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ABSTRACT

A procedure is developed to pre-
dict the sailing speed of a yacht with
specified characteristics for any com-
bination of true wind velocity and
angle. The method requires as input
hydrodynaxnic hull characteristics de-
rived principally from towing tank
tests arid sail force coefficients de-
rived from full-scale tests. The pro-
cedure permits the maximum possible
generalization of these data to yachts
of varying size, stability and sail
area. Results are given for a geomet-
rically similar family of yachts de-
veloped from a single parent hull.

NOMENCLATURE

a,b,c,d Coefficients of splirie-
cubic approximation to up-
right resistance
IC Correlation Coefficient
Coefficient of resistance in-
crease due to heel
Sail side force coefficient
at zero heel
Coefficient of linear heel
correction term to sail side
force coefficient
Coefficient of resistance in-
crease due to side force
Residuary Resistance Coeffi-
cient
Sail driving force coeffici-
erit

Coefficient of linear heel
correction term to sail
driving force coefficient
Coefficients in expansion of
C1 in powers of 2

Coefficients in approximation
to hull stability function

E Base of mainsail
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Heeling force developed by
sails
Froude Number

Aerodynamic driving force of
sails
Acceleration of gravity
Height of fore-triangle
Base of fore-triangle
Eteeling moment

Waterline length of hull
Effective length for computa-
tion of Reynolds Number

Height of mainsail
Resistance increase of hull
due to heel at zero side force
Resistance increase of hull
due to side force

VL
Reynolds Number ---

Total hull resistance under
sail, including influence of
heel, leeway and side force
Total upright resistance of
hull
Reef ing function
Wetted surface area of hull

Sail area
Boat speed

Apparent wind velocity

Speed made good to windward

True wind velocity
Height of center of effort of
sails above waterline, mea-
sured in vertical center-
plane of yacht
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Distance of yacht center of
gravity below waterline

Leeway angle

Apparent wind angle

True wind angle

Displacement of hull

Mass density of water

Mass density of air

Heel angle

Maximum allowable heel angle

INTRODUCTION

The ultimate purpose of the Velo-
city Prediction Program (VPP) is to
provide a means of predicting the speed
of any yacht at any point of sailing
in any wind velocity. The average
speeds of a hypothetical or real fleet
over a prescribed course obtained by
the VPP can provide one basis for the
valuation of existing or proposed
time allowance and rating formulae.
In this way, the influence of the basic
speed-producing factors of a yacht can
be studied without the disturbing in-
fluences of weather, chance and sail-
ing skill which are inevitably present
in real race data. Moreover, the VPP
can be used directly to develop a handi-
capping system. An example of such an
application may be found in [1]

In its present form, the VPP re-
quires as input the nondimensional
resistance characteristics of the hull
-md the nondimensional driving and
side force characteristics of the
sails. While a large quantity of tow-
ing tank data exists, differences due
to scale effects and due to variations
t0 specific testing procedures at dif-
erent facilities make such data of
questionable value in the handicapping
problem. However, there are two types
of tank tests which are useful. The
first is simply the use of the tests
of a single model to obtain the per-
formance of a geosim family of yachts
gf different sizes. In this case, the
relative performance of full-size
yachts of varying size can be pre-
dicted with far greater confidence
than the absolute performance of a
single prototype. If the model test
-overs a sufficiently wide range of
conditions, the performance of a fleet
f not only varying size, but varying
sail area and stability can be estab-
ished.

The second type of test is a sys-
tematic series of model tests, all
done in a single facility on similar

size models using strictly controlled
test procedures. In this case, the
influence of those basic speed-pro-
ducing hull parameters which are least
subject to uncertain scale effects can
be incorporated in full-scale perfor-
mance predictions. Such parameters
include, for example, displacement!
length ratio, length/beam ratio, and
prismatic coefficient.

The design and testing of such a
series is presently underway in a coop-
erative program between the MIT/NAYRU
Ocean Race Handicapping Project and
the Shipbuilding Laboratory of the
Delf t University of Technology. These
tests are being made with relatively
large models with a length overall of
7 feet and an average displacement
of 90 pounds. In addition, Panel
H-13 of the Society of Naval Archi-
tects, with the cooperation of Hro-
nautics, Incorporated, and the Davidson
Laboratory, is sponsoring the testing
of a 22-foot and 4.8-foot model of
the parent hull of the systematic
series. When completed, the pro-
grams are expected to provide an ex-
tensive and reliable data base for the
VP P.

The prediction of yacht sailing
performance frorr tank tests requires
knowledge of the driving and side force
characteristics of the sails. For the
past 40 years, practically all such
predictions have been based on the
classical GIMCRACK sail coefficients
developed by Davidson [2]. These co-
efficients are limited to optimum close-
hauled apparent wind angles, so that
rio information is provided for reaching
and running conditions. In addition,
the geometry of GIMCRACKs rig differs
considerably from that of a current
ocean racing yacht and, of course,
sailmaking technology has advanced
significantly since 1936.

There are three possible approaches
to determining sail force coefficients
for ocean racing yachts:

Aerodynamic Theory [3],[4];

Wind Tunnel Tests of a Model
Rig [5],[6],[7];

Full-Scale Sailing Trials
combined with towing tank
tests of the hull [2] , [8] [9]

Aerodynamic theory provides a rational
meais of estimating the effect of rig
proportions on windward sailing per-
formance. However, present analytical
methods cannot be expected to provide
correct results for off-wind sailing
conditions. Wind tunnel would appear
to be the logical counterpart to tank
tests of a hull. However, there are



important differences which severely
limit the usefulness of wind tunnel
tests, particularly from the point of
view of obtaining representative sail
force coefficients for ocean race
handicapping. While a yacht has one
hull of fixed and precisely known geo-
metry, it is likely to have twenty or
more sails set in various combina-
tions, each with infinitely varying
and generally unknown shape. These
sails cannot be reproduced by deform-
able fabric models, nor is it practi-
cal to measure and reproduce as a
rigid model the large number of geo-
metries necessary to characterize an
ocean racing yacht. Even if this were
possible, wind tunnel wall effects
introduce large errors in the measure-
ment of off-wind sailing conditions.

This therefore leaves the full-
scale sailing trial, preferably under
racing conditions, as the only practi-
cal means of obtaining the complete
characterization of the rig of an
ocean racing yacht for all points of
ailing and for all wind velocities.
ile individual measurements obtained

n this way can contain large random
errors associated with non-laboratory-
controlled conditions, suitably aver-
aged data can be considered to be
reliable.

This approach was used to analyze
data recorded on BAY SEA during the
1974 SORC [7], and on STANDFAST during
the 1974 racing season in Europe [8]

THE VPP MATHEMATICAL MODEL

Hull Resistance

For a hull of specified size and
geometry the total resistance under
sail RS and side force FH coS are
functions of speed1 V, leeway angle, ,

and heel angle, The resistance
R5 is defined as the force in the di-
rection of the velocity of the yacht,
while FH cos is the horizontal com-
ponent of the force, at right angles
to the velocity. In [7] the urìctions
P5 and FH cos Ö were approximated
bY polynomials in these three indepen-
dent variables, using the procedure
developed at M.I.T. in 1964 [9]. How-
ever, since we are principally con-
cerned with equilibrium between sail
and hull forces, it is more efficient
to eliminate leeway as a parameter and
to consider that the resistance is a

The notation FH cos is generally
used to denote the aerodynaritic side
torce developed by the sails. To sim-
plify notation, the same symbol is
used here to denote the equilibrating
hydrodynamic side force acting on the
hull.

function of speed, side force and heel
angle. The remaining equation relating
side force to leeway angle is there-
fore unnecessary in establishing the
equilibrium speed of the yacht.

We can then consider the total
resistance RS to consist of tiree addi-
tive terms:

Upright resistance with zero
side force; RT.

Resistance increase due to
heel at zero side force; R,d.

C) Resistance increase due to
side force; R1.

Upright Resistance. Upright re-
sistance, for a fixed size, is a func-
tion of speed alone. The effect of
size for geometrically similar hulls
may be obtained in the usual way in
accordance with Froude's hypothesis:

= sv2 [CF(Rn) + CR(F)J (1)

where

(1 n7Ç
CF - 2 (2)

(log,0(R) -2)

is the ITTC correlation coefficient
expressed as a function of the Reynolds
Numb er

VL.
R
n )

and CR is the residuary resistance
coefficient which is a function of
Froude Number

n (4)

If we take the effective length for
frictional resistance as 70% of the
waterline length

LE = O.7L

we can rewrite (2) in terms of dimen-
sional quantities immediately avail-
able for computation

(3)

In this case, the waterline length L
is in feet, the speed V is in knots
and the Quantity ' is times the
kinematic viscosity of sea water in
units of ft2/sec.

The residuary resistance coeffi-
cient, CR, is assumed to be known at
eight values of speed-length ratio

0.4(0.2)1.8 (7)
Vt
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2

2

2.302585 (6)



where V is again in knots and L is in
feet. A program has been developed to
obtain this information from a towing
tank test by a least-squares spline
cubic curve fitting technique, and
a typical result is given in (8]. How-
ever, the choice of this form of input
makes it possible to use data from
practically any source.

For any desired size hull, we can
use (1) to compute eight values of R,1.
at speeds given by (7). Considering
the point at the origin, which is, of
course, zero, we have a total of nine

points. The resistance curve is as-
suined to be a spline function passing
through these nine points, with a fur-
ther constraint of zero slope at the
origin. Let V be the "base" speeds
corresponding o speed length ratios
of O ,.4,.6,... 1.8. A particular
speed V falls in the jth interval
where

< V < V1 (8)

while the last interval corresponding
to j = 8 extends from V7 to arbitrari-
iy large speeds. The resistance curve
in the jth interval is therefore a cu-
bic of the form

P (V' a. (V-V.) b. (V-V.) 2

c(V-V.) + d. (9)
J J J

The coefficients aj ,b.1 . .. .d are ob-
tained by requiring tñat the approxi-
mating cubics pass through the tabular
points and that the slopes and curva-
tures are continuous at each of their
junctures. An upright resistance
curve defined in this way is illus-
trated in Fig. 1.

This procedure has a number of
advantages over the polynomial approxi-
nations used previously [7] . A better
fit is obtained, particularly for re-
sistance curves with the typical sud-
den turning upward at "hull speed,"
and the proper behavior both at low
arid at high speeds can be obtained.
In addition, the evaluation of (9) is
very rapid once the coefficients have
been obtained. Hence, this procedure
is particularly efficient if a large
number of resistance computations are
to be made from a single curve.

Resistance Due to Heel and Side Force

The resistance increase due to
heel at zero side force is governed
principally by the alternation of hull
shape, which may or may not be large.
Presumably a narrow yacht with rela-
tively circular sections would experi-

ence practically no change in resis-
tance with heel, while a yacht with
large beam amidships and fine ends
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Figure 1. Upright resistance curve.

would be expected to show a signifi-

cant resistance increase at high
speeds due to reduced section area at

the ends. In any event, we must resort
to a curve fitting procedure of model
resistance data, using a suitable f unc-

tion of heel and speed. The simplest
possible function is

RH = - PSV2c2CH (10)

where the heeled resistance coeffici-
ent is independent of Froude Number,
and increases quadratically with heel

angle. Alternatively, the function
CH could be considered to be a linear
or parabolic function of Froude Number,
with the possible addition of higher
power, of heel angle. The coefficients
of any such approximation, aswe shall
see later, can be obtained from a least-
squares fit to model test data.

The resistance increase due to
side force can be readily ideitified
as induced drag, which is principally
a function of the effective aspect
ratio of the hull-keel combination and
of the square of the heeling force
coefficient.

F2
1 2 H (11)

R = p.V C1(I,F T 2 2
. (-pSV)

where the coefficient C1 depends on
shape, heel and Froude Number. For
low values of the Froude Number the
free surface becomes effectively a
rigid plane so that the coficient
C1 can be regarded as a function of

heel only. Hence the simplest possible



approximation to hull-induced drag in-
volving the effect of heel is

(C1 + C2d) F112

R 12
pSV

where the coefficients C1 and C2 must
be obtained by a fit to experimental
data. A further refinement, as with
the expression for the heeled resis-
tance, would consist of replacing C1

and C2 by suitable functions of Froude
Number, and heel angle.

It is important to note the pres-
ence o V in the denominator of (12)
For a fixed side farce and heel angle,
the induced drag inLreases with decreas-
ing yacht speed, and, in fact, becomes
infinite at zero speed. This charac-
teristic is well confirmed by model
tests (8]

The coefficients CH, C1 and C2
can be obtained by a least-squares fit

to model data. At the time' of writing,
this has been done for the BAYBEA hull
tested at M.I.T., for the STANDFAST 40
tested at Delft, and for the first
five models of the systematic series
underway at Delft. In all cases, the
root-mean-square deviation between the
predicted and measured model resistance
is between 3 and 5 percent. It has
been found that the addition of terms
involving Froude Number and/or higher
powers of heel angle do not result in
a significant reduction in the rms
error. e conclude, therefore, that
a significant part of the rms devia-
tion is due to inherent testing error
rather than a limitation of the mathe-
natical model. This question is studied
in somewhat more detail in (8]

Hull Stability

The hydrodynarnic righting moment
of the hull taken about a specified
reference point is a function of heel
angle, speed and side force. The pri-
mary term is, of course, the linear
hydrostatic righting moment. This is
either measured directly by means of
an inclining experiment, or computed
from known geometric characteristics
of the hull and the vertical position
of the yacht's center of gravit1.
However, a yacht hull form generally
displays a noticeable reduction in
stability at high speed due to a de-
crease in beam amidships caused by its
n wave profile. In addition, a non-

linear dependence of righting moment
with heel is significant at large
angles.

A satisfactory approximation to
the righting moment function with respect
to an origin at the waterline is

(12)

7.5

= tL{dl+d2Ffl+d3}+d4LFH+1iZG
(13)

where d1-d4 are nondimensional con-
stants dependent only on hull shape.
The quantity ALpd1 is the linear hydro-
static righting moment, while d1L is
the metacentric height for the yacht
with the center of gravity at the

waterline. The constants d2 and d3,
which are generally negative, provide

the speed and nonlinear heel effects

just discussed. The quantity d4L
represents the distance of the center
of effect of the heeling force below

the waterline. The last term, LZG
is the moment of the yacht's weight
about an axis at the waterline, when
zG is the distance of the center of
gravity below the waterline.

The unknown coefficients in (13)
may be found by least-squares from
towing tank tests, provided that the
model center of gravity and the ap-
plied heeling moment for each run is
recorded. If these data are not
available, it is reasonably accurate
to determine d1 from the IOR inclining
test and to set d2 and d3 equal to
zero. Since the initial static stabi-
lity in racing trim exceeds the bR
value due to the added weight of crew,
stores and liquids, this tends to com-
pensate for the error introduced by
neglecting d2 and d3.

Sail Forces

The resultant sail force is as-
sumed to consist of a driving force
FR acting in the direction of the velo-
city of the yacht, and a heeling force
F11 acting at right angles to the plane
formed by FR and the vertical axis of
the yacht. The side force is therefore
FH cos , acting at a distance ZCE

above the waterline, measured along
the vertical axis of the yacht.

These forces can be expressed in
terms of nondimensiona]. sail force
coef ficients

2
FR - 2 PASAVCR

1 2
F11 COS - - PASAVawCH (14)

where 0A is the lensity of air, SA is
a suitably defined sail area and Vaw
is the apparent wind velocity. As
indicated in the introduction, values
of CR and C11 were first given by
Davtdson [2J based on tests with the
yacht GIMCRACK. The results plotted
in Figs. 2 and 3 wereobtained from
an analysis of data recorded on BAYBEA
during the 1974 SORC [71 and may be
considered representative of a current
sloop rig. Data subsequently analyzed
from the yacht STANDFAST oained with



more elaborate recording instrumenta-
tion combined with extensive tank tests
[8] yielded results very similar to
the BAYBEA sail coefficients.

4

In the present program, this
phenomenon is idealized by defining a
reefing function, r, such that

(S)
. =r2SA effective A

(z -4-dL) =r(z -+-d L)CE 4 effective CE 4

Since sail forces are proportional
to the product of the sail coefficient
and the sail area, it obviously does
not matter whether one considers that

4

I
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Figure 3. Side force coefficients for 5
degree increments of heel angle.

the sail coefficient is reduced by
sail shape control or tat area is ac-
tually reduced by reefing. We are
making the assumption, however, that
the driving and side forces are being
affected in the same way. If the
sails are uniformly flattened to reduce
their lift coefficient, their induced
drag will decrease, thus increasing
the ratio of driving to side force.
However, if the upper part of the sails
are unloaded to reduce heeling moment,
or if the span of the sails is reduced
by reefing, induced drag will increase
and the ratio of driving to side force
will decrease. It therefore does not
seem unreasonable to consider that, on
an average, the two effects will cancel.

The height of the center of effort
also depends on the particular details
of the method of reducing sail forces.
Since the distance from the center of
effort of the keel to the lowest part
of the sails certainly does not de-
crease with reefing, the quantity

+ d4L probably decreases at a
slower rate than r. It is planned,
therefore, to modify (18) in the futura
possibly replacing r by rl/2.

The degree of reefing is deter-
mined in such a way as to maximize
speed, with the constraint that the heel
angle does not exceed 30 degrees. The
details of this optimization procedure
are given subsequently.

20 40 60 80 00 20 40 60 80
APPARENT 'NIND ANGLE.

Figure 2. Driving force coefficients for 5
degree increments of heel angle.

These L.oefficients are assumed to
be the product of a linear function of
heel angle and a spline-cubic function
of apparent wind angle, aw

CR = CRO(S) [1 + CR]

CH CHO() (1 + CH] (15)

The characteristic area in (14) is
taken, for simplicity, to be the area
of the fore and main triangles

SA = (IxJ + PxE] (16)

ihich is generally less than the
actual area of the sails set. The
effect of actual sail area and the
nature of the particular sails set at
various wind angles is incorporated in
the sail coefficients.

The coefficients in Figs. 2 and
3 were developed from data taken prin-
cipally in light and moderate winds
with the maximum sail area set and
trimmed optimally for these conditions.
In actual practice, once the wind velo-
city increases above some minimum
value, sail force coefficients are con-
tinually reduced with increasing wind
strength through sail shape control,
reefing and sail changes.



rTERATIVE PROCEDURE TO OBTAIN
EQUILIBRIUM SAILING CONDITION

To obtain the equilibrium condi-

tion for a given value of true wind
speed Vtw, and true wind direction,

we must solve a coupled set of

f our nonlinear algebraic equations.

The first three,

Hull resistance

Hull stability

C) Sail forces,

have been developed in the preceding

sections. The fourth equation is
simply the wind triangle, relating
aparent and true wind velocities and

directions.

It is essential for the iterative
procedure for the solution of these
equations to be as efficient as pos-
sible since it is anticipated that
enormous numbers of such calculations
will be necessary during the course of

analysis of handicapping systems. It

is also important for the yacht speed
to converge to a fine tolerance.
Speed differences resulting from small
changes in yacht characteristics must
be predicted with sufficient precision
to enable comparison with handicapping
system expectations.

A simplified flow diagram for the
iterative solution is given in Fig. 4.
The outermost loop consists of computa-
tion of performance for true wind velo-
cities of 5, lO, 12, 15, 20 and 30
knots. For each true wind velocity,
computations are made for 17 true wind
angles starting with a dead run and
ending with the angle for maximum
speed made good to windward. For each
true wind angle, the quantities

sin 3tw and Vt cos 6tw are com-
puted for use later in the wind tri-
angle expression. Since these are un-
changed in the iterative steps to fol-
low, this saves some computer time.

The iteration begins with an ini-
tial guess for boat speed. For the
dead run, this is taken to be either
half the true wind velocity or a speed/
length ratio of 1.5, whichever is
less. For all subsequent wind angles
at the same wind speed, the initial
cuess for boat speed is the final equi-
librium speed obtained for the pre-
ceding wind angle. In this way, use
is made of precedinq information to
minimize the number of iterations.

With an assumed boat speed, we
can solve the wind triangle

= (V sin 6)2 + (V cos 6 4-V)2
tw twaw tw

V sin6=] tw tw

aw V
(19)

aw

START

YES
MORE WIND ANGLES

TRUE WIND VELOCITY LOOP

TRUE WINO ANGLE LOOP

OPTIMUM REEFING LOOP

I..
COMPUTE WINO TRIANGLE

SOLVE FOR HEEL ANGLE

FIND V TO BALANCE HULL
RESISTANCE AND SAIL
DRIVING FORCE

V CONVERGED 2

REE FING ANGLE OPTIMLl

PRINT LLNE OF RESULTS

NO

YES
MORE ,IND VELOCITIES

NEXT BOAT
OR STOP

Figure 4. VPP simplified flow diagram.

The inevitable ambiguity of quadrants
in the inverse tangent function enters
in here, so that we must increase 6aw
by 180° if (Vtw cos 3tw + V) < Q.

Finally, to avoid an overflow if the
latter function is equal to zero, the

arc tangent computation is skipped and

aw is set equal to 90° if VT cos tw
+ < 0.001.

With aw known, we can now obtain
the upright sail coefficients CRO and

CHO. To save time, these are obtained

by linear interpolation from an input
array tabulated at one degree inter-
vals of apparent wind angle starting
with twenty degrees. The tabular

NO

N O

7-7



values bracketing any given may be
found directly by an index defined as
the largest integer (aw19) This
avoids a table search which is always
computationally inefficient.

The next step is to solve for the
heel angle, , subject to the con-
straint that it not exceed a specified
maximum, which is initially taken to
be 22 degrees. Two possibilities
exist:

a) The heel angle with full sail,
r = 1, is less than the assumed opti-
mum heel angle. In this case, the heel
angle is obtained by a recursive solu-
tion of the moment equilibrium equa-
tion

1 3 2
A' SAV (ZCE+d4L) {CHO(Saw) (l+CHP] }

AL(d1+d F +d +d55 )cos2n 3

(20)

starting with an initial value of = 0.

3ince the influence of on the right-
hand side of (20) is very weak, conver-
gence to a specified tolerance of 0.1
degrees is very rapid. The reefing
ratio, r, ap.aaring in (20) is, by
definition, unity in this case.

b) The heel angle with full sail
would exceed the assumed optimum heel
angle. In this case, the heel angle
is set equal to the reefing angle R'
and (20) is solved directly for the
reefing ratio

f [ALb (d +d F d )+z0 R0S RlR i 2n 3R
1 S V2 (z +d L) [CHO(l+CHR)] i

L
AAaw CE 4

(21)

We now have values for the rela-
tive wind strength, Vaw, relative wind
angle, 3aw' and heel angle, . The
sail driving and side forces are there-
fore known

2]. 2
cos = r 2AV SAC O[l+CH]

FR - r2 ovSAcRo(l+CR]

These expressions are valid wheth-
er or not reefing is present as a con-
sequence of the definition of the reef-
ing ratio r.

We are now ready to enter the
forces from (22) and the heel angle
into the hull drag function in order
to obtain the equilibrium speed. This
is still not the final solution since
the quantities obtained at this stage

(22)

are dependent on the initial guess of
boat speed, which will not generally be

the same as the speed found for hull

drag equilibrium. Hence, once we com-
plete the next iteration, it will
still be necessary to repeat the entire
process a number of times until the as-
sumed boat speed used in obtaining the
apparent wind agrees with the boat
speed obtained from equilibrium of
sail and hull forces.

The solution for boat speed for
a given drag can be seen in graphical
form in Fig. (5) . It is important to

STARTING POINT
Vrig,/1 -

FOR 'CONST

SUCCE SSFUL
END POINT
Rs r

SPE E D

Figure 5. schematic of iterative solu-
tion for boad speed.

note that in general there are two
solutions, one corresponding to an
efficient sailing condition and one
characterized by a low speed accom-
panied by excessive induced drag.
Both are physically valid solutions,
and even a good helmsman might find
himself temporarily in the low speed
condition. The remedy, of course, is
first to bear off, ease sheets and get
moving, and then to 'converge" to the
high speed solution. The computer pro-
gram must have the same characteristics,
arrd this requires a built-in method of
avoiding the wrong solution.

Since the hull drag function is
approximated in each speed interval
by a function which can be readily
differentiated, the very efficient
Mewton-Raphson iterative method is
employed:

I

IMPOSSIBLE Fpi INaL y
I



F -R
= v +

Si (23)

where FRRSj is the difference between
the known sail driving force, FR, and
the computed hull resistance correspon-
ding to the i-th trial value of boat
speed, V. The derivative in (22) is

the sum of the slope of the upright
'resistance curve

3a(Vj-.V) + 2b(V-V1) +
1 (24)

and the slopes of the heeled and in-

duced resistance components

dRH dR1

dv. dv. V.
i i

We begin the hull resistance itera-
tion, not at the current boat speed,

but at an artificially high speed!
length ratio of 1.8. In this way we
are sure to be on the right side of the
resistance curve. We then obtain the
first correction to speed from (23)

Repeated application of (23) will gen-

erally lead to rapid convergence to the
specified tolerance of 0.001 knots. If,

for some reason, the iteration has not
converged in 25 tries, an error flag is

generated and the computation proceeds
as though it had converged.

It is possible that the available
driving force may be less than the mini-

mum drag for the heel angle specified,
as illustrated in Fig. (5) . In this
case, the iteration will move rapidly
toward zero velocity, and would con-
tinue to negative velocities, if uncon-

strained.2 A test is therefore made
which completes the iteration if either
a negative velocity or a negative value
of dRa/dV is encountered. No addition-
al message is printed since it will be
obvious from the printout that the im-
posed conditions are unrealistic. This
condition is generally encountered only

for relative wind angles substantially
less than the optimum value for speed
made good to windward.

Once the speed has converged for
the prescribed driving force, we must
repeat the entire process with a cor-
rected initial assumed value of boat

speed. If the apparent wind is forward
of abeam, it has been found that the
iteration converges rapidly if the as-
suxned speed in the next trial is the

speed which resulted from the driving

force iteration. On the other hand,
if the apparent wind is aft of abeam,

this procedure diverges. The reason
for this is that boat speed is more

(25)

2 The real world counterpart is

getting in irons."

7.9

critical, of course, when running in

light air. This convergence problem
is solved by adding some damping to

the iteration. If aw > 90°, the next
assumed speed is the average of the in-

put and output speeds of the preceding

iteration. If aw
< 900, damping

would unnecessarily slow down the con-
vergence, and is therefore omitted. In

either case, the complete iteration is

terminated when the input and output
speeds differ by less than 0.001 knots.

This iteration is also limited to

25 trials to prevent a costly computer

run in the event of a diverging condi-

tion. Again, an error flag is gene-
rated and the computation continues.

If the heel angle obtained at this

stage is less than the specified reef-
ing angle, the computation of this
sailing condition is now complete. How-

ever, if the converse is true, the en-
tire computation is repeated with the
reef ing angle increased in one-degree
increments until either

the reefing ratio becomes unity

the boat speed begins to
decrease.

In the latter case, the optimum
reefing angle is obtained from a para-
bolic fit to the three preceding com-

putations
V. -V.

( ) = ( ) .

+ i -2 j

vR opt R -i 2 v2_2V1v
(26)

when V.2, V._ and V. are the equili-
brium seeds bCained in the last three
computations with one-degree increments
in reefing angle. One final computa-
tion is then made with this value of

the reef ing angle. It should be noted
that for apparent wind angles < 48 de-
grees, the speed used in the optimiza-
tian in (26) is the speed made good to
windward. The actual boat speed is
optimized for all apparent wind angles
greater than 48 degrees.

This process is repeated for 16
values of true wind angle, ending with
34 degrees. The 17th computation is
for the value of tW yielding the opti-
mum speed made good to windward. This
angle is also obtained by a parabolic

fit to the three apparent wind angles
bracketing the optimum, with an equation
very similar to (26)

It is fortunate that this itera-
tive process takes far longer to de-
scribe than to compute. The average
computing time to obtain the converged
solution with optimum reefing for a
given true wind velocity and angle is
approximately seven-thousandths of a
second on the IBM 370/168 at M.I.T.



This computing time would easily be
increased by a factor of a hundred
without the time-saving algorithms con-
tained in the VPP.

RATING DIFFERENCES

In the evaluation of handicapping
systems, it is frequently helpful to
convert speed differences to rating
differences. For example, it is a
simple matter to obtain from the VPP
the difference in speed resulting from
a small change in stability. However,
this speed difference cannot be com-
pared directly with the corresponding
rating difference which a given rule
would assign to this change in stabi-
lity.

We can define a "performance
rating difference" as the rating dif-
ference relative to a selected scratch
boat which results in equal corrected
time according to a specified time
allowance system. This performance
rating difference will, in general, de-
pend on wind velocity and direction,
as well as on the time allowance sys-
tem and the choice of the base rating.

For the NAYRU time-on-distance
formula, used almost exclusively for
ocean race handicapping in the United
States, the corrected time, C, is ob-
tained from the elapsed time, E, and
the race distance, D, from the equation
[101

C = E + 0.6 (R"2 - R1"2)d (27)
SC

where RSC is the scratch boat rating
and R is the rating of the boat in
question. If we set the corrected
time equal to that of the scratch boat,
and replace elapsed time by D/V we
obtain the result 2

R_Rsc ={__ + 0.6

0.6

R_1/2] -
SC

(28)

If a time-on-time system is used,
the result will be different. For ex-
ample, the NAYRU time-on-time formula
used in England for the 1975 Admiral's
Cup [10] yields the result 2

r 1.0 RR_RSC
I -1 v- ,,-l/2 - Sc
Lv SC "SC (29)

Both (28) and (29) have been incor-
porated in the VPP. The first boat
computed in any run is, by definition,
the scratch boat whose rating RS must
be specified. The velocities for all
points of sailing for this boat are
saved and are subsequently entered as

Vsc when (28) and (29) are evaluated
for all later boats. 1s in the deter-
mination of optimum reefing, speeds
are interpreted as speeds made good to
windward for tw < 48 degrees, and ac-

tuai speeds for > 48. This causes
a noticeable discontinuity in rating
difference at 48 degrees, which is
intentional. This does point out,
however, the need to be careful in
distinguishing between a deadbeat and
a close-hauled course for handicapping
purposes.

ILLUSTRATIVE EXAMPLES

Calculations are given for several
hypothetical yachts derived from the
original lines 49-foot length overall
sloop BAYBEA. The hull data are based
on tank tests of a 4.7-foot model run
at M.I.T. in 1967. Rig and inclining
experiment data have been extracted
from subsequent IOR certificates. The
principal characteristics are given in
Table 1.

Table 1. Principal Characteristics
of Sample Yacht Based on
BAYBEA

Length overall 49Q9 ft
Test waterline length, L 35.92
Wetted surface, S 427.6 ft
Test displacement, 31.381 lbs
IOR Righting Mient 2129.5 ft-lbs/

degree
Fore triangle height, I 61.42 ft
Fore triangle base, J 20.5') ft
Main triangle base, P 55.0 ft
Main triangle base, E 14.50 ft
Assumed center of effort 42% of mast

height

The resistance function as repre-
sented by equations (9) (10) and (12)
is plotted in Fig. 6 for the BAYBEA hull
scaled down, for convenience, to an even
35-foot waterline length. The simplified
form of (13) using the IOR inclining re-

sult is used for stability since test
data were not available to compute d2
and d. The position of the center
of effort of the side force, d L, was
taken to be 35% of the draft biow the
waterline in accordance with results
obtained experimentally for other hulls
[8] , [il) . This plot shows the resis-
tance as a function of speed for one-
degree increments of heel angle corre-
sponding to values of stability and
sail area scaled geometrically fron the
data of Table 1.

The same hull is shown in Fig. 7
with the stability reduced to 60% of
the base value. lhile the upright
resistance is obviously unchanged, the
heeled resistance is much less, and
takes on a completely different charac-
ter. In particular, the minimum drag
speed at each heel angle is considerably
lower. One would expect, therefore,
that the helmsman of the less stable
boat would be not as likely to be trapped
on the wrong side of the resistance
curve. Conversely, an increase of
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stability increases the rnininum drag
speed, and tends to narrow the speed
difference between the two solutions
for constant resistance. Hence, a
'lead mine' is much more demanding on
the helmsman than the less stable
boat in this particular respect.

Figure 8 shows the same hull
again, but scaled down to a waterline
length of 20 feet. The plot is made to
the saine scale in order to illustrate
the effect of size on resistance at

equal speeds.

Sample output from the VPP is

shown in Table 2 for the 35-foot yacht
with base stability for true wind
velocities of 5, 10 and 20 knots. This
output gives in great detail the final
equilibrium values for each combina-
tion of wind speed and angle. The
printed values of hull resistance can
be compared with the data plotted in

Fig. 6 for all sailing conditions
where no reeding is present. If the
reefing ratio, r, is less than one,
the height of the center of effort of

the rig is reduced so that Fig. 6 is
no longer applicable.

Figs. 9 and 10 are examples of
the type of analysis which can be per-
formed with the VPP, using the rating
difference output. In Fig. 9, we have
plotted the performance rating dif fer-

ence of the 35-foot yacht resulting
from a 20% change in sail area as a
function of wind speed. The three
solid curves represent the results for

a boat, for a 100° true wind angle
reach, and for a 170° true wind angle

run. The horizontal dashed line repre-
sents the 2.7-foot rating increase in

IOR rating which would result from this
change in sail area. One can see from
Fig. 9, for example, that in a 15-knot
wind the yacht with more sail area can
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10. C 80.3 15.63 29.28 6.591 5.0449 20.4 1.000 757.6 1.25.6 139?. II 9.4, 144.3 13.2

10.0 38.0 19.43 33.92 8.268 4.939 19.9 3.000 42'4.9 107.2 1266.3 S79 21.0
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310.0 I4l.. 19.72 24.90 '. .757 5.068 774, 1.300 179. 1 lOS. I ¶309.0 114,1 29.44 1.4
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20_C 160,0 12.40 1414,52 9.1193 -7,947 9.5 1.000 1059.9 6.41 1492.1 981,1 9.2 4.9

¿0.0 14C.0 4.38 116.69 8.88,9 -6.194 15.1 .070 4493.4 39.) 96.6 1021.1 4.0 '4.1

20.7 120. 3 17. 35 9 3. 07 1 OlI -4. 536 27. 3 I COO 17S6_3 153_S 1844. 1 0144,7 11. 1 5. 9

00.0 300,0 20,37 75.041 '..1384 -1,517 33.0 0.dpl 1569.3 247.4 2050.4 982.4 II.) ',0
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:0.0 49.0 26.38 29.15 7,711 991l 33.3 0.499 859,9 3103.4 23)4.2 4427.1 9.5 2.13
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10.0 '9.12 2',. 49 '44.111 1.433 6,133 '1.2 0.893 741.2 324.1 '769.5 :76.9 7.7 12.0
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NOTE: If solution has not converged, the symbol is printed in place of rating

differences. Note that these only occur for wind angles less than the optimum.

TABLE 2

Sample VPP output for 35 ft. base yacht based on BAYBEA.

VT V-W V4 VB VB( Pli! 4IB? VR 4388M 4Q5(() CR/CB 00 PTO OIP' oi rro OIP
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afford to rate 4.8 feet higher on a
run, but only 0.1 feet higher on a
boar. Hence, the IOR rule increase of
2.7 feet would be too little to account
for the increased running speed, too
much to account for the increased wind-
ward performance, and just about right
on the average for a windward-leeward
race. On the other hand, in alight
5-knot breeze the performance rating
increase far exceeds the rule increase
on all points of sailing, and the con-

verse is true in winds of 20 knots or
higher. This illustrates the impossi-
bility of characterizing the speed of
a yacht under varying wind speeds and
points of sailing by a single rating
and time allowance system. Rating in-
equities for a particular point of
sail far exceed the differences between
existing or proposed rating rule f or-
mulation.

Another example of performance
rating differences is given in Fig. 10.
In this case, the sail area has been
kept constant and the stabiLity has
been increased by 20%. As would be
expected, the performance on a boat
exceeds the IOR expectation, while on
a run it is essentially unchanged.
What is surprising is that the wind-
ward performance rating incréase is.
greater in a 10-knot than ma 20-knot
wind. The explanation can be found,
in part, from a comparison of Figs. 9
and 10. In very light air, small speed
differences generate late time differences
due to the fact that speeds are low and
elapsed times are large. In that case,
anything that increases speed will ex-
ceed the expectation of the rating rule.
On the other hand, in heavy air speed
increases are harder to develop owing to
the steep rise in the hull resistance
curve at high speeds. Consequently,
performance ratings, both due to sail
area and stability, tend to become less
at higher speeds. As we approach ìow
wind velocities, both performance ratings
increase. However, when heel angles
become sufficiently small, the influence
of speed on stability disappears so that
the performance rating due to stability
starts to go back down again. This is,
of course, not true with the sail area
so that the curves in Fig. 9 rise con-
tinually with decreasing wind velocity.

Figures 11-13 show the results of
the calculation of a geometrically simi-
lar fleet of yachts derived from BAYBEA,
with waterline lengths varying from 20
to 70 feet. The plots show the perfor-
mance rating difference relative to the
20-foot "scratch" boat for three differ-
ent points of sailing. Separate plots
are made for three different wind velo-
cities.

These graphs show the extent to
which the effect os size is dependent on

b 15 20
TRUE WIND SPEED-(N0TS

Figure 9. Influence of sail area on
performance rating using NAYRU time-
on distance time allowance formula
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the particular saiJ.ing conditions
encountered in a race. In these graphs
the run is a dead run chosen to empha-

size the plight of the large yacht run-
ning out of apparent wind. If we had
plotted instead the performance rating
corresponding to maximum speed nade
good to leeward achieved by tacking
downwind, the large yacht would not
look quite as bad. The situation is
reversed going to windward where the

large yacht is at a gread disadvantage.

In studying these results, it is
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Figure 13. Effect of size en performance
rating in 20 knot wind.

important to keep in mind that perfor-
mance rating differences are not abso-
lute, but depend on the scratch rating,
as is evident from (28) . The trends,
however, are the same regarciless of
the choice of scratch rating.

These results are provided strictly
as examples of the kind of information
which can be provided by the VPP. More
extensive plots of VPP speed prediction
for yachts of varying size and sail area
may be found in [12) , and a comprehen-
sive study of the influence of the major
speed-producing characteristics of a
yacht is now underway.
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