=e?sin(62) €Y% cos(6/2)

X’
X[T] and | Y’
l

7'
cos fcos ¢ cosfsingd —sinf || X

=| -—-sing cos ¢ 0 Y.
sin fcos ¢ sinfsing cosb || Z

Besides, the spin vector can be written as

S=

0-’

N |

where
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{0 1} {0 —i} {1 o}
o= , o,=| . and o, = .
10 Voo 0 -1

From above, we can write

Devli) = (uy (K, )| Pluy(k,7)

=G@ﬂmu+%HXgY%}ﬂuzu}

xm{adﬁﬁwﬂ—m{(x*ﬁy>y

\r'2
]}

By using above relations, we get

PevR) = uy (6,7)| Pluy (K, 7))

by ay .
= —=[((X" = iY")|PiS)}(1'[1")]
V2
A~ ak bk N
+ e a [(Z'|PliSYL[1)] - :E =[S P|(x’

+iY')><l'|l’>]+ak+ck_(<i5|13|Z'><l’|T’>)- (18)
From Eq. (18), we can write

(X' = i")|PJiS) = (X")| P|iS) - ((iY")|P|iS)

. * A .ok AL
=zqu,PS—f—qu,PluX

= i(X'|P|S) - (Y'|P|S).
From the above relations, for X', X', and X', we get
|X") = cos 0 cos ¢|X) + cos Osin ¢|Y) —sin 6Z).
Thus,
(X'|P|S) = cos Ocos ¢(X|P|S) + cos 8sin ¢(Y|P|S)
—sin &(Z|P|S) = PF,,
where
P = i cos 6 cos ¢+ ] cos sin ¢—I€sin 0,
|Y") = - sin ¢|X) + cos ¢|Y) +0|Z).
Thus,
(Y'|P|S) = — sin (X|P|S) + cos ¢(Y|P|S) + 0(Z| P|S)
= Pfy,
where
fzz—fsin b+ cos b,
so that
(" = iY")|PS) = P(if, = 7).
Thus,
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ai_by . a; by, .
5 (X = OIPISXIIT) = == PR = AXTITY).
(19)
Now since,
SIPI(X" +iY") = iSIPIX") = (SIP|Y") = P(if, = ),
we can write
ay by A
- { ;5 ~[GS|PI(X" + iY’))(l’ll')]}
ap by,
=- [:—EP%—@)@'M. (20)
Similarly, we get
|Z') = sin O cos ¢|X) + sin Osin P|Y) + cos 6|Z),
so that
(Z'|Plisy=i(Z'|PIS)
= iP{sin 0 cos i + sin Osin @] + cos Ok}
=Py,
where
f3=fsin 6 cos ¢+ j sin 6sin ¢+I€cos 0.
Thus,
e, ax (Z'|PliSYU[17) = ¢ ay iPF(L'[17). (21)
Similarly, we can write
e ay GSIP|Z' XL [17) = cp_ay iPF(L'[T7). (22)

Therefore, we obtain

@ by - ay by .
;—5+[<(X’ —iY")|P[SY(1'[1")] - \5 “[(iS|P|(X" +iY"))
X(L'[L]
ﬁ “A A
= E(_ ak+bk_<l,|l'>+ak_bk+<T|T'>)(lr1 — 7). (23)

Also, we can write
e, a (Z'|PliSYL'|1") + ci_ay GS|P|Z/)(L'[17)
=iP(cy,a_+crar )AL |LN)]. (24)

By combining Egs. (23) and (24), we find
I
Pevlk) = == (i) = P)[(br,ar X111 = (by_a )(1'[11)]
V2

+iPiy(cp ar— e ar )(L'T7). (25)

From the above relations, we obtain
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1" =e7 2 cos(02)] + e'?? sin(0/2) |,

(26)
1" =—¢e 2 5in(6/2)1 + €'?? cos(6/2) | .

Therefore,

(L'[17), == sin(6/2)cos(612)(T 1) + e cos*(012)(L 1),
— ' sin?(012)(T|1), + sin(6/2)cos(02)(| |1 ),
(27)

However, we know from above that

1 1
<T|T>x=0, <i|T>=5, <l|T>x=E

Thus, from Eq. (27), we get

and (|]1),=0.

A= %[e""f’ cos?(0/2) — ¢'® sin*(6/2)]
= %[(cos ¢ — i sin ¢p)cos>(0/2) — (cos ¢
+1isin ¢)sin?(6/2)] = %[cos ¢ cos O—isin ¢@].

(28)

Similarly, we obtain
1 .
A"y = E[i cos ¢+ sin ¢ cos 6]

and (|'|1"),= %[— sin 6].
Therefore,
LIy =L e+ T+ R,

= %[(cos 0 cos ¢ — i sin ¢)f+ (i cos ¢

A A~ 1 ~
+sin ¢ cos 6)j — sin k] = 5{[(005 0 cos )i
+ (sin ¢ cos 6)] — sin k] + i[ i sin b
. 1_. . | R
+j COS ¢]}= 5[}’1 + ir2] = - El[lrl - l"z].
Similarly, we can write

1 . o A 1
a1y = E[i sin @ cos ¢+ j sin @sin ¢ + k cos 0]=5P3

1
and <l’|l'>=—5f3.

By using the above results and following Eq. (25), we can
write
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PRGE \%(ffl — P b )T = (i U1

+ iﬁfS[(CkJraIQ - Ckiak+)<l,|T,>]

f’ (7 = 7)) (ak_bk+ bk_ak+)
=—nrlr —r =+ =
g 32 V2 V2

P
+ Er3(”’1 - rz)[(ckﬂk_ + Ck_ak+)]~
Thus,
SN D LYV T Y
= — _ = + - + .
Pcv 2 3\Ury = ry)| dg, \5 Cr_ | +ai_ \5 Ck,

(29)
We can write that
|71 = 7| =173 =1
also 13f3 = I3x sin 6 cos ¢f + 13), sin @sin @]
+ f’z cos 012,

where

P=(S|PJX) = (S|P[y) = (5|F|2),
<S|ﬁ|X> = f uZ(O,F)ISuvx(O,F)d3r= ﬁcvx(o),

(S|P|Y) = Peyy(0)  and (S|P|Z) = Py 0).
Thus,

ﬁ: ﬁcvx(o) = ﬁcvy(o) = ﬁcvz(o) = ﬁcv(o),
where

Peu(0) = f u*(0.7) Puy(0.7)d’r = P

For a plane polarized light wave, we have the polarization

vertor 5S=l€, when the light wave vertor is traveling along the
z axis. Therefore, for a plane polarized light wave, we have

considered &,=£.
Then, from Eq. (29),

A

o P
[ pev(k)]=k- 573(””1 - )[A(k) + B(k)]cos wr  (30)
and
. by
AK)=ap | F+¢i |,
-\ 2 .
(31)
. by
B(k) = a, @ + e |-

Thus,
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2

|6 pooRP = [ k+ = 75| |iF, = [A(K) + B(R) ] cos® wr

P
2

1, - -
= Z|PZ cos O’[A(k) + B(k)]? cos® wt.  (32)

So, the average value of |&- [36.1}(l€)|2 for a plane polarized
light wave is given by

(|€ * Pop(O)]P)ay
2 . . R 21 T 1
=—|P | [A(k) +B(k)]2(J dqu cos? @sin 0d0)(—)
4 0 0 2
= ZZ1p PLAD + BOP, (3)
where
D |2 _ l) 7.a 2
p=( 1), 0
and

m? Eg(Eq + 1)

kp.(0)= .

|k Py (0)] am 5
Eg+—A
03

(34)

We shall express A(k) and B(E) in terms of constants of the
energy spectra in the following way: By substituting a; ,

b, ¢, and Yy, in A(k) and B(k) in Eq. (31), we get

- Ego
(W(—)[(—a)f
E, - s\ 1”2
_ %kjék_(—Ego " 5,)] : (35)
- Eg0
B(k)=,8<t+ %)[(—Egﬁ 5,)72%_
E —s\ "2
- 720k+73k_(g0—)] , (36)

Ego +6
in which

¢v—E 1 E, +6
Elk—g? -1 1= % - and 'yék
o2&+ ) 2 STRE -

§1k+Eg0 ll (Ego—a’):|
=y .
20+ 0') 2 En+ o

By substituting x=§&,;,+ 6" in yzo,u, we can write

Yor
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E 1( E +5’>
e P 80 80
AR =Bl 1+ = ~{1-
(k) ’8< \E>[<Eg0+5’>2 X
1By (1_Ego+5')
4 Eg+5' X
0

Ego _ 5/ 1/2
X1+ .
X
Thus,

~ B P) 2ay ap [
Alk)==lt+—=1-—+— ,
() 2 \5 x  x?

where

Ghatak et al.

ap = (E§0 + ) (E, +8)" and ay = (E, - &),

After tedious algebra, one can show that

N 1

1 12 1 (Eg0+ 5’) 12
E,+68 | | Eu+d  (Ey - 5)?

(37)

Similarly, from Eq. (36), we can write

. [ [ E 1( E —5’)
_ P % |2 80
B(k)_ﬁ(t+ E) (Ego+ 5’>2 t X

N L

1 Eg— & ( Ego+5')
- - 1=
4 Eg+6’ X
0

( Eg0—5’>]“2
X\ 1+ .
X

So that finally, we get

> _E P ( Eg()_(S,)
B(k) = 2<t+ \5) 1+ 610 ) (38)

By using Egs. (33), (34), (37), and (38), we can write
(lele>2<lé-ﬁw<E>|2>av
2m Ec(lg) - Eu(lg)

elAy\22m, - 2 e |
=<"—°) llk-ﬁcv(mlzﬁ—(m%) —
2m 3 4 \/2 glk

Ego—é'
Xy |1+ -+ (Eg —9')
STREY 0

1 1 172
X / - 4
§u+d E,+0

. E +8 2|2
X ' : )2
fu+d  (Eg—0)

(39)

By following the work of Nag,77 it can be shown that
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0=, 53
27 e, 8

where [ is the light intensity of wavelength A and c is the
velocity of light. Thus, the simplified electron energy spec-
trum in III-V, ternary, and quaternary materials up to the
second order in the presence of light waves can approxi-
mately be written as

272

hk
7 :BO(E9)\)9 (41)
mC

(40)

where
Bo(EN) = [NE) - 0,(E,N)],
6y(E,\)

_ |e|2 IN? Ego(Ego +4) B_z

= 377
96m,71'c \’gscgo(

2 4
E, +—A)
03

( p)z 1 (1 Eg0—5r> s
7)) w® |\ amas) T Eam )

1 1 12
>< ' - 4
$o(E)+ 8" Eg +6
v 22
" 1 _ E, + 0
G(E)+ 8 (Eg=8') ’

and

% 1/2
¢0(E)EEg0ll+2<l+m_)@1 c

m, 80

Thus, under the limiting condition of k—s 0, from Eq. (41),
we observe that £ # 0 and is positive. Therefore, in the pres-
ence of external light waves, the energy of the electron does
not tend to zero when k— 0, whereas for the unperturbed
three band model of Kane, I(E)=[#%*/(2m*)], in which E
—0 for k—0. As the conduction band is taken as the refer-
ence level of energy, therefore, the lowest positive value of E
for k— 0 provides the increased band gap (AE ) of the semi-
conductor due to photon excitation. The values of the in-
creased band gap can be obtained by computer iteration pro-
cesses for various values of / and A.

1. Special Cases

(1) For the two band model of Kane, we have A — 0. Under
this condition, Y(E)— E(1+aE)=#%*/2m*. Since 3
—1,t—1, p—0, and & —0 for A—0, from Eq. (41),
we can write the energy spectrum of III-V, ternary, and
quaternary materials in the presence of external photo-
excitation whose unperturbed conduction electrons obey
the two band model of Kane as
ﬁZ 2

— =wy(E,\), (42)

2m,

c

where
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wo(E,N) = E(1 + aE) — By(E,\),

25,2
lePINE, | { . B, 1
3847cm,\e,.e0 b1 (E) #\(E)

n, n.
Ymax  “max

\,'%
Nip(E,\) = (j) > 2 BAENIBEN)

ny=l n=1

By(E,\) = - ¢(n,.n,)I"*H(E-E,), (48)

5 where the prime indicates the differentiation of the differen-
[ 1 1 } tiable functions with respect to E,
80 ’

e (PR
Hnd = \a,) F\a) )

¢1(E) Ego
and H is the Heaviside step function. By combining Eq. (48)
with the Fermi Dirac occupation probability factor, the 1D

* 12
m
ak(1 +aE)] .

r

&(E) = Ego[l +

(2) In the case of relatively wide band gap semiconductors,  ¢lectron concentrations (1) can, thus, be written as
we can write a—0, b—0, ¢c—0, and Y(E)— E. Thus,
from Eq. (42), we can find 2y 2m "Ymax "
nlD = h (EF9n nZ’)\) + T2(EFan nz,)\)]
5202 m ny=1 n=1
— =po(E,\ 43 ’
m, = po(E,N), (43) (49)
where T\(Ep,n,,n,,N)=[By(Er,\)—d(n,,n)]"% Ep is the
(EN) = |e|2IN? - 2m* . -3 Fermi energy in the present case, T5(Eg,n,,n.\)
P S . m )¢ : =30Z,T\(Ep.n,.n.,\), Z,=2(kgT)* (1
: —21= 2’)g"(Zr)&zr/ &E%’, {(2r) is the zeta function of order 2r
(44) and r is the set of positive integers whose upper limit is SO
The use of Egs. (49) and (45) leads to the expression of the
1D DMR in this case as
B. Formulatiqn of the Eil?stein relation in the D 1 EZ{:aleZZ:alx[Tl(EF,ny,nZ,)\) +T5(Ep,ny.n,,\)]
presence of light waves in QWs of llI-V, ternary, — == nv nz .
and quaternary materials Mo e X S [ T (Ep,ny,n,,\) + Ty(Ep,ny,n;,\)]
y z :
The DMR can, in general,5 be written as (50)
D 1 [ oN\! (i) By using Eq. (42), the expressions for the 1D disper-
—=-N|—| , (45) sion relation, the subband energies, the DOS function,
K¢ \Ep and the electron concentration for QWs of III-V, ter-
B nary, and quaternary materials, whose unperturbed
where N is the electron concentration and Ej is the Fermi band structure is defined by the two band model of
energy. It appears then that the formulation of the DMR re- Kane, can, respectively, be written in the presence of
quires an expression of electron statistics, which, in turn, is photoexcitation as
determined by the density-of-states DOS function. 5o
(1) The 1D electron energy spectrum in QWs of III-V, 2mx =[wy(E,N) = ¢(ny,n,)], (51

ternary, and quaternary materials, whose unperturbed

band structure is defined by the three band model of

Kane, in the presence of light waves can be expressed wo(E,N) = plny,n,), (52)
from Eq. (41) as

n
max  “m;

ﬁzkﬁ_ h? W (nm)? Nip(EN) = ( )2 > wi(E N[ wo(E,N)
2m BoEN) - { mc<_2_) +2mc< d )}’ (46) Th Lt st

y 4

- ¢(ny’nz)]_”2H(E - En) > (53)
where n,(=1,2,3,...) and n,(=1,2,3,...) are the size quan-
tum numbers along the y and z directions, while dy and d, are n.
th thick long th d z directi tively. 2 \2m, &
e nanothickness along the y and z directions respectively 2 2 [T3(EF9nv’nz7)\)

The subband energies (E,) can be expressed as D=L n=l n=1
ﬁ2 hZ + T4(EF,I1 n, )\)] (54)
Bo(E,\) = —(nyﬁ'/dy)2+—(nzﬁ'/dz)2 ) (47)
2m, 2m, where
The 1D DOS function [N,,(E,\)] is given by Ty(Epny.n, N) = [wy(EpN) — ¢(n,,n,)]"2,
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S0

2 Z TS(EF7n\7 Z’)\)

r=1

T4(EF7 }’ly, I’lz, )\)

The use of Egs. (54) and (45) leads to the expression of the
DMR in this case as

n n,
p 1225 (Epny.n,

pooeS s
n. =
X

s )\) + T4(EF’ ny’ nz, )\)]

Zi:"]x[T’;(EF’ nysny)\) + T!‘(Ep,ny,l’lz, )\)] .

(55)

(ili) By using Eq. (43), the expressions for the 1D disper-
sion relation, the subband energies, the DOS function,
and the electron concentration for QWs of III-V, ter-
nary, and quaternary materials, whose unperturbed
band structure is defined by the parabolic energy
bands, can, respectively, be written in the presence of
photoexcitation as

2,2
2 + = [pO(Ea)\) - ¢(ny9nz)]3 (56)
m,.
pO(Em)\) = d)(ny’nz)’ (57)
!f2_ nymmx nzmax
V2m, ,
Nip(E\) = ( — ) > 2 pHENpo(EN)
n).=1 nz=1
- ¢(n,,n,)]""*H(E-E,), (58)
2\ 2m vmax n”mdx
nip= > [T5(Ep.ny.n,\) + To(Ep,ny,n,\)],
7Tﬁ ny, =1 n =1
(59)
where

TS(EF’ny,nZ’)\) = [pO(EF9)\) - d)(nysnz)]l/zs

S0

)\) = E ZV’TS(EFJ/l}v Z’)\)

r=1

To(Ep,ny,n,

The use of Egs. (54) and (45) leads to the expression of the
DMR in this case as

p 13 N) + To(Ep.ny,n\)]

LS ey
n).=l

EIIZZ‘IX[TS (EF, f’ly, n,

w2 T5(Epny.nz,N) + Te(Epny.n ,\)]

(60)

C. Formulation of the Einstein relation in the absence
of light waves in QWs of IlI-V, ternary,
and quaternary materials

(1) The expressions for the 1D dispersion relation, the
subband energies, the DOS function, and the electron
concentration for QWs of III-V, ternary, and quater-
nary materials, whose unperturbed band structure is
defined by the three band model of Kane, can, respec-
tively, be written in the absence of photoexcitation as

J. Appl. Phys. 103, 094314 (2008)

2k
S =) = gln,om) (61)
y(En) = ¢(ny9nz)’ (62)
P \ " "
Nin(E) = ( : ﬂ;‘) > 3 Y B
ny=1 n=1
- ¢(n,,n,)]""*"H(E-E,), (63)
2\ 2m max n “max
nip= 7Tﬁ E 2 [T7(EF ,I’ly,l’l ) + TS(EF n )]

ny =1 n=1
(64)

where E Fy is the Fermi energy in the presence of size quan-
tization as measured from the edge of the conduction band in
the vertically upward direction in the absence of external
photoexcitation, T7(E,,ny,n;) =[YEg )~ $(ny,,n;)]'"?, and
Tg(EF0 ny,n) =207, T7(EF My, 1), The use of Egs. (64)
and (45) leads to the expression of the DMR in this case as

D 1 2:":21X22121X[T7(EF0’”'V’ nz) + TS(EF()’ny,nz)]

Som e : . (65)
Mmoo Eniiﬁxznizalx[T7(EFO’ny’nz) + T8(EFO,ny,nz)]

(ii)  The expressions for the 1D dispersion relation, the
subband energies, the DOS function, and the electron
concentration for QWs of III-V, ternary, and quater-
nary materials, whose unperturbed band structure is
defined by the two band model of Kane, can, respec-
tively, be written in the absence of photoexcitation as

2,2
E(1 +aE) = ¢p(ny,n) + —, (66)
2m,
E,(1+akE,) = ¢(ny,n,), (67)
N,p(E)= V2 2" i“ 1 +2aE]E(1 + aE)
- d)(ny;nz)]l/ZH(E -E,), (68)
2 2 ey T < " 3
np=—""— " v2memhy! 2 > {(1 + EabO>F—l/2(77n)
n=1 n=l \’ao
3
+ ZakBTFI/Z(nn):| > (69)

where ag=[1+ad(n,,n,)], by= ¢(ny,n )[1+a¢(ny,nz)]‘1
1,=(Ep,—bo)/kgT, and F,(7,) is one-parameter Fermi-
Dirac 1ntegral of order ¢, Wthh can be written as’

1 o]
F,O(nn)=[r(to )] f Yol +ev ")y, y>-1,

(70)

where I'(¢5+1) is the complete gamma function, or for all ¢,
analytically continued as a complex contour integral around
the negative axis,
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(0+)
Fi(m,) =4, f Y[l +exp(=y -] "'dy,

J. Appl. Phys. 103, 094314 (2008)

(71)

in which AtozI‘(—tO)/2Tr\e’Tl. The use of Egs. (69) and (45) leads to the expression of the DMR in this case as

n, n
Ymax Fmax |

kBT n, y=ln=1 Nag

3 3
DYDY /__|:(1 + EabO)F—lQ(”]n) + ZakBTFl/2(7]n):|

*® |10

ny -,
€ Vmax ‘max

ny, lnm IVCZO

(iii) Under the condition of a—0 as parabolic energy
bands, the expressions for the 1D dispersion relation,
the subband energies, the DOS function, the electron
concentration, and the DMR can be written as

2,2
ol (73)
E,= ¢(ny,n,), (74)
N E %l
ID( ) ﬂ'h 1y, ln 1 ’
(75)
*
2\’2m ﬂ_k m\x max
np=———— 2 [F_12(m,)], (76)
1y =1 n,= 1
D kBTEn “_“1‘2 “‘“‘[F 12(7,)] )

M e 2 quz max[F 3/2(7]n)]

D. Formulation of the Einstein relation in the
presence of light waves in bulk specimens of IlI-V,
ternary,

and quaternary materials

(1) By using Eq. (41), the DOS function for III-V, ternary,
and quaternary materials in the absence of size quan-
tization and in the presence of light waves whose un-
perturbed conduction electrons obey the three band
model of Kane can be expressed as

2m. 3/2 —
DO(E)=47T< th> VBA(EN)By(EN). (78)

By combining Eq. (78) with the Fermi-Dirac occupation
probability factor and by using the generalized Sommerfeld’s
lemma,’® the electron concentration (ny) can be written as

om 3/2
"0=(3ﬂ2)_1< ﬁ26> [M(Epp,\) + N{(Epp, M), (79)

where MI(EFB,)\)E[ﬂo(EFB,)\):PQ, N](EFB,)\)
=3%,Z,M(Epg,\), and Epp is the Fermi energy as mea-
sured from the edge of the conduction band in the vertically

3 3 '
3 3 ?[ (1 + Eab0>F—3/2(77n) + ZakBTF—l/Z(nn):|

(72)

upward direction in the absence of size quantization and in
the presence of photoexcitation. By using the Egs. (79) and
(45), we get

D _1[M(Ep\) +Ni(EppN)]
M e[M;(EFB’)\)-'-N;(EFBa)\)]‘

(80)

(ii)  The expressions of ny and DMR for III-V, ternary, and
quaternary materials in the presence of light waves
whose unperturbed conduction electrons obey the two
band model of Kane can be expressed as

m.\32
ny=@3m)" ( thc> [M5(Erp.\) + Ny(Epg,N)] (81)

and

D 1[My(Egp.\) + Ny(Epp,N)]
w e[My(Epg,\) + Ny(Epp,\)]

(82)

where

My(Egg,N) = [wo(Epg, NI, Ny(Epp,\)

50

= D ZMy(Epg\N).

r=1

(iii) The expressions of n;, and DMR for III-V, ternary,
and quaternary materials in the presence of light
waves whose unperturbed conduction electrons obey
the parabolic energy bands can be expressed as

m. \32
”0—(3772) ( h;) [M3(Epp.\) + N3(Epg,N)] (83)
and

D 1[Ms(Epp.\) + N3(Epp.M]
w e[Mi(Epp\) + Ny(Epg, N1

(84)
where

M5(Epp.N) = [po(EFp. )\)]3/2,

50
Na(Epg,\) = X ZM3(Epg,\).
r=1
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E. Formulation of the Einstein relation in the absence
of light waves in bulk specimens of lll-V, ternary,
and quaternary materials

(1) In the absence of external photoexcitations, the ex-
pressions of the ny and the DMR in accordance with
the three band model of Kane assume the forms

2m
hZ

32
no=(3772)_1< C) (M 4(Epgo) + N4(Eppo) ], (85)

D_ 1 [My(Eppo) + Ny(Eppo)]
p e [My(Eppo) + Ny(Epgo)]’

(86)

where M,(Ergo) =[Y(Erpo) %, Epp is the Fermi energy as

measured from the edge of the conduction band in the verti-

cally upward direction in the absence of any field, and

N4(EFBO)=Eigler4(EFBO)-

(i1)  In accordance with the two band model of Kane, the
corresponding expressions of the n, and DMR are
given by

2m,
h2

32
ny= (377'2)_1( ) [Ms(Eppo) + Ns(Erpo)], (87)

and

2 _ l [M5(Erpo) + Ns(Epp) ]
p e [M5(Eppo) + N5(Epgo)]’

(88)

where  Ms(Eppy) =[Eppo(1+aEpg)]’*  and

=20,Z,M5(Eppo)-

(iii)  Under the constraints A>a~! or A<a~! together with
the condition of aEggy<<1, Egs. (87) and (88) assume

Ns(Ergo)

the forms
15ak
”0=Nc{F1/2(77)+ (TBT>F3/2(77)} (89)
and

150kyT

2=[kLT] [F1/2(7])+<—4 >F3/2(77)] 0
15ak ’

# ¢ {F—l/z(ﬂ) + ( 0; BT>F1/2(7/)J

where No=2(2am kzT/h*)*? and 5p=Epgy/kgT.
(iv)  For relatively wide gap materials a — 0 and from Egs.
(89) and (90), we can write”*

ny=N.Fy,(n) (91)
and

l—)= M)[Fl/z(ﬂ)] 92

M ( e F_ip(7m) . 2)

Under the condition of carrier nondegeneracy, Eq. (92) gets
simplified into the classical equation of the DMR as given in
the Introduction.

J. Appl. Phys. 103, 094314 (2008)

F. Suggestion for the experimental determination of
the Einstein relation in materials having
arbitrary dispersion laws

It is well-known that the thermoelectric power of the
electrons in materials in the presence of a very large mag-
netic field is independent of the scattering mechanism and is
determined only by the dispersion law.®" The magnitude of
the thermoelectric power G in the present case can be ex-
pressed as™

_ V(T z _ %
= eTN{ fo (E EF)R(E)< aE)dE], (93)

where R(E) is the total number of states and f, is the Fermi—
Dirac occupation probability factor. By following the work
of Tsidilkovski,81 Eq. (93) can be written under the condition
of carrier degeneracy as

G- (—ﬂz"éT) <ﬂ> (94)
3eN aE‘F

The use of Egs. (94) and (45) leads to the result
D 2 2
— = (7kzTI3Ge?). (95)
m

Thus, the DMR for degenerate materials can be determined
by knowing the experimental values of G.

The suggestion for the experimental determination of the
DMR for degenerate materials having arbitrary dispersion
laws as given by Eq. (95) does not contain any band param-
eters. For a constant temperature, the DMR inversely varies
as G. Only the experimental values of G for any material as
a function of electron concentration will generate the experi-
mental values of the DMR for that range of N for that mate-
rial. Since G decreases with increasing N, from Eq. (95), we
can conclude that the DMR will increase with increasing N.
This statement provides a compatibility test of our theoreti-
cal analysis. Equation (95) provides an experimental check
of the DMR and also a technique for probing the band struc-
tures of materials having arbitrary band structures.

G. Six applications of the results of this paper in the
field of quantum effect devices in general

(1) The carrier contribution to the elastic constants is very
important in studying the mechanical properties of the
nanomaterials and has been relatively been less inves-
tigated in the literature.*” The electronic contribution
to the second- and third-order elastic constants can be

written as®>%?
aé ON
ACy=-—— (96)
9
JEp

and
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3
a PN
ACys6= Q;Tz’ 97)
JE2

where « is the deformation potential constant. Thus, by us-
ing Egs. (94), (96), and (97), we can write

ACu=[- NageG/(37k3T)] (98)

and

(99)

AC456 = (NeCYOGz/(S 7T4kBT))( G 3]\/)

Thus, the experimental graph of G versus N allows us to
experimentally determine the electronic contribution to the
elastic constants for nanomaterials having arbitrary disper-
sion laws.

(ii))  The effective mass of the carriers in materials, being
connected with the mobility, is known to be one of the
most important quantity used for the analysis of the
nanodevices under different physical conditions.® Tt
must be noted that among the various definitions of
the effective electron mass,85 it is the momentum ef-
fective mass that should be regarded as the basic
quantity.86 This is due to the fact that it is this mass
which appears in the description of transport phenom-
ena and all other properties of the conduction elec-
trons in a band with arbitrary band nonparabolicity.86
It can be shown that it is the momentum effective
mass which enters in various transport coefficients
and plays the most dominant role in explaining the
experimental results of different scattering
mechanisms.®”*® The carrier degeneracy in semicon-
ductors influences the effective mass when it is energy
dependent.89 Under degenerate conditions, only the
electrons at the Fermi surface of n-type semiconduc-
tors participate in the conduction process and, hence,
the effective momentum mass (EMM) of the electrons
corresponding to the Fermi level would be of interest
in electron transport under such conditions. The Fermi
energy is again determined by the carrier energy spec-
trum and the carrier concentration and, therefore,
these two features would determine the dependence of
the EMM in degenerate materials under the degree of
carrier degeneracy. The expression of the EMM in the
ith direction is given by

. ) ( 8ki0)
m, (Ep)=t kio E

where i,=x, y, and z. Thus, by combining Eq. (100) with

Eqgs. (41)-(43), (46), (51), (56), (61), (66), and (73), we can

obtain the expressions of the EMMs in QWs of III-V, ter-

nary, and quaternary materials both in the presence and ab-
sence of photoexcitation. The detailed investigation of the

EMMs will uncover new physics in this context.

(ili)  The photoemission from nanostructures has been ex-
tensively investigated due to its importance in reveal-
ing many optical properties in the realm of nano-
science and technology,go although the photoemission
from the 1D systems has yet to be investigated. The

: (100)

E=Ej

J. Appl. Phys. 103, 094314 (2008)

generalized expression of the photoemitted current
from the 1D structures as discussed in this paper can
be written as

ekBT Em E{ [EF—(EH+W—hv)H (101)

m, =1 n=1 kBT

where W is the work function and hv is the incident photon

energy along the direction of the free motion of the electron.

From Eq. (101), we can observe that this generalized relation

is valid for any 1D system where E, is the only band struc-

ture dependent quantity.

(iv)  The normalized diffusion coefficient of the minority
carriers in quantum wire lasers can be expressed4 as

Di/D0=dEF/dEFBO’ (102)

where D; and D, are the diffusion coefficients of the minority
carriers both in the presence and absence of quantum con-
finements. Thus, our present study plays an important role in
determining the diffusion coefficients of the minority carriers
of quantum confined lasers with materials having arbitrary
band structures.

(v)  The nonlinear response from the optical excitation of

the free carriers (7,) is given by’®

_ - fw( &k)‘lfN (E)IE
po_d),dzwzﬁz . YO oV1p

From the band structure, we can formulate the term

(k.0k./ JE), and by using the DOS function as formulated,

we can study p, for all types of materials as considered in

this paper.

(vi)  The third-order nonlinear optical susceptibility can be
written as’

(103)

”1D€4<84>

Xnp(@), 0y, 03) = (104)

240 0y03d,d (0 + 0y + ;)"
where np(e*)=[7% E| (*E/ k)N, p(E)fodE and the other nota-
tions are defined in Ref. 84. The term (J*E/ &k4) can be for-
mulated by using the band structure of different materials as
given in this paper together with the fact that the respective
DOS function has also been derived. Therefore, we can study
the xyp(w;,w,,w;) for all materials as considered in this

paper.

Thus, we can summarize the whole theoretical back-
ground in the following way. In this paper, we have investi-
gated the 1D DMR in QWs of III-V, ternary, and quaternary
materials in the presence of photoexcitation on the basis of a
newly formulated electron dispersion laws whose unper-
turbed conduction electrons obey the three band model of
Kane. Under certain special conditions, we have also ob-
tained the special results for materials whose unperturbed
electron energy spectra are defined by the two band model of
Kane and that of the parabolic energy bands. We have also
investigated the DMR both in the presence and absence of
photoexcitation in bulk specimens of the aforementioned ma-
terials. The well-known classical equation of the DMR has
been obtained as special cases of our generalized analysis
under certain constraints.”* This indirect test not only exhib-
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TABLE I. Values of the energy band constants.

J. Appl. Phys. 103, 094314 (2008)

Hgl—xCdee
Eg=[—0.302+1.93x+5.35(10)’4(1 —2x)T—-0.810x%+0.832x%] eV, valid from x=0 to 0.6 and T=4-300 K,
mL.:{[3h2Ego(X,T)]/[4P2(x)]}, P2(x)=[(h%/2m)(18+3x)]", A=(0.63+0.24x-0.27x%) eV,

€,(x)=[20.262— 14.812x+5.2795x%] "

In,_,Ga,As P, _, lattice matched to InP
E,=[1.337-0.73y+0.13y*] eV, A=(0.114+0.26y-0.22y?) eV, m.=(0.080-0.039y)m,

(a) InAs: E,=0.418 eV, A=0.38 eV, m.=0.026m, m,=0.45m, and T=4.2 K, €,,=12.25¢)
(b) InSb: £,=0.235 eV, A=0.803 eV, m,=0.0145mq, m,=043my, T=4.2 K, €,.=15.68¢
(c) Hg,_,Cd,Te: E,=0.059 6042 eV, A=0.6672 eV, m.=0.005 960 42m, x=0.2, m,=0.4m,,

T=42 K, €,=12.642¢

(d) In;_,Ga,AsP,_, lattice matched to InP: E,=1.0045 eV, A=0.189 eV, m.=0.0605m,, y=0.5,

m,=0.724my, T=4.2 K, €,=11.82¢,°

“Reference 35.
"Reference 36.
“Reference 93.

its the compatibility of our formulation but also shows the
fact that our simple analysis is a more generalized one, since
one can obtain the corresponding results for relatively wide
gap three-dimensional materials having parabolic energy
bands under certain constraints from our present derivation.
We have suggested an experimental method for the determi-
nation of DMR, for nanomaterials having arbitrary disper-
sion laws. Besides, the results of this paper find six specific
applications in the realm of nanodevices.

lll. RESULT AND DISCUSSIONS

Taking the values of the energy band constants as given
in Table I and using Egs. (49), (50), (54), (55), (59), and (60),
in Figs. 1-4, we have plotted the normalized 1D DMR as a
function of the film thickness for QWs of n-InAs,93 n-InSb,93
Hgl_xCdee,93 and In;_,Ga,As/P,_, lattice matched to InP
(Ref. 93) in the presence [plots (a), (b), and (c)] and in the
absence of photoexcitation [plots (d), (e), and (f)], where the
said curves chronologically represent the three band model
of Kane, two band model of Kane, and that of the parabolic
energy bands, respectively. In Figs. 5-16, we have plotted
the normalized 1D DMR as a function of electron concentra-

tion per unit length, light intensity, and wavelength in the
visible region, respectively, for all cases of Figs. 1-4. In
Figs. 17 and 18, we have plotted the normalized 1D DMR as
a function of alloy composition for Hg;_,Cd, Te and
In;_,Ga,As,P,_, lattice matched to InP, respectively, in the
present case.

From Figs. 1-8, we observe that the 1D DMR decreases
from the light off case to the light on case, since the value of
the mobility in the presence of light waves becomes larger
due to the increase in the electron velocity in the presence of
light as compared to the same in the absence of photoexci-
tation. Therefore, the numerical magnitude of the 1D DMR
in the presence of light is smaller as compared to the same in
the light off case in the whole range of the film thickness and
electron concentration per unit length as considered, al-
though the 1D DMR decreases with increasing film thickness
and increases with increase in carrier degeneracy.

The combined influences of the energy band constants
on the 1D DMR for all the said compounds can easily be
assessed from all the figures. For the purpose of relative
assessment, all the plots in the absence of light waves have
further been drawn. In Figs. 9-12, we observe that the 1D
DMR decreases with increasing light intensity, whereas in

0.31 InAs: |= 1nWm-2 0.98
Nyp: 10B m'1
0.30 d,=15nm  [oe4
o A =660nm
0.29 0.90
. FIG. 1. Plot of the normalized 1D
N DMR as a function of film thickness
g 0.28 W ‘T‘ 0.86 g for QWs of n-InAs in the presence of
g g light waves in which the curves (a),
% ] 2 (b), and (c) represent the three and two
E o027 | © ——0.82 E band models of Kane and that of the
2 — 2 parabolic energy bands, respectively.
(d) L The curves (d), (e), and (f) represent
026 (© 078 the same in the absence of external
I ﬁ photoexcitation.
0.25 ® L—To74
0.24 ’ Y 4 ; 3 0.70
20 26 30 35 40 45 50

Film Thickness (dyj ({innm )
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FIG. 2. Plot of the normalized 1D
| {c) DMR as a function of film thickness
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o
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FIG. 3. Plot of the normalized 1D
DMR as a function of film thickness
for QWs of n-Hg;_,Cd,Te in the pres-
ence of light waves in which the
curves (a), (b), and (c) represent the
three and two band models of Kane
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078 0291 FIG. 5. Plot of the normalized 1D
o (a) DMR as a function of electron concen-
z o 0988 o tration per unit length for QWs of
3z z n-InAs in the presence of light waves
3 ¢ (c) U] T in which the curves (a), (b), and (c)
E ose (b) 087 5 represent the three and two band mod-
= L) g els of Kane and that of the parabolic
= energy bands, respectively. The curves
048 © 0.985 (d), (e), and (f) represent the same in
the absence of external
photoexcitation.
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@ U] 5 DMR as a function of electron concen-
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H ® g n-InSb in the presence of light waves
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DMR as a function of electron concen-
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& {b) © waves in which the curves (a), (b), and
S ” ¢ A , (b),
€ o077 % 0985 5 (c) represent the three and two band
S H
z E {c) 5 models of Kane and that of the para-
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0.70 70.97 FIG. 8. Plot of the normalized 1D
L (<) DMR as a function of electron concen-
- tration per unit length for QWs of
£ 065 o) 0.96 « In;_,Ga,As P,_, lattice matched to InP
2 e in the presence of light waves in
2 | 2 which the curves (a), (b), and (c) rep-
§ 960 096 g resent the three and two band models
= 2 of Kane and that of the parabolic en-
55 Fosi ergy bands, respectively. The curves
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050]___| (f)% [ 0.93 photoexcitation.
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0.35 0983 9 spectively. The curves (d), (e), and (f)
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0321 t0.981 external photoexcitation.
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Q 3 (a), (b), and (c) represent the three and
T 054] ® (063 N two band models of Kane and that of
§ g parabolic energy bands, respectively.
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Z o L 9T = for QWs of n-Hg,_.Cd,Te in which
T [C)] > 3 the curves (a), (b), and (c) represent
N 0982] (e) 7 0985 N the three and two band models of
“E’ g Kane and that of parabolic energy
S 09797 0983 © bands, respectively. The curves (d),
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0976 0 0.981 absence of external photoexcitation.
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the absence of external photoexcitation, the 1D DMR is in-
dependent of intensity. Figures 13—16 exhibit the fact that the
1D DMR decreases as the wavelength shifts from red color
to violet. The plots of Fig. 17 are valid for x> 0.17, since for
x<<0.17, the band gap becomes negative in n-Hg;_ Cd,Te
leading to semimetallic state. The plots of Fig. 18 exhibit the
variation of the 1D DMR with the alloy composition for
n-In;_,Ga,As P,_, lattice matched to InP.

The influence of quantum confinement on the aforemen-
tioned materials is immediately apparent from Figs. 1-4,
since the 1D DMR strongly depends on the thickness of the
size quantized materials, which is in direct contrast to their
respective bulk specimens. It appears from the said figures
that the 1D DMR decreases with the increasing film thick-
ness in a steplike manner both in the presence and absence of
photoexcitation for all types of materials as considered here,
although the numerical values widely vary and determined
by the constants of the energy spectra. The oscillatory depen-

dence is due to the crossing over of the Fermi level by the
size quantized levels. For each coincidence of a size quan-
tized level with the Fermi level, there would be a disconti-
nuity in the DOS function resulting in a peak of oscillations.
With large values of film thickness, the height of the steps
decreases and the 1D DMR will decrease with increasing
film thickness in nonoscillatory manner and exhibit mono-
tonic decreasing dependence. The height of step size and the
rate of decrement are totally dependent on the band structure.

The influence of light is immediately apparent from the
plots in Figs. 5-16, since the 1D DMR of QWs of the afore-
mentioned compounds depends strongly on 7 and A which is
in direct contrast as compared to the corresponding cases of
the same for their bulk specimens in the absence of external
photoexcitation. The variations of the 1D DMR in all the
figures reflect the direct signature of the light waves on the
electronic, optic, and the other band structure dependent
properties of semiconducting materials in the presence of
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068]___ d,=20 nm N 0.98
d,=15nm | ) @ 7
0.66 0.97
064 0.96 FIG. 12. Plot of the normalized 1D
® DMR as a function of light intensity
g 062] , ) —— 095 for QWs of In;_,Ga,As P, lattice
a E matched to InP in which the curves
g 650 0sa 3 (a), (b), and (c) represent the three and
% N two band models of Kane and that of
g (8 - g parabolic energy bands, respectively.
S 058 - 5 The curves (d), (e), and (f) represent
(c) = the same in the absence of external
056 0.92 photoexcitation.
054 0
0.52 T T T T T ¥ T T T U.90
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light waves and the photon assisted transport for the corre-
sponding semiconductor devices. Although the 1D DMR
tends to decrease with the increasing intensity, wavelength,
and decreasing electron concentration per unit length, the
rate of variation is totally band structure dependent. It ap-
pears from the appropriate figures that the numerical values
of the 1D DMR are greatest for ternary materials and least
for quaternary compounds.

For both the ternary and quaternary materials, the 1D
DMR continuously decreases with increasing alloy composi-
tion which is clearly apparent from Figs. 17 and 18, respec-
tively. It appears from Figs. 5-8 that the 1D DMR increases
with increasing carrier degeneracy which also reflects the 1D
confinement through the steplike dependence. This oscilla-
tory dependence will be less and less prominent with increas-
ing film thickness and carrier concentration, respectively. Ul-
timately, for bulk specimens of the same material, the DMR
will be found to continuously increase with increasing elec-
tron concentration in a nonoscillatory manner.

The appearance of the humps of the respective figures is
due to the redistribution of the electrons among the quantized
energy levels when the size quantum number corresponding
to the highest occupied level changes from one fixed value to
the others. With varying electron concentration, a change is
reflected in the 1D DMR through the redistribution of the
electrons among the size quantized levels. Our experimental
suggestions for the determinations of the 1D DMR and, con-
sequently, the carrier contribution to the elastic constants are
valid for QWs having arbitrary dispersion relations. Since
the experimental curves of N versus G are not available in
literature for the present generalized systems, we cannot
compare our theoretical formulation with the proposed ex-
periment, although the generalized analysis as presented in
this context can be checked when the experimental investi-
gations of G would appear in the literature.

In recent years, the mobility of electrons in QWs of non-
parabolic semiconductors has been extensively investigated,
but the diffusion constant (a very important device parameter
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—— d,=20 nm osT
- 2
0555 I= 1nWm L 066
0550 ®) |
085 FIG. 14. Plot of the normalized 1D
¢ 0545 (c) o DMR as a function of wavelength for
2 ﬁ |0.64 H QWs of n-InSb in which the curves
8§ o0s40 - (a), (b), and (c) represent the three and
E 063 N two band models of Kane and that of
E (d) = X .
S 0535 parabolic energy bands, respectively.
= £ X
062 5 The curves (d), (), and (f) represent
0.530 =z the same in the absence of external
- photoexcitation.
0.525
0520 (U] S 0.60
0515 T T T T T T T T T 059
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(a) FIG. 15. Plot of the normalized 1D
o 0975 x DMR as a function of wavelength for
H ) 087 = QWs of n-Hg,_,Cd,Te in which the
<5 0870 @ ] curves (a), (b), and (c) represent the
I 0.985 ,ﬁ three and two band models of Kane
® 0965 E and that of parabolic energy bands, re-
g 0983 5 spectively. The curves (d), (e), and (f)‘
Z 0960 = represent the same in the absence of
0 o681 external photoexcitation.
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which cannot be easily experimentally determined) of such
materials has been relatively less studied. Thus, the theoret-
ical results of our paper will be useful in determining the
diffusion constants even for relatively wide gap compounds
whose energy band structures can be approximated by the
parabolic energy bands, both in the presence and absence of
light waves. It is worth remarking that our basic Eq. (41)
covers various materials having different energy band struc-
tures. In this paper, the film thickness, electron concentration
per unit length, light intensities and wavelength in the visible
region dependences of the 1D DMR for n-InAs, n-InSb,
n-Hg,_,Cd,Te and n-In,_,Ga,AsP,_, lattice matched to InP,
both for QWs and their correspdnding bulk specimens, have
been studied. Thus, we have covered a wide class of QWs of
optoelectronic and allied compounds whose energy band
structures are defined by the three and two band models of
Kane both in the presence and absence of light waves. Under
certain limiting conditions, the result of the 1D DMR in the
absence of external photoexcitation leads to the well-known

expression of the DMR for relatively degenerate wide band
gap materials having parabolic energy bands as obtained by
Landsberg.4 This indirect test not only exhibits the math-
ematical compatibility of our formulation but also shows the
fact that our simple analysis is a more generalized one.

We can conclude that the influence of the presence of an
external photoexcitation is to radically change the original
band structure of the material. Our method is not at all re-
lated to the DOS technique as used in the literature.”* From
the Ek dispersion relation, we can obtain the DOS, but the
DOS technique as used in literature” cannot provide the car-
rier energy spectrum. Therefore, our study is more funda-
mental than those of the existing literature because the Bolt-
zman transport equation, which controls the study of the
charge transport properties of semiconductor devices, can be
solved if and only if the Ek dispersion relation is known. We
have not considered the hot electron and many body effects
in this simplified theoretical formalism due to the lack of
availability in literature of proper analytical techniques for

062 - o [0.s9
In, As Ga As, :Np: 1208 m
I= InWm"
061 dy=20 nm 0.98
d,=15nm
0.60 0.97
059 X
0.96 FIG. 16. Plot of the normalized 1D
058 ) DMR as a function of wavelength for
| Ws of In_,GaAs/P,_, lattice
o (@) {b) (A 095 X Q 1 OAS
E i % % % > E matched to InP in which the curves
- ’ 654 T (a), (b), and (c) represent the three and
o —_— - R two band models of Kane and that of
T ’ E parabolic energy bands, respectively.
£ 0.93 5 The curves (d), (), and (f) represent
z° 055 R 2 the same in the absence of external
] 092 photoexcitation.
054
053 091
0-52 T T T T T T T T T 0.90
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057 FIG. 17. Plot of the normalized 1D
o DMR as a function of alloy composi-
E tion for QWs of Hg,_.Cd,Te in the
g 0.961 presence of light waves in which the
N curves (a), (b), and (c) represent the
s three and two band models of Kane
% | and that of parabolic energy band, re-
= 085 spectively. The curves (d), (e), and (f)
represent the same in the absence of
external photoexcitation.
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0.93 T : g : g
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including them for the generalized systems as considered in
this paper. Our simplified approach will be useful for the
purpose of comparison when methods of tackling the formi-
dable problem of many body and the hot electron effects for
the present generalized systems appear. The inclusion of the
said effects would certainly increase the accuracy of the re-
sults, although the qualitative features of the DMR as dis-
cussed in this paper would not change in the presence of the
aforementioned effects. Besides, our suggestion for the ex-
perimental determination of the 1D DMR is independent of
the inclusion of the said effects. We have not considered
other types of optoelectronic materials and other external
variables to keep the presentation brief. The influence of en-
ergy band models and the various band constants on the 1D
DMR for different materials can also be studied from all the
figures of this paper.

It may be noted that the Einstein relation is a conse-

quence of Boltzmann transport equation (BTE).?! The BTE
for QWs and wires is valid when the nanometer dimensions
d, or d, are of the order of de Broglie wavelength A; and is
not valid if the nanometer dimensions are much less than
)\4.95 The order of A\, is about 10 nm in semiconductors.”®
Thus, our formulation is valid for A;= 10 nm. For the pur-
pose of numerical computations, as shown in various graphs,
we have taken d,, dy> 10 nm in this context.

The numerical results presented in this paper would be
different for other materials but the nature of variation would
be unaltered. The theoretical results as given here would be
useful in analyzing various other experimental data related to
this phenomenon. Finally, we can write that the present
analysis can be used to investigate the Burstien Moss shift,
the plasma frequency, various scattering mechanisms, the
specific heat, and other different transport coefficients of
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1 A =640nm
0.94
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@ d,=15nm
0.50] 0.93 FIG. 18. Plot of the normalized 1D
DMR as a function of alloy composi-
GE: 14 tion for QWs of Hg,_.Cd,Te in the
8 {e) big E presence of light waves in which the
3 ’ < ® ’ 3 curves (a), (b), and (c) represent the
N N three and two band models of Kane
g © g and that of parabolic energy band, re-
o 040 091 5 spectively. The curves (d), (e), and (f)
= = represent the same in the absence of
(b) external photoexcitation.
0.35 @ 0.90
0.30 ’ y i . y y i 0.89
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modern quantum effect devices operated under the influence
of external photon field.
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