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Concise list of symbols 

A(w) absorption line shape function 

acquisition time along the t
l
- and t 2-axis 

constant 

c coefficient 
m 

CX complex conjugated of ~ 
m 

D(w) dispersion line shape function 

F x,y,z 
F I ,F2 

g (t) 

H 

I x,y,z 
J 

k 

energy of state Ik> 

total spin angular momentum operator in the x,y,z dimension 

frequency dimensions corresponding to tI and t 2 
filtering function 

Hamiltonian 

statie magnetic field strength 

strength of the irradiated radiofrequency field during 
a pulse 

h/2TI , with h being Planck's constant (h=6.6262 10-34 Js) 

spin angular momentum operator in the x,y,z dimension 

coupling constant 

Boltzmann's constant (k=I.3807 10-23 JK- I ) 

thermal equilibrium magnetization 

transverse magnetization 

magnetic quantum number of state Ik> 

population of energy level k 

PN noise power 

R (a) rotation operator for a pulse with flip angle a applied 
x,y,z along the x,y or z-axis 

s 

T 

TI 

T2 

* T2 

amplitude 

frequency domain signal 

time domain signal 

(I) temperature 

(2) time 

longitudinal relaxation time 

transverse relaxation time 

decay constant describing inhomogeneity and transverse 
relaxation 

length of the evolution period 

running time during the detection period 

unit 

s 

J 

-2 
Whm 

Wh m-2 

K 

s 

s 

s 

s 

s 

s 
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y magnetogyric ratio mA-1s- 1 

Ö chemical shift 

lil ,1I2 , 1I3 delays s 

T delay s 

<P phase angle rad 

'I' phase angle rad 
\{I wave function 

cr density matrix 

n angular frequency rad s-I 

~ angular frequency of the rotating frame rad s-I 

wl,w2 frequency variables rad s-I 
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INTRODUCTION 

In 1945 the groups of both Bloch (I) and Purcell (2) succeeded in detecting 

nuclear magnetic resonance (NMR) absorption in bulk matter. This energy ab

sorption was observed by irradiating the sample with a radiofrequency field 

and varying the strength of the magnetic field. The combination of the mag

netic field strength at resonance and the frequency irradiated gives infor

mation about the chemical environment of the nucleus considered, i.e. the 

chemical shielding of the nucleus by the surrounding electrons (3). When 

field homogeneity was improved, and hence resolution enhanced, a new feature 

in magnetic resonance appeared: the spin-spin coupling (4,5). This opened the 

opportunity to the development of an extension of the technique with double 

resonance spectroscopy (6). In double resonance one frequency is irradiated 

at the resonance frequency of a certain nucleus while another nucleus is ob

served by sweeping the frequency of the observe transmitter through resonance 

condition. In these experiments the scalar interaction between the nuclei is 

the basis for investigations about the connectivity (7) in the spin system 

and the relative signs of coupling constants (8). Investigations were mainly . 

limited to the abundant IR nucleus which, due to its high magnetogyric ratio, 

offers best sensitivity. When Ernst and Anderson (9) introduced the applica

tion of Fourier transformation of pulse responses in NMR spectroscopy (1966), 

this improved the sensitivity significantly. The gain in sensitivity allowed 

the spectra of many nuclei to be recorded routinely, including the rare but 
. 13 15 
1mportant C and the N nuclei. Due to the extensive amount of arithmetic 

needed for performing the Fourier transformation, in the early seventies 

computers were integrated in NMR spectrometers. Another task of this compu

ter was the (indirect) control of the spectrometer, enabling the execution 

of the growing number of sophisticated experiments as e.g. longitudinal and 

transverse relaxation measurements (10,11), DEFT(12), SEFT(13), Rapid Scan 

(14), and selective population transfer experiments (15). The double reso

nance experiments maintained their function, most commonly for the assignment 
I 13 of spectra of homonuclear ( R) or heteronuclear ( C) coupled spins. In these 

experiments a pulse response is acquired while a certain part of the spectrum 

is irradiated with a continuous monochromatic radiofrequency field. The re

sulting spectrum is a function of two frequency parameters; one frequency co

ordinate is obtained af ter Fourier transformation of the pulse response, and 

the other is determined by the frequency of the irradiating r.f.field. Only 

a Fourier transformation with respect to one time variable is performed in 

this case. 
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Jeener (16) was the first (1971) to propose the idea of two-dimensional 

Fourier transformation of an NMR signal obtained as a function of two time 

variables, yielding a spectrum which is a function of two frequency variables. 

Jeener proposed his experiment as an alternative for the homonuclear double 

resonance experiments. It was much later (1976) before a detailed and rather 

complex theoretical description of two-dimensional Fourier transform NMR was 

presented by Ernst and co-workers (17). They extended the applicability of 

the principle to the indirect detection of multiple quantum transitions, 

which was only partly possible with the conventional one-dimensional expe

riments (18,19,20). Their publication was rapidly followed by an avalanche 

of new experiments using the concept of two-dimensional Fourier transforma

tion. The , three main categories which can be distinguished are: 

(a) Shift correlation spectroscopy 

This class of experiments can be considered as an alternative for the 

double resonance experiments, correlating the shifts of coupled nuclei, 

exchanging nuclei or nuclei which have a cross-relaxation interaction. 

(b) J-spectroscopy 

In two-dimensional J-spectroscopy the two parameters determining the re

sonance positions in a spectrum, i.e. the chemical shift and the scalar 

coupling are separated. 

(c) Multiple quantum spectroscopy 

Two-dimensional Fourier transformation experiments facilitate the detec

tion and enlarge the applicability of multiple quantum transitions. 

In this book an attempt will be made to expl<iin the theory of the most im

portant two-dimensional experiments in an elementary way. A main goal is 

that it can be used by chemists as a practical guide for the use of two-di

mensional spectroscopy. The description will be limited to experiments on 

substances in the isotropic liquid phase. A survey of the different two-di

mensional experiments available to date, their applicability and their prac

tical limitation wil! be presented. New contributions by the author wil! be 

integrated in this survey. 

In the first chapter some general aspects of two-dimensional NMR will be 

discussed. Apart from a quantum mechanical treatment also a classical and 

illustrative description of a simple two-dimensional NMR experiment will be 

given. Furthermore, the technical aspects, concerning data-processing and 

presentation will be considered. 

The bhree main categories mentioned above will be treated in the chapters 

2, 3 and 4 respectively. 
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Principles of all three categories will be used in chapter 5 where a set 

of new experiments is described, all concerning the detection of interaction 

between carbon-13 nuclei in samples with natural carbon-13 abundance. 

In chapter 6 a short summary will be given of which two-dimensional methods 

can be of practical use in solving certain problems. 

Until now no quantitative comparison of two-dimensional spectroscopy with 

the conventional double resonance experiments has been made. However, it is 

generally believed that both resolution in the second frequency dimension 

and sensitivity of the two-dimensional methods are generally higher. In the 

final chapter 7 a survey will be given of those spectrometer requirements 

which are more critical for two-dimensional spectroscopy than for performing 

sophisticated one-dimensional experiments. As the shift correlation experi

ments can be automated in such a way that hardly any understanding of the 

actual two-dimensional experiment is required by the operator, it can be ex

pected that in future the double resonance experiments will almost completely 

be replaced by two-dimensional spectroscopy. Since the extra demands mainly 

apply to the computer part of the spectrometer, and the costs of this part 

are still decreas~ng, this probably will not stop a further development of 

two-dimensional NMR. 

Since part of the research work which has led to this book has been per

formed in the group of Dr. R. Freeman in Oxford, many of the spectra shown 

in this book are recorded on a Varian XL 200 spectrometer, available in his 

laboratory. The other spectra are recorded on a home-built 7T HR-NMR spec

trometer (21). 
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II 

GENERAL ASPECTS OF TWO-DIMENSIONAL NMR SPECTROSCOPY 

1.1 Introduction 

In this book a two-dimensional (2D) spectrum S(W
I 

,w
2

) ~s defined as a 

spectrum which is a function of two independent frequency variables w
l 

and w2 ' and is obtained af ter a two-dimensional Fourier transformation of 

a time function s(t
l
,t 2). The two frequency axes of such a spectrum will 

be labelled FI and F2 instead of w
l 

and W2 . As will be shown, the informa

tion content of such a 2D spectrum depends entirely on the experimental 

scheme used. However, as has been shown by Ernst and co- workers (1), 

it is possible to give a general quantum mechanical description, which in

cludes almost all two-dimensional NMR experiments. 

In this chapter a simplified version of this quantum mechanical descrip

tion will be given, followed by an illustrative but less gener al classical 

approach, in combination with some experimental aspects of two-dimensional 

spectroscopy. Relaxation effects and magnetic field inhomogeneity will be 

neglected in this chapter unless explicitly stated. 

In principle in all two-dimensional experiments four different time-inter

vals can be distinguished, (a) a preparation period, (b) an evolution period, 

(c) a mixing period (which may be absent) and (d) a detection period (Fig. 

* 1.1). The signal is detected as a function of the running time variable t 2 , 

with the length of the evolution period tI as a parameter. By repeating the 

experiment for a large number of different times tI' keeping all other set-

I I I 
preparation I evolution I mixing I detection 

I I I 
I I I 
I I I 
I I I 
I L..... f tI 

~ I h 
1 1 1 

Fig.!.! General subdivision of the time axis in a two-dimensional experiment. 

* 

The preparation period usually consists of a long delay time, to reach 
thermal equilibrium, followed by one or more r.f.pulses at the end. 
During the evolution period the (non-equilibrium) spin system evolves. 
The delay time tI is varied in the successive experiments. The mixing 
period consists of pulses and delays with fixed lengths. During the 
detection period the signal is acquired as a function of t 2 . 

In this study detection during the time t2 ~s always assumed t o be in 
the quadrature mode. 
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tings constant, a two-dimensional time signal s(t
l
,t 2) is obtained. In the 

corresponding two-dimensional frequency spectrum, the behaviour of the spin 

system during both evolution and detection periods is shown simultaneously. 

Of ten the correlation between these two behaviours is the useful extra source 

of information. 

1.2 Quantum mechanical description 

A simplified general quantum mechanical description of two-dimensional NMR 

spectroscopy is given below. The effects of relaxation are not taken into 

account. Since the treatment relies on the use of the density matrix (2) 

p. 127-134 to describe the spin system, a short introduction of this density 

matrix will be given first. 

I .2. I 

It is well-known that in an isolated spin system there are only a limited 

number of stationary wave functions, i.e. eigenstates . In a coupled spin sys

tem, consisting of N coupled spin 1/2 nuclei, there are 2N different e.igen

states . The eigenstates will be labelled I I> , 12> , etc., and the corresponding 

energies are EI' E2 , etc. The state ~ of a certain isolated spin system can 

always be described as a linear combination of eigenstates: 

[1.1] 

The expectation value <A> of an operator A is given by 

tl. 2] 

in which <mi Aln> is a constant A which is independent of the particular 
mn 

state ~ of the system . In the case of a macroscopic sample, the eigenfunc-

tions are the same over the whole sample , but the coefficients cn may vary, 

and hence the expectation value will be ensemble average of the expectation 

values of operator A for all individual spin systems : 

<A> = ~ ~ -;X~A n=1 m=1 m n mn 
[1.3] 

The quantities 
-,,-

can be considered matrix element s of matrix cr, c c as cr a 
m n nm 

and it is this matrix that ~s called the density matrix. The coefficients 

c are complex and can be written as n 

c = Ic lexp(ia ) . 
n n n 

[1.41 
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Using the assumption that cn and a n are statistically independent, it then 

follows that density matrix element anm can be written as 

° run 
I c 11 c I exp {i (ex -ex )}. 

n m n m 
[1.5] 

An element 0run will have a value not equal to zero if the product Icnllcml 

15 not equal to zero and if the average value of exp{i(a - a » is not zero, n m 
i.e. if there is a coherence between the phases am and an' Therefore anm de-

scribes the phase coherence between the states In> and Im> . If in the stat es 

Im> and In> only one spin differs in polarization, by one unit, such a co

herence corresponds, due to the select ion rules (2 p.13) , to physically ob

servable transverse magnetization. A coherence between two states Im> and 

In> in which more than one spin differs in polarization, or one spin differs 

by more than one unit, is called a multiple quantum coherence, in literature 

of ten also referred to as multiple quantum transition. A diagonal matrix 
N 

element arom in a normalized density matrix (J=I ann = I) is equal to the re-

lative population of level m. As follows immediately from Eq. II. 5], the den

sity matrix is always Hermitian, 1.e. a = a X 

mn nm 
The time dependence of a state W in a physical environment desc~ibed by the 

time-independent Hamiltonian ft follows from the Schrödinger equation: 

1'ld W 
- I dl: HW. 

Substitution of Eq. [; .IJ and solving the differential equation gives 

-Ir( t) = 
N 
L 

n=1 

[1.61 

[1.7] 

where cn(O) denotes the coefficient cn at time zero. Using the assumption 

that ft is constant over the whole sample, the time dependence of a is denm 
rived from Eqs. [1.4], [1.5] and [1.71: 

0nm(t) = exP t i(E - E )t/n} ° (0) m n nm 
[1.8] 

where 0nm(O) is the density matrix element at time zero. More general the 

dynamic behaviour of the density matrix is described by 

O(t) exp(-iHt/n) o (O)exp(iHt/t), [1.9] 

assuming again that the Hamiltonian H 15 time-independent. 

All derivations given 50 far are based on a description in a laboratory 

frame. Since in practice a radiofrequency field of frequency ~R/2n and a 

lock in detector with the same reference frequency are used to observe the 
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spin system, it is useful to transform all equations t o a frame, rotating 

with frequency n
R

/2TI about the z-axis , which is chosen t o be parallel to the 

magnetic field. In the Schrödinger representation this can be done by re

placing any opera t or Ä by an operator AR (see ref.(3) p. 13) : 

[I. lol 

where Fz is the total spin angular momentum operator along the z-aX1 S: 
_ N 

F = L z n=1 

The density matrix 1n the rotating frame lS then given by 

[I. III 

[1.1 2] 

The development through time oE a density matrix element 0Rmn(t) is, analogous 

to Eq. [1.8] described by 

°Rmn(t) exp{i(m - m )nRt }exp(iw t) OR (0), m n mn mn 
[I. 131 

where wmn = (Em- En)/h and mn denotes the total magnetic quantum number of 

state In>. All discussions below, will be in the rotating frame and therefore 

the index 'R' will be omitted . 

The effect of a pulse with flip angle a , applied along the x-axis of the 

rotat ing frame can be calcu la ted us ing Eq. [1.91, and is described by a rota

tion operator R (a), which relates the density matrix 0 ' af ter this pulse to 
x 

the old one, according to 

where Rx(a) can be calculated from 

R (a) 
x 

and 

F 
x 

[1.14] 

[I. IS] 

[1.161 

A similar rotation operator R (a) can be used to describe the effect of a 
y 

pulse applied along the y-axis. 

For a weakly coupled N spin-! system, explicit general expressions for 
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R (a) and R (a) have been derived by Schaüblin et al. (4) . 
x y 

1 .2.3 

In principle the tools g iven in the previous t wo sec tions, a r e sufficient 

to calculate the evolution of t he spin sys t em during any kind of pulse se

quence, pr ovided that expressions for the Hamiltonian Hand the rotation 

operators Rare availab l e . 

In this section it will be poin t ed out how t o calculate the rela tion be

tween the initial thennal equilibrium spin system and the signals detected 

in a two-dimensiona l experiment . For r easons of simplicity relaxa tion will 

be neglected and a time-independent physical environment (apart from applied 

r.f.pulses) will be assumed. 

As pointed ou t ln section 1.1, the two-dimensional experiment consist s 

ba sically of four periods: the preparation period, the evolution period, the 

mixing period and the detection period. The f ollowing notations for the den

sity matrix will be used t o describe the spin system a t a cert ain time: 

o 
eq 

- thennal equilibrium 

0 (0) - at the end of the preparation period 

O( t 1 ) 

0 (t 1,0) 

-

-

at 

a t 

the end 

the end 

of the evolution period 

of the mixing period 

0( t 1,t 2) - at time t 2 during the detection period. 

Below, the rela tions between 0eq' 0 (0), 0 (t 1), 0( t 1,0 ) and 0(t 1,t 2) will be 

di scussed. 

The preparation period 

The first part of the preparation period usually consi s ts of a delay time 

long compared with the longitudinal relaxation time of the nuclear spins. 

At the end of the preparation period, usually a non-equilibrium spin system 

is created by means of a pulse sequence. Which pulse sequence is used, de

pends on the type of experiment. 

A few examples are given below: 

* (1) Single non-selective (Tr/2) pulse 
x 

* The following names will be used in this study to indicate different types 
of pulses: 
line-selective pulse - pulse affecting only the magnetization which corres
ponds to a certain resonance line, 
multiplet-selective pulse - pulse affecting all magnetization components 
corresponding to resonance lines in a certain multiplet in an identic~l way. 
Other magnetizations are unaffected. 
nuc1eus-selective pulse - puls·e affecting all magnetization components cor
responding to a certain type of nuclei (e.g. protons) in an identical way. 
non-selective pulse - pulse affecting all magnetization components in an 
identical way. 
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A single non-selective (n/2)x pulse at the end of the preparation period is 

used in for example homonuclear shift correlation spectroscopy (section 2.3) 

and homonuclear J-spectroscopy (section 3.3). In this case the relation be

tween 0 and 0(0) is found by using Eqs. [1.14], [I. IS] and [1,16] 
eq 

0(0) = exp(in/2F)0 exp(-in/2F) . 
x eq x 

[I. 17) 

(2) Single nucleus-selective (n/2)x pulse 

A single selective (n/2) pulse, affecting only one nucleus (or type of 
x 

nuclei) is used at the end of the preparation period in for example hetero-

nuclear shift correlation spectroscopy(section 2.3) and heteronuclear J

spectroscopy (section 3.2) . The relation between 0(0) and 0 is analogous eq 
to Eq. [1.17) given by 

0(0) = exp(in /2Î)0 exp(-in/2Î), 
x eq x 

[1.18) 

where Î is the spin angular momentum operator of the irradiated nucleus. 
x 

(3) Non-selective (n/2)x- T - (n/2)x sequence 

In ~any multiple quantum experiments (chapter 4) two non-selective (n/2)x 

pulses spaced by a time delay T are used at the end of the preparation 

period, o (O) can then be calculated by using Eqs. [1,9) and [1,14): 

0(0) = exp(in /2F )exp(-iHT/n)exp(in/2F) 0 exp(-in /2F) x 
x x eq x 

x exp(iHT/n)exp(-in /2F ). 
x 

[1.19) 

If this sequence is applied to a coupled spin system, explicit calculation 

shows that 0(0) generally contains matrix elements 0mn(O) * 0, even if more 

than one spin differs in polarization in the stat es mand n, thus describing 

multiple quantum coherence. 

Th e evolution pepiod 

During the evolution period the non-equilibrium spin system evolves under 

influence of a physical environment described by Hamiltonian H. The relation 

between 0(0) and o (t
l
) is then given by Eq. [1.9) : 

[1,20) 

However, in many experiments {e . g . heteronuclear shift correlation (section 

2.3) and J-spectroscopy (chapter 3) the evolution is interrupted by the 

application of a (nucleus)-selective n pulse in the centre of the evolution 

period. 
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In this case a(t l ) is given by 

exp(-i Rt l /2n)exp(i11F)exp(-i fit l /2'h)a(O)exp(i Rtl /2n) x 

x exp(-i11F) exp(i Rtl /2t) . 

[1.21] 

Usually a cumbersome explicit calculation, using Eq . [1.21] can be avoided by 

defining a new Hamiltonian H, which describes the average effect of the phy

sival environment over the total evolution period t" including the effect of 

the 11 pulse. In many cases the form of H is rather straight forward, e.g. in 

homonuclear J-spectroscopy (section 3.3) it is found by taking out the terms 

in H which describe the interaction with the stat ic magnetic field (only per

mitted in the case of weak coupling) . 

For example 1n the case of a homonuclear coup led AX spin system one finds 

H [1. 22a] 

H [1.22b] 

where y is the magnetogyric ratio, 0A the chemical shift of nucleus A, Ho the 

strength of the magnetic field, and J the coupling constant . 

The mixing per iod 

The mixing period usually consists of a single non-selective pulse {e . g 

homonuclear shift correlation (section 2 . 3) and homonuclear multiple quan

turn spectroscopy (chapter 5) } or a set of nucleus-selective pulses {e.g . 

heteronuclear shift correlation (section 2.2)}, possibly preceded and fol

lowed by delays 6 1 and 6 2• Generally the mixing period is thus of ten of 

the form (61-pulse(s)-~2). In order to obtain some explicit results, the 

delays ~I and ~ 2 will not be taken into account in the following discus

sion, and a mixing period consisting of only one pulse or a set of pulses is 

assumed. The density matrix af ter the mixing pulses a (t l, O) is related to 

o(t
l
) by: 

[1.23a] 

with 

R [1.23b] 

In Eq . [1.23b] it 1S assumed that nucleus n feels a pulse with flip angle en 

applied along the x-axis. For a spin system of N non-equivalent weakly 
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coupled spin 1/2 nuclei the rotation operator R can be represent ed by a 

2N x 2N matrix, with elements ~l. Using this concept, the transfer due to 

the pulse(s), from a density matrix element ° (tl) to a matrix element 
mn 

OkI (tl' 0), denoted by 0kl,mn(t l ,0) is given by 

-I 
0kl (tl,O) = (R )k R 10 (tl)· ,mn m n mn 

The detection period 

[1.24] 

During the detection period, the density matrix at time t 2 can be calcu

lated using [1.9]: 

[1. 25] 

The detected transverse magnetization is then given by 

[1.26] 

where C is a constant proportional to the magnetization in thermal equili

brium (Mo). 

For the detected transverse magnetization Mtr(kl),(mn) which co rresponds 

to coherence kl and which originates from coherence mn during the evolution 

period one finds from Eqs. [1.13], [1.20], [1. 24], [1. 25] and [1.26] 

Mtr (kl),(mn)(t l ,t 2) = C{Zkl,mnexp(iwmntl)exp(iwklt2) + 

+ Zkl,nmexp(-iwmntl)exp(iwklt2) 

with Zkl defined by ,mn 

The total detected signal is given by 

2N 2N 2N 
. Mtr (t l ,t 2) = kE=1 t=k. J=I 

2N 

J=m Mtr (kl),(mn)(t l ,t 2). 

[1.27] 

[1.28] 

In the case of a mixing pul se wi th fl ip ar.gle TI /2, or a set of mul t ipl et

selective mixing pulses each with flip angle TI/2, or if m * k,l and n * m,k,l 

it can be derived (I) that 

[1.29] 

Eq. [1.27] then can: be simplified to the form 

[1.30] 
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where ~kl i s a constant. ,mn 
Eq. [1.301 shows that the part of a detected magnetization which corresponds 

with coherence kl and originates from coherence mn is modulated in amplitude 

as a function of tI' with the frequency W 
mn 

A complex two-dimensional Fourier transformation of signals of the form 

of Eq. [1. 27) ,vill give two resonance lines, one at (w1,w2) = (wmn,wkl ), 

provided that Zkl,mn =1= 0 and one at (-wmn' wkl ) provided that Zkl,nm =1= O. 

If m = k and n = 1 the peaks will fall on the diagonals w
l
= ± w2 ' and are re

ferred to as diagonal peaks (Fig.I.2). In the case where mn and kl are dif

ferent coherences, with generally different frequencies, the corresponding 

peaks are referred to as cross-peaks. In the case where m = n and thus 

W = 0, the peaks E ll on the line w
l
= 0 and are referred to as axial peaks. 

---!!!!!.-
These peaks represent the transfer from diagonal density matrix e lements 

(corresponding to longitudinal magnetization) into observable transverse mag

netization ... These peaks thus contain information about the longi tudinal 

relaxation process during the time tI' but they are generally only of little 

interest, and can obscure the presence of other, much smaller resonances in 

the spectrum, because they can be of high intensity and can have long tails. 

Ther efore, one usually tries to eliminate these peaks. 

In the case of pure amplitude modulation (Eq. [I . 30) )the spectrum wil I be 

F, - 0 
0 

eC 0 A 0 ec 

F:z 

eC A ec 0 

Fig.1.2 Schematic diagram of a two-dimensional spectrum. Axial peaks are 
indicated with 'A', diagonal peaks with 'D' and cross peaks with 
'c'. Since the positions of the peaks are symmetrical about the 
line FI= 0, usually only the left or the right half of the spectrum 
is ca l cu lated and displayed. 



20 

symmetrical about the line F
I
= O. In that case a real Fourier trans format ion 

with respect to tI should be used (see section 1.5.2), yielding only the 

right half of the spectrum of Fig. 1.2, with the left (identical) half 

folded on top of it. 

A practical example of a density matrix calculation using the theory de

scribed above is given in Appendix I. 

I .2.4 

As follows from Eq. [1.27) it is generally possible to transfer part of a 

coherence or the total coherence present between levels mand n to coherence 
-I 

between levels k and 1, provided that the rotation matrix elements (R )km 
-I 

and Rnl and/or the elements (R )kn and Rml are not zero. If both coherences 

mn and kl are single quantum coherences, this means that magnetization ~s 

transferred from one coherence to the other. However, there appears to be 

a restriction on the transfer of magnetization from one nucleus to another: 

As will be shown below the magnitude of the total magnetization of a nucleus 

has to be unchanged just before and just af ter a (set of) mixing pulse(s), 

provided that the pulses can all be considered as non-selective, nucleus-selec

tive or multiplet-selective (see footnote section 1.2.3). 

Consider again a system of N weakly coupled spins, described by a density 

matrix a. The magnetization corresponding to a nucleus m is given by 

Cl = x,y,z [1.31) 

A general set of mixing pulses is described by a rotation operator R of the 

form of Eq. [1.23) and af ter these mixing puls es the density matrix 0 ' is 

given by 

N 
0' = { TI 

n=1 
exp(-i8 Îx )}, 

n n 
[ 1.32) 

For the magnetization of nucleus maf ter the pulses one finds by substitu

tion: 

exp(-i8 Îx )}) 
n n 

[1.33) 

exp(i8 Îx ) }a) 
n n 

Tr[exp(-i8 Îx )ÎN exp(i8 Îx )0) m m "'m m m 

Cl = x,y,z 

since r Îx ,ÎN ) 
m "'n o for n *" m. 
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Using 

[1.34] 

and cyclic permutations, one finds from Eq. [I .33] 

M' Xm MXm [1.35] 

M' Ym cos( 8m)MYm + sin(8m)Mzm 
M' Zm cos( 8m)Mzm - sin(8m)MYm 

From Eq.[ 1.35] i.t follows that the total magnitude of the magnetization of 

nucleus m, (M~m + M~m + M;m)!' just before and just af ter the mixing pulse 

is unchanged, i.e. no net magnetization is transferred from one nucleus to 

another. This means that the transferred multiplet components are in anti

phase, just af ter the mixing pulse. However, a time t 2 later, af ter they 

have precessed with different frequencies, net transferred magnetization 

can be present. 

1.3 Coherence transfer echoes 

An important phenomenon in many two-dimensional NMR experiments is the ex

istence of coherence transfer echoes . A detailed theoretical description of 

the coherence transfer echo has been given by Maudsley et al . (5). In this 

section only a short and simple mathematically oriented explanation will be 

given . All frequencies used in this section are frequencies in the labora

tory frame. As will be shown below there appears to be a coherence transfer 

echo effect in all two-dimensional NMR experiments where the magnitude of 

a detected coherence kl is modulated as a function of tI' In this case th e 

detected transverse magnetization can analogous to Eq. [1.30] be written as 

Neglecting the phase constant ~ , Eq. [1.36] can be rewritten as 

Mtr (kl),(mn)(t l ,t 2) = !C[exp{i(-wmnt l + wk1 t 2) } + 

+ exp{i(wmnt l + wkl t 2)}] 

[1.36] 

[I. 37] 

Thus the signal detected during t
2 

can be considered as the sum of two 

magnetization components which have phases at t 2= 0, modulated in oppos ite 

sense as a function of tI' Apart from the effect of scalar interaction both 

wmn and wkl are linearly dependent on the magneti'c field strength. This im

plies that the frequency ratio wmn/w
kl 

is independent of the magnetic field 
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strength . From substi.tution of 

[1.38) 

in Eq. [1. 37), it can be seen that at time t 2 the phase of the signal de

tected, corresponding to the first part of Eq . [1.3~ will be independent 

of the magnetic field strength to first order. In the case of magnetic 

field inhomogeneity the magnetic field strength varies for different parts 

of the sample, but at the time t~, given by Eq. [1.38), magnetization com

ponents Mtr(kl) ,(mn) have identical phase in the whole sample, as far as 

the first term at the right hand side of Eq. [1. 37) is concerned. This means 

that a so- called coherence transfer echo is formed. The magnetization cor

responding to the second term of Eq. [1.37) which does not refocus during 

t 2 is generally referred to as antiecho . 

Note that if for example rnagnetization is transferred from a single quan

turn prot6n transition to a carbon-13 transition, it follows irnrnediately 

from Eq. [1.38] that the centre of the echo occurs at t 2= 4tl' The echo and 

antiecho signals can be separately detected by using suitable phase cycling 

(6,7,8) or by using pulsedfield gradients (9). Distinguishing between echo 

and antiecho signals is of irnportance in hetero- and homonuclear correla

tion spectroscopy (sections 2 . 2.3 and 2 . 3 .2) and in multiple quanturn spec

troscopy (sections 4.4.2 and 4.4.3). 

The definition of a coherence transfer echo given 1n this section i~ wi

der than in the original paper by Maudsley et al. (5), since now cases in 

which coherence is transferred from one multiplet component to another one 

within the same multiplet are also included. 

1.4 Classical description of a simple two-dimensional experi

ment 

The quantum mechanical treatment given in section 1.2 is suffic.ienb. to 

make a detailed analysis of most two-dimensional experiments, but it gives 

little insight into what 1S happening physically. In this section an example 

of a 2D experiment will be given , which can be completely described classi

cally, using the Bloch equations (10). 

A set of isolated (non-coupled) nuclear spins in a homogeneous magnetic 

field with strength Ho is considered. In this example the preparation period 

consists of a time long compared with the longitudinal relaxation t·Îlme TI 

of the spins. So, at the end of the preparation period, a magnetization will 

exist, with magnitude Mo' pointing parallel to the magnetic field. Af ter 
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the preparation period, during a time ti a r.f.field with strength Hl is 

switched on along the x- axis of a frame rotating with frequency ~R close to 

the resonance frequency yH of the nuclear spins (Fig. 1 . 3a). Neglecting 
o 

off-resonance effec t s, the magnetization will rotate during ti with angular 

frequency ~I= YH I about the x- axis in the yz plane (Fig. 1.3b) . Af ter switch

ing off the r.f . field the magnetization will precess with angular frequency 

~ = yH - ~ about the z-axis in the rotating frame. Using quadrature detec-
2 * 0 R 

tion the signal will then be given by 

[1.391 

The decay of the magnetization during evolution and detection periods is 

expressed by h d T(I) t e ecay constants Z d T( Z) an Z respectively. Since in 

practice the 
( I) 

decay rate T2 will be very short due to inhomogeneity of 

the Hl- field, longitudinal relaxation during the evolution period can be 

neglected. 

Fourier transformation of the response obtained for a certain value of 

tI g ives 

[1.401 

with 

I + 

where A and D indicate absorption and dispersion respectively. 

Fig.I.4a shows a set of spectra obtained this way for different values of 

tI' 

Only the real part of S(tl,w Z) is shown . 

A cross-section parallel to the tl-axis for w
Z

= ~Z is th en described by 

[1.411 

Real Fourier transformation of this cross- section with respect to tI' and 

only considering positive frequencies, will then yield a resonance line 

* In quadrature detection the x- and the y- components ~ and M of the 
transverse magnetization Mtr' which makes an angle ~ 2tZ withYthe y-axis, 
are detected simultaneously . This gives for the two components along the 
y- and x- axis : Mv= Mtrcos(nztZ) and Mx= Mtrsin(nztZ)' Hence, the complex 
quadrature signai s(tZ) can be written as : s(tZ) = My + iMx= Mtrexp(inztZ)' 
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Fig.I.3 (a) The scheme of the two-dimensional experiment as discussed in 
the text. The preparation period consists of a long delay only. 
During the evolution period astrong r.f.field Hl is applied. The 
mixing period is absent in this experiment. 
(b) The precession with frequency yHI during the evolution period 
of the magnetization Mo about the x-axis. 

8) b) --y---

-0/- -

\t 1 F. 

1" al 

--------~~------

Fig.I.4 (a) The absorptive part of a set of spectra which are modulated as 
a function of tI' 
(b) A two-dimensional spectrum obtained from (a) by Fourier trans
formation of cross-sections parallel to the tl-axis. 
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[1.4Z] 

where AI(w l ) and DI(W I) are defined in a similar way as A2(WZ) and D2 (W 2) 

but with the indices 'z' replaced by 'I'. 

Fourier transformation of all the cross-sections through the real part of 

S(tl,wZ) for different values of wz ' parallel to the tl-axis, gives 

(' S(WI,wZ) = MoÜA2(WZ)AI(WI) + AZ(WZ)DI(W I)}. [1.43] 

The imaginary part of this signal represents a double absorption Lorentzian 

line with its centre at (w I ,w 2) = ([21,[22) (Fig.I.4b). 

Practical use of this experiment can be made for mapping the magnitude 

of the r.f.field Hl as a function of the position in the sample. If a 

strong linear field gradient G is applied along one of the axes, e.g . the 

z-axis, the sample can be divided into a large number of layers perpendi

cular to the z-axis, each with a magnetic field strength linearly dependent 

on zand resonance frequency 

[1.44] 

Each layer will give rise to a two-dimensional absorption line, but at an 

wz-frequency proportional to z, and, neglecting off-resonance effects, at 

an wl frequency determined by the magnitude of the Hl-field in the layer 

considered. The magnitude of the r.f.field can thus be mapped as a func

tion of position. 

As an illustration in Fig.I.5 the r.f.field strength in a home-built 

probe for 300 MHz is shown as a function of position in the sample . 
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Fig . I.5 

I . 5 . 

I 
10kHz 

/ 
20kHz 

Two- dimensional graph of the strength of the Hl field in a 300 MHz 
probe as a function of the vertical position (z) in the coil. The 
method used is described in the text . 

Different kinds of modulation 

As has been pointed out earlier, the principle of two-dimensional spec

troscopy relies on the fact that spins detected during a time t 2 remember 

what happened to them during a previous time interval with length tI' This 

history can effect either the phase or the amplitude of the magnetization 

corresponding to these spins which is detected during the time t 2 . These 

two kinds of modulation are known as phase modulation and amplitude mo-

dulation respec tively ( I I) . In some exper iments a combination of these two 

kinds of modulation arises . In the case of phase modulation it is possible 

to determine the sign of modulation frequency, while in the case of amplitude 

modulation this is generally not possible . Determination of t he sign of the 

modulation frequency is important in almost all 2D experiments since usually 

some are positiveand some are negative if the transmitter frequency is 

placed in the centre of the spectral region of interest (see e.g . sections 

2 . 2. 3 and 2.3.2). Furthermore, distinguishing between the different kinds 

of modulation is of importance, because it determines the kind of line 

shape which can eventually be obtained in the 2D spectrum . 
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1 .5. 1 

In the case of phase modulation (see e.g. section 3 .1 ) the phase of a 

magnetization component at the beginning of the detection period is a li

near function of the length tI of the evolution period. The time domain 

signal can then be written as 

[1.45] 

in which C is a complex amplitude factor, and exp(inlt
l
) expresses the 

phase dependence on tI of the signal which 1S detected during t 2 and ro

tates with angular frequency n 2 • The decay of the signal during evolution 

and detection period is expressed by the decay constants T(I) and T(2) 
2 2 

respectively. 

A complex two-dimensional Fourier transformation can be considered as 

two successive one-dimensional final time Fourier transformations: 

C 
FTI 
J exp(iw tI) 

o 1 
[ 1.46) 

where FT I and FT2 are the Fourier transformation times along the tl-and 

t 2-axis. 

Fourier transformation with respect to t
2 

gives: 

[1.47) 

with A2 (w2
) and D2 (w 2) defined in Eq. [1.40) . 

This represents a set of spectra for different values of tI' with phase 

nlt r Fig. 1.6 shows the real part of the Fourier transform for the case of 

a positive and a negative value of r/ I . The negative frequency corresponds 

to a right hand screw, a positive n l corresponds to a left hand screw. 

Information about the sign of the modulation frequency is thus present. 

A complex Fourier transformation of Eq . [1.47) with respect to tI gives 

S(w
l

,W
2

) = C{A
I

(W
I
)A

2
(W

2
) - DI (W

I
)D

2
(W

2
) + iA

I
(W

I
)D

2
( W

2
) + 

+ iD
I

(W
I
)A

2
(W

2
)}. 

[1.48] 

As can be seen from this equation, the sign of the modlllation frequency 

is automatically determined. The practical realization of this complex two

dimensional FOllrier transformation is explained in section 1.8. Supposing 

that the instrumental constant C is adjusted to be real, the real part of Eg. 

[1.48] represents a complicated line shape which consists of a superpo

sition of a two-dimensional absorption and a two-dimensional dispersion 
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Fig.I.6 Aresonanee line modulated in phase as a funetion of tI by (a) a 
negative and (b) a positive modulation frequeney. 

Fig.I.7 Computer simulations of the phasè twist line shape obtained in many 
two-dimensional NMR experimem:s. A vertical section through this 
solid shows a dispersion mode shape, far from resonance, (a). with 
a gradual progression (b,c) towards a pure absorption mode section 
at exact resonance, (d). From ref.(II). 
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line shape (Fig . 1.7 ) . 

It appears to be impossible in general to modify this so- called phase

twisted line shape into pure two-dimensional absorption by means of any 

s impl e phase correct i on routine. The width of this line lS thus essentially 

determined by the width of the broad dispersion contribution. 

If besides the signalof Eq . [1.45) another so- called revers ed precession 

signal of the form 

[1.49) 

is also available , adding or subt r acting th e two signals causes cancella

tion of th e dispersion contribution (12). In fact, if the addition or sub

traction is done before Fourie r transformation, thi s becomes a case of 

amplitude modul at ion. It is a general result that an amplitude-modulated 

* signal can be decomposed into the sum of two phase-modulated s i gnals . 

If the amplitude of a magnetization component ln the transverse plane a t 

the beginning of the de t ect i on period is an oscillating function of the 

time tI' while its phase is independent of tI' this is call ed amplitude 

modulation (see e .g. section 1.4). The signal is then describ ed by 

[1 . 50) 

Again th e two-dimensiona l Fourier transforma tion is split into two one

dimensional Fourier transforma tions. Af t er Fourier trans format ion with 

respect to t 2 , and provided that the instrumental constant C is real, a 

set of pure absorption and dispersion spectra is obtained: 

[1.51) 

An example of these amplitude modulated absorption spectra is shówn ln 

Fig.I.4a. 

A real Fourier transforma tion of the real part of Eq . [1.51] with respect 

to ti gives 

* This follows immediately from the mathematical relation: 
exp(-inlt l ) + exp(inlt l ) = 2cos(nlt l )· 

[1.52] 
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As is clear from this equation it is impossible to determine whether n
l 

was 

positive or negative. This agrees with the earl ier statement that an ampli

tude-modulated signal can always be considered as the sum of two signals 

modulated in phase by opposite frequencies. 

In the case of amplitude modulation it is thus advantageous to use a real 

instead of a complex Fourier transformation with respect to tI af ter phasing 

the real part of the w
2
-spectra to the absorption mode, since this gives 

two-dimensional absorption line shapes. 

In some experiments both the amplitude and the phase of a detected mag

netization are modulated as a function of tI (see e.g. section 3.2.3). In 

this case the 'time domain signal is written as 

[1.53) 

where n lA and n lB are the frequencies with which the signal is modulated 

in amplitude 'and in phase. 

However, this signal can always be considered as the sum of two 'components: 

s(t J ,t 2) = !e exp{i(n JB - n lA)t l }exp(in2t 2) + [1.54) 

+ je exp{i(nJB + rl lA )t l }exp(in2t 2) . 

Both components are modulated in phase as a function of tI' and a complex 

two-dimensional Fourier transformation will generate two phase-twisted re

sonance lines at (n IB- n lA , n 2) and (n lB + n lA , [2 2). 

1.6 Presentation of two-dimensional spectra 

With the development of two-dimensional spectroscopy a new problem arises, 

because an intensity now has to be presented as a function of two indepen

dent frequency parameters . One problem is the complicated phase-twisted line 

shape as described in the previous section, and another problem is the gra

phical presentation which is more complicated than in the one-dimensional 

case. 

I .6. I 

As mentioned before a 2D Fourier transformation can be considered as consis

ting of two one-dimensional Fourier transformations, usually first with re

spect to t
2 

and then with respect to tI. Af ter the first Fourier transfor

mation a set of complex data will always be left. One can use the complex 
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data as the input for the second, complex Fourier transformation, or one 

can use the realor imaginary part as the input for the second real Fourier 

transformation with respect to tI. In both cases this gives a set of com

plex data points: 

[1.55] 

where both Rand I can contain a mixture of absorptive and dispersive signals. 

Phase-sensitive mode 

If a pure two-dimensional absorption spectrum R(w
I

,w
2

) can be obtained 

(section 1.5.2) it is nearly always advantageous to plot this absorption 

spectrum in the phase-sensitive mode. The advantages compared with the 

other modes are the high resolution of absorption peaks (only compared with 

the absolute value mode), the possibility of distinguishing between posi

tive and negative intensities, and a better sensitivity. If only one cross

section through the two-dimensional spectrum is displayed (section 1.6.2) 

it is nearly always possible to adjust the phase of the resonancesto ab

sorption or to an absorption-like mode, while the rest of the spectrum re

mains unphased. This is even possible in the case of phase modulation, where 

it is impossible in general to obtain a two-dimensional absorption display 

of the whole spectrum. In the lat ter case it can be advantageous to present 

the whole spectrum in the power or in the absolute value mode. 

Power mode 

2 The power mode spectrum S (w
l
,w2) is defined as 

[1.56] 

The line shape of a single Lorentzian line in the power mode is identical 

to the line shape of the corresponding absorption mode, so high resolution 

is still obtain~d . A basic problem is however, that while overlap of ab

sorption mode components is additive, overlap of dispersion mode is sub

tractive, so that quite gross line shape distortions can occur in the case 

of overlapping resonances (13). Another dis advantage is that the normal in

tensities are squared . This means that very large intensity distortions can 

occur, which especially in two-dimensional spectroscopy can be rather in

convenient . Therefore, absolute value mode presentation i s usually preferred. 
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Absolute value mode 

The absolute value mode is defined as the square root of the power mode: 

[1.571 

The intensity distortions of the power mode are obviously not present in this 

presentation; however, the line shape distortion as found in the power mode 

is still present. The line shapes are much less attractive because of their 

large width, especially at the base of the line. For Lorentzian lines the 

broadening of the absolute value mode compared with the absorption mode is 

a factor /3 at half height and a factor 10 at 1% height. 

Nevertheless, the absolute value mode 1S the most commonly used mode to 

present 2D spectra till now. As explained in section 1.7.3 the use of digi

tal filtering can remove the tailing of the absolute value line shape. 

There are several ways to represent a spectrum as a function of two in

dependent variables. The most common methods are the so-called stacked

trace plot (e.g.Fig.1.5) and the contour plot (14) (e.g. Fig.I.II). In 

principle a coloured plot or a dark-light intensity plot as used in spin

imaging (15,16) can be used as weIl, but these are not commonly used at 

present. Cross-sections and projections (17) are very useful for extracting 

quantitative information from a 2D spectrum. 

Stacked-trace plot 

Many spectra are drawn behind each other as a function of one of the 

frequency variables, for a set of incrementing values of the other fre

quency, in such a way that a three-dimensional looking graph appears, where 

the third dimension indicates the intensity of the function. To give a 

better three-dimensional impression, a so-called white-wash procedure is 

usually applied. This procedure ensures that parts of traces which have an 

intensity so low that they would be below parts of previous traces are not 

plotted. Fig.I.5 and 1.11 are examples of stacked-trace plots without and 

with white-wash procedure. Despite the attractive appearance of stacked

trace spectra, it is in practice hard to extract information since frequen

cy coordinates of peaks are hard to determine. Another disadvantage is 

that small peaks can be hidden completely behind large ones. Making a 

stacked-trace plot is of ten rather time-consuming and can take up to a 

few hours, depending on the size of the data matrix and the kind of hard

and software available. 
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Contour plot 

In cont our plots on l y the contours of a peak are plotted, simi l ar to 

altitude lines on a geographical map. If the lowest contour is defined to 

appear at a certain signal amplitude (altitude) e, the next contours are 

usually plotted for intensity 2e, 4e, 8e, etc. This allows a high dynamic 

range without plotting too large a number of contours. It is of ten possible 

to extract quantitative information about frequencies from such a contour 

plot, while at the same time an impression of the amplitude is obtained by 

counting the number of contours around a certain peak. A pr oblem with con

tour plot s is that the lowest contours of intense resonances which have the 

absolute value line shape, extend over a large area in the two-dimensional 

spectrum, obscuring the presence of resonances with low intensity, or giving 

rise to small spurious peaks due to interference between two resonances. 

Making a contour plot generally takes consid erably l ess time than a stacked-

trace plot . In Fig. 1.11 an example of a con tour plot can be found. 

Cross - sections 

In practice the peaks with the crucial information lie on a limited num

ber of cross-sections in the 2D spectrum . Certainly, if a detailed look at 

these peaks is required, and quantitative results like frequency or ampli

tude have to b e extracted, it is advisable to plot these different traces 

as separate spectra (17). The cross-sections required are mostly parallel 

to one of the main frequency axes, or as happens in homonuclear J-resolved 

spectroscopy (section 3.3), make an angle of 450 with th ese axes . 

Projections 

In homonucl ear J-resolved spectroscopy , multiple quantum spectroscopy 

(chapter 4) and in homonuclear shift correlation spectroscopy (section 

2.3.6) it can be advantageous to calculate a projection of the 2D spectrum 

by integrating the intensity of cross-s ections perpendicular to the axis 

on which the projection takes place . 

The main advantages and disadvantages of the differ ent display modes ar e 

sumrnarized in Table 1.1. In practical cases of ten more than one display 

mode of a certain spectrum is used to extract most information. 
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Table 1.1 Advantages and disadvantages of four different display modes. 

Advantages Disadvantages 

Stacked-trace plots all information hidden peaks; 
~n a suggestive way. time-consuming; 

hard to extract frequencies. 

Contour easy to extract fre- information below lowest 
quencies; contour and in between con-
relatively fast. tours gets lost . 

Cross-section easy to extract fre- only part of the information. 
quencies, ampl itudes 
and line shapes . 

Projection simplification; only part of the information. 
easy to extrac t fre-
quencies and line 
shapes. 

1.7 The effects of digital filtering 

In this paragraph three different digital filtering techniques, already 

commonly used in one-dimensional NMR spectroscopy, will be discussed. These 

three filters are: exponential weighting, Lorentzian to Gaussian trans

formation (product of an exponential and a Gaussian weight ing), and the 

convolution difference filter (difference between no weighting and an ex

ponential weighting). The effect of these filters on sensitivity and re

solution in one- and two-dimensional spectroscopy will be considered . No 

attent ion will be paid to the influence of the experiment repetition rate 

on the sensitivity. 

In a paper by Aue et al . (18) it has been shown that the signal-to-noise 

ratio in two-dimensional spectroscopy can be of the same order of magnitude 

as in one-dimensional spectroscopy, provided that the following conditions 

are met: 

- matched digital filtering (see e . g. ref.19), 

- length of acquisition and delay times optimized for sensitivity, 

- equal numbers of peaks in the one- and two-dimensional spectra. 

For various reasons, in many practical applications of the two-dimensional 

methods these conditions cannot be satisfied, and signal-to-noise ratio 

will be significantly less . It is for instance of ten not possible to apply 

matched filtering because of the corresponding line- broadening effect. 

Quite frequently the opposite - strong resolution enhancement - is re-



35 

quired along one or both axes in the time domain data matrix. This is needed 

to show features which otherwise would be hidden because of overlap of re

sonances in the two-dimensional spectrum. Since many rea1 app1ications of 

two-dimensiona1 spectroscopy are connected with solving prob1ems concerning 

rather complicated molecules with an extensive overlap between the different 

resonances, the question of digital filtering is of ten of th e utmost impor

tance. It wil1 appear that in order to obtain a certain resolution enhance

ment in both dimensions of the 2D spectrum, as is of ten necessary, a much 

1arger sensitivity 10ss has to be accepted compared with the same narrowing 

in one-dimensiona1 spectroscopy. 

The effect of a one- dimensional filtering function g(t) is to mu1tiply 

the time domain signal at time t by the corresponding function value g(t) . 

Similarly, a two-dimensional filtering function g(t
l
,t 2) can be defined. 

All the filtering functions described in this paragraph g(t l ,t 2) can be 

considered as the product of two independent one-dimensiona1 weighting 

functions: 

[1.58] 

This means that the actual two-dimensional weighting is done in two steps: 

First the responses acquired for the different values of tI are all multi 

plied by the same weighting function g2(t 2), second - af ter Fourier trans

formation and transposition - all the new rows of the data matrix containing 

the modulation information are multiplied by weighting function gl(t l ). 

Using this principle the effect of the filte~ing function g(t l ,t
2

) on the 

signals and noise in two-dimensional spectroscopy can easily be understood, 

and only a discussion of the one-dimensional filtering functions is needed. 

If the noise in the acquired responses is stationary and uncorrelated 

the filtering function g2(t 2) changes the average power PN of the noise 

according to 

[1 . 59] 

* where AT 2 is the acquisition time along the t 2- axis • In the mean-time the 

amplitude S of a resonance line, obtained af ter Fourier trans format ion of 

a time domain signal s2(t 2) changes i~s amplitude according to 

* If only part of the length of the acquired response is used in the pro
cessing, the time AT I 2 should be adjusted corresponding1y . , 
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S [1.60] 

S' 

The signal-to-noise ratio in the frequency domain will be proportional to 

s/Ip~. Since af ter this weighting and Fourier transformation with respect 

to t 2 the noise along the tl-axis is still uncorrelated and stationary, the 

effect of the filtering function gl(t l ) on the signal amplitude and noise 

power can be calculated in a similar way: 

p' I 

N 

S' I 

AT I 2 
P~/ATI l gl(t l ) dt l 

AT I 
S' f IsII(tl)gl(tl)dt l o 

[1.61] 

[1.62] 

The eventual signal-to-noise ratio in the 2D spectrum will be proportional 

to S' I /Ip~'. It then follows from Eqs. [1.59] to [1.62] that a change in sen

sitivity by a factor C2 af ter the first weighting and Fourier transformatio~ 

followed by a change Cl due to the second weighting and Fourier transfor

mation,gives a change of sensitivity in the 2D spectrum equal to Cl x C
2

• 

In the following discussions of the individual filters, the effects on 

an exponentially decaying signal with time constant T
2 

and angular frequency 

n will be treated: 

s (t) s(0)exp(int)exp(-t/T2) [ 1.63] 

Note however, that the approximation of exponential decay is in practice 

of ten not strictly valid and changes in the results will occur. 

An important consideration using digital filtering is that the signal 

amplitude should have decayed sufficiently {in practice by a factor 

20 ~ exp(3)}at the end of the time domain signal, af ter multiplyi~g with 

the filter function, in order to avoid truncation and corresponding arte

facts in the spectrum. This principle will be used in all quantitative 

analyses given below. As a consequence of this, it is generally necessary 

in the case of line-narrowing along the tl-axis to employ longer acquisi

tion times along the tl-axis, even though the responses for long tl-values 

have bad sensitivity. The prolonging of the experiment causes an extra 

loss in sensitivity which will not be taken into account in the discussions 

given below. 
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1 .7. 1 

Multiplication of the signalof Eq.[1.63] with the filtering function 

[1.64] 

yields again an exponentially decaying signal: 

s'(t) = s(0)exp(i~t)exp(-t/T2) 
[1. 65] 

with 

The new decay constant Ti determines the line width in the frequency domain. 

If the constant TL is positive the signal will decay slowlier and the re

solution will be enhanced. A negative value for TL will increase the decay 

rate and decrease the resolution but increase sensitivity. Optimum sensi

tivity is obtained if T
L
= - T

2 
(matched weighting). Neglecting the trunca

tion at the end of the time domain signal, the frequency.spectrum obtained 

af ter Fourier transformation of the signal from Eq. [1.6~ is given by 

S(w) s (0) [ + [1.66] 

For the real part of this spectrum this implie.s a width at half height 

given by 

[ 1.67a] 

At 1% of the peak height the width equals 

9.9 s/TTT i [1.67bl 

The use of an increasing exponential filter for resolution enhancement is 

not simple because of the disastrous effects it can have on the sensitivity 

if improperly used (20), and because of the artefacts arising in the case 

of truncation. 

The strat egy recommended in this thesis for using the exponential filter 

for line narrowing, is the following: 

(a) choose a resolution of r Hz which one wants to get eventually, where 

r is related to T~ by the relation r = l/nT2. 
-I 

(b) use only the first 3/nr '" r seconds of the time domain signal for the 
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Fig.I.8 The relation between the signal-to-noise ratio and the line width 
at halfheight (a) and at 1% of the maximum height (b) if exponential 
filtering (broken line) or Lorentzian to Gaussian transformation 
(drawn line) is applied to a signal that corresponds to a Lorentz 
line with ~vO.5= IHz. 
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weighting and Fourier transformation. (Of course, an optimum choice for the 

length of the acquisition time would have been r- I sec.) Use up to ten 

times zero filling (20) before the Fourier transformation, if sufficient 

data storage space is available, for proper digitization of the frequency 

domain. 

(c) If the value of T2 is known, TL can be directly determined from: 

[ 1.68) 

If T2 is not known, a minimum value for the time constant TL greater than 

T2 has to be selected which still gives acceptable truncation effects in 

the frequency domain spectrum. 

(d) If sensitivity turns out to be too poor, repeat the process for a larger 

value of r. 

Using this procedure, the effect on sensitivity for a certain factor of 

line narrowing can be found in the broken lines in Fig.I.8. The optimal use 

of the exponential filter becomes very difficult if resonances with different 

widths are present in the same spectrum, as is commonly the case. 

The two-dimensional Lorentzian line shape shows in both the absorption 

and absolute value mode a pronounced star shape (section 1.7.5). 

The exponential decay of a signal can be converted into a Gaussian decay , 

by multiplication of the signal with the filtering function 

[ 1.69) 

and setting TL = T2• Eq. [1.69) is the general form for the Lorentzian to 

Gaussian transformation filter as proposed for use in NMR by Lindon and 

Ferrige (21,22). If TL is chosen to be equal to T
2 

the time domain signal 

becomes 

s'(t) = s(0)exp(int)exp(-t2/T~) [1. 70] 

which af ter Fourier transformation gives for the real part 

[I. 7 IJ 

This implies a line width at half height 

[1.72aJ 



and at 1% of the maximum height 

6VO•OI = 3.46/nTG 
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[1.72b] 

For the imaginary part of the Fourier transform no simple analytical expres

sion is available. Obviously, this filter can be used for line narrowing by 

setting TG to a large enough value. As is visible in Fig.I.8 the decrease in 

sensitivity for a certain amount of line narrowing at half height is of the 

same order as for exponential narrowing. Note however, that at 1% height the 

Gaussian line is 4.8 times narrower than the Lorentzian line, if both reso

nances have identical width at half height. 

The Lorentzian to Gaussian trans format ion filter is easier to use than 

exponential narrowing because the length of the time domain signal does not 

really matter for the purpose of sensitivity, provided that it is longer than 

13 TG' since the extra length can be considered as zeroes, due to the very 

small value of g(t) at the end of the time domain signal. Zero filling of 

the time domain signal until it corresponds to a length of 15T
G 

can be 

needed for proper digitization of the frequency spectrum. If the time con

stant TL in Eq. [1.69] is chosen slightly shorter than the decay constant T2 
of the signal, a dip in the base line of the spectrum at the position of the 

resonance will occur. This effect can be used in an iterative process to make 

a proper choice for TL ' Of course, problems arise again in using the filter 

if resonances in the same spectrum have different width. However, because no 

truncation occurs, the interference with other narrower lines which are over

enhanced, is usually not much of aproblem . 

Apart from line narrowing the filter has three other important applications: 

(I) In the case where the sampling time along one or both time axes is limited 

to shorter than about 1.5T2, e.g . because of limited data storage space, 

Gaussian instead of exponential weighting should be used to avoid truncation, 

yielding better sensitivity and resolution. 

(2) In the case of unresolved multipIets, the decay of the time domain signal 

is closer to Gaussian than exponential and hence,Gaussian weighting can be 

closer to matched filtering, yielding bet ter sensitivity . Of course, this is 

only true if no attempt is made to resolve the multipIet. 

(3) The filter can be used for the transformation of an exponentially decay

ing signal into a pseudo-echo as explained in the next section. 

The two-dimensional absorption Gaussian line shape has circular or ellipso

idal con tours , but the absolute value mode presentation shows a pronounced 

star shape with strong tailing, as shown in section 1.7.5. 
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Many 2D spectra are usually presented in the abolute value mode, either to 

avoid a sometimes cumbersome phasing of the two-dimensional spectrum, or 

just because for many methods no way is known to obtain a pure absorption 

mode spectrum. Absolute value lines usually have an unattractive line shape 

with wide wings. It will be shown that if the signal is filtered in a special 

way, which gives the envelope a shape which is symmetrical in time about the 

midpoint of the time domain signal, no dispersive components are obtained 

af ter Fourier transformation (23,24) which results in a higher resolution in 

the absolute value mode. 

Consider a signalof the form 

s (t) = exp (irlt + i<j>)f (t) , [1.73] 

where f(t) describes the decay of the signal, and f(t) is symmetric about 

time zero. 

This can be rewritten as 

set) =exp(i<j» exp(irl t)f(t). 

Final time Fourier trans format ion of this signal gives 

S(w) 
T 
J s (t) exp( iwt) dt 

-T 
T 

exp(i ljl ) J 
-T 

T 
cos( rl t)cos(wt)f(t)dt + i exp(i ljl ) J 

-T 

[1. 74] 

[1.75] 

sin(rl t)sin(wt)f(t)dt 

since the integral over the product of an odd and an even function is auto

matically zero, e . g. 

T 
J cos(rl t)sin(wt)f(t)dt 

-T 
o. [1.76] 

Since both products in the right half of Eg. [1.75] give absorptive contri

butions only, with amplitudes proportional to exp(i<j», an absolute value 

calculation will give an absorptive line shape with amplitude independent 

of Ijl . The line shape will depay on the decay function f(t) . The method 

relies on the symmetry of f(t) around time zero. A function f(t) symmetri

cally decaying about a certain time Tc gives similar results; this case can 

be considered as a shift of the origin of the time domain, inducing only a 

change in phase which disappears af ter the absolute value calculation. A 

condition for absorptive absolute value line shapes ~s that the signal am

plitude at the beg inning and the end of the signal ~s sufficiently close 
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to zero. If the signal ~s truncated at one end only, the absolute value line 

shape again has partly absolute value character, depending on the severity 

of the truncation. If the signal is truncated at both ends,base line dis tor

tions (sinc-functions) will appear in the frequency spectrum. 

To obtain a symmetrical envelope amplitude, the time domain signal (Fig. 

1.9a) is in practice first multiplied with an increasing exponential to eli

minate the decay (Fig.I.9b). Second, the modified response is weighted by 

a decreasing exponential or Gaussian function, symmetrical about its mid

point Tc to yield a so-called pseudo-echo shape (1.9c). The overall filter 

can th en be written as 

g(t) = exp(t/T2)exp(-lt - TilT) 
c L 

or 

[I. na] 

[1. nb) 

The lat ter pseudo Gaussian echo filter is usually preferred because of 

the narrow base and the attractive circular contours of absolute value line 

shapes. The time constant TG is chosen to be smaller than or equal to T
c

l13 

to avoid truncation. It can be shown by substitution that in the case where 

a 

b 

., 

Fig.I.9 (a) An experiment al free induction signal with an exponential de
caying envelope. eb) The same sign31 multiplied by exp(t/T2). 
Cc) A pseudo echo obtained by reshaping (b) to give a Gaussian enve
lope symmetrical about t = T. 
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TC = Tc /13 the window of ~q. [1.77b] gives the same r esults as the Lorentzian 

to Caussian transformation filter (Eq . [1.69]) with time constants 

(T )-1 = (T )-1 + (T /6) -1 and identical value for TC ' 
L 2 c 
The pseudo-echo window should be used with care, SLnce large intensity 

anomalies can show up in the case of different relaxation times and in the 

case where lines are not resolved, i.e. if the line separation is less than 
-I 

(Tc) for the pseudo Caussian echo filter. 

The loss in sensitivity due to the use of the pseudo-echo filter will 

usu a lly be very large although in certain cases no loss or even a gain Ln 

sensitivity occurs (section 2. 3 . 2) . 

The pseudo-echo filter should only be used Ln the case where an absolute 

value mode display is needed. 

I .7.4 The convolution difference filter 

The convolution difference filter is described as 

g(t) I - exp(-t/T
CD

) • [1.7 8] 

It was first proposed by Campbell et al. (2S), and is generally used to 

eliminate broad background signals as of ten encountered in biological sys

tems and liquid crystals. The idea is to apply strong exponential weighting 

with time constant TCD which leaves only the broad background signaIs . This 

signal is then subtracted from the original signal, leaving only the slowly 

decaying components . So the convolution difference filter is thus not nor

mally used for line narrowing, but for elimination of unwanted broad compo

nents. If the time constant TCD is chosen to be short compared with the de

cay constant of the signal, the loss in sensitivity will be quite small. 

Af ter applying the convolution difference filter the filtered signal can 

be filtered once more by a decaying exponential or Caussian function to in

crease the sensitivity. 

The magnitude of the dispersive component at large offsets of the centre 

of a Lorentzian resonance line does not depend on the decay constant T2 of 

the time domain signal (Eq. [1.40]). By using the convolution difference fil

ter, which gives the difference of two Lorentzian resonance lines, the dis

persive component is thus eliminated at large offsets from the centre of the 

line. Therefore, in the absolute value mode, tailing will be partially sup

pressed. The effectiveness of the suppression of tailing by using the con

volution difference filter depends on the time constant TCD in Eq. [1.78): 

the longer T
CD

' the more effective the suppression of tailing but the larger 



44 

the loss in sensitivity. 

In two-dimensional spectroscopy the main advantages in using the filter 

are: 

(I) The absolute value tailing is partially suppressed. 

(2) The filter can be used advantageously in homonuclear correlation experi

ments to decrease the intensity of diagonal peaks in the 2D spectrum and at 

the same time emphasize the presence of cross-peaks (7) as explained in 

section 2.3.2. 

To illustrate the effect of using different filters on the line shape, in 

Fig.I.IO the different one-dimensional absorption mode line shapes and the 

corresponding absolute value mode are displayed. Filtering constants have 

a) b) c) d) 

ri~--------------~i ,r------------------" ri======~--~====~I ir=~==~--~:=~~=;, 
o 25 0 25 0 25 0 25Hz 

Fig.I.IO Computer simulations of different line shapes, top the absorption 
mode and bottom the corresponding absolute value mode, for diffe
rent decay functions of the time domain signal. (a) A Lorentzian 
decay, (b) a Gaussian decay, (c) a Gaussian pseudo echo and (d) a 
convolution difference signal. 



45 

ol + 
bl + 
cl 0 

dl + 
I 
o 

I 
25Hz 

I 
o 

Fig. 1.1 1 Computer simulations of different absolute value mode line shapes. 
At the left hand side the contour plot of the two-dimensional line 
shape is shown, in the middle a stacked trace plot is shown and at 
the right hand side the projection of the line along the diagonal 
onto the horizontal axis is presented. 
The line shapes have been obtained by using 
(a) an exponent ia 1 filter, 
(b) Lorentzian to Gaussian transformation, 
(c) a pseudo Gaussian echo transformation, 
(d) a convolution difference filter. 
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been chosen in such a way that all signals have decayed to I/ZO of their 

maximum value in one second. 

Fig.I.1 I shows the absolute value mode display of the two-dimensional 

line shapes using identical filtering constants as in Fig.I.IO. In this 

figure also the results of aprojection along an axis which makes an angle 

of 450 with the horizontal axis are shown. Each point of the projection is 

calculated from an integration of the cross-section parallel to the direc

tion of projection. These projections are important in homonuclear J-spec

troscopy (section 3.3). The projection of the pseudo Gaussian resonance is 

another Gaussian line shape with a Iz larger width. All other projections 

result in very complicated expressions for the line shapes which all have 

extremely wide wings (17). 

1.8 Experimental realization 

With the theoretical development of two-dimensional spectroscopy new 

problems about the practical realization arose. In this section the opera

tions necessary to perform a two-dimensional experiment will be briefly 

analysed. In order to show the extensions required compared with the con

ventional one-dimensional experiment, a similar survey of operations for 

one-dimensional spectroscopy will be given first. 

One-dimensional spectroscopy 

In one-dimensional Fourier transformation experiments, a pulse r esponse 

is detected as a function of a running time variabie t. Either real (single 

detection) or complex (quadrature detection) sampling points are acquired at 

times ~t, where n is a positive integer and (ó t)-I is the sampling frequency. 

This digitized signal is stored in a computer memory or on background storage . 

In order to improve sensitivity by a factor lp, the experiment can be repeated 

p times, coadding the results. Digital filtering of the acquired response 

can be performed to increase the resolution or sensitivity in the eventual 

frequency spectrum. Digital Fourier trans format ion, either realor complex, 

depending on whether single or quadrature detection was used, yields the 

digitized frequency spectrum. The number of data points prior to Fourier 

transformation may be increased up to a factor 10 by adding zeroes to the 

end of the response, in order to obtain a bet ter discretization of the fre

quency spectrum (ZO). 

Two- dimensional spectroscopy 

In a two-dimensional experiment, the pulse sequence generating the response 
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of interest is repeated for a large number of equally incremented values for 

the length t] of the evolution period. Each of the responses is acquired , 

either realor complex, during a time t
2

, digitized and generally stored on 

the background storage (e.g. magnetic disc) of the computer . Time-averaging 

can be used again t o improve sensitivity: either each sub-experiment with a 

certain value of t] is repeated a number of times p or the complete experiment 

- the total of all sub-experiments with different values for t] - is repeated 

p times. The lat ter way is preferred since slow variations (on the time scale 

of the entire time averaged experiment) partly average out . The increment in 

the length t] of the evolution period (6t]) det ermines the sampling frequency 
-] 

(M]) along the t ]-axis. 

The experiment thus produces a digitized data matrix s(t] ,t 2) with sampling 

points at (t),t
2

) = (n6t),m6t 2), where n and mare positive integers. 

A discrete Fourier transformation - realor complex, depending on whether 

single or quadrature detection during t
2 

was used - will give a set of fre

quency spectra for the different values of tI' These spectra can be considered 

as rows of a matr ix. A column then contains information about the modulation 

as a function of t] (interferogram) . 

Since the first Fourier transformation wi th respect to t 2 produces complex 

data points, the interferograms consist of complex data. In order to have 

simple access to the interferograms, the matrix is usually transposed, leaving 

the complex interferograms as new rQ\vS of th e data matrix. In the case of 

phase modulation a complex Fourier trans format ion of these interferograms is 

applied with respect to t], distinguishing between positive and negative 

modulation frequencies and giving phase-twisted line shapes . 

In the case of amplitude modulation this complex Fourier transformation 

wil I also give proper results but the spect rum will be symmetrical about zero 

frequency in the F]-dimension, and resonances will again have the phase

twisted line shape . To improve sensitivity and to produce a pure absorption 

mode two-dimensional spectrum, the real part of the F
2
-spectra can be phased 

to the absorption mode before transposition. If the imaginary part of the 

data are then replaced by zeroes, the other parts of data-processing remain 

unchanged compared with the phase modu lation case . A different approach in 

the case of ampli tude modulation is to remove the dispersive imaginary part 

of the F
2
-spectra af ter phasing and before transposition. A transposition 

of the real data will give interferograms consisting of real data. A real 

Fourier transformation with respect to t) will then produce the two-dimensional 

spectrum wit·,) only positive values for the F ]-dimension . This latter approach 

saves some processing time and data storage space . 
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Resolution along the F2- or FI-axis of the two-dimensional spectrum can be 

improved by digital filtering along the t 2- or tl-axis before the respective 

Fourier transformations. It is noted here that resolution or sensitivity en

hancement along the tl-axis does not change the ratio between signal amplitude 

and the amplitude of so-called tl-noise in the two-dimensional spectrum. 

tl-Noise is the extra noise in interferograms which contain signais, com

pared with interferograms which do not carry information. The tl-noise arises 

from instabilities in the spectrometer system, e.g. changes in field inhomo

geneity, field/frequency ratio, synthesizer noise and sample spinning (26). 
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2 CHEMICAL SHIFT CORRELATION SPECTROSCOPY 

2.1 Introduction 

All two-dimensional shift correlation experiments have in common that they 

show arelation between different resonances, originating from an interaction 

between the corresponding nuclei. Although commonly used, the name shift 

correlation is essentially misleading, since not the shifts but the signals 

from nuclei with certain shifts are correlated . If in the two-dimensional 

spectrum a cross peak occurs at (~A' ~B) this means that nucleus A and B have 

a mutual interaction. Nuclei A and B can be either of the same (homonuclear) 

or of different species (heteronuclear shift correlation). Depending on the 

~ of experiment the kind of interaction shown is different. Possible 

mechanisms are homo- or heteronuclear scalar coupling (direct or long-range), 

chemical exchange , cross-relaxation and in non-isotropic samples dipole

dipole coupling. All correlation experiments, showing interaction between 

nuclei A and B, rely on partial magnetization transfer from nucleus A to B. 

However, the experimental realization varies so much for the different kinds 

of interaction that in the description which follows a subdivision will be 

made into three categories, chemical shift correlation through (a) hetero

nuclear scalar coupling, (b) homonuclear scalar coupling and (c) cross

relaxation and exchange. Chemical shift correlation through heteronuclear 

scalar coupling will be discussed in detail because of its practical impor

tance, and because it can be described at an elementary level, using classi

cal pictures. Relaxation and magnetic field inhomogeneity will be neglected 

throughout this chapter unless explicitly stated. 

2.2 Correlation of chemical shifts through heteronuclear 

scalar coupling 

A large variety of different heteronuclear shift correlation methods does 

exist. Not all of them will be treated here, but an attempt will be made to 

present some experiments in a way that i~ easy to understand, and gives a 

useful insight into the fundamentals of correlation methods in general. A 

summary of experimental aspects of the most convenient shift correlation ex

periment will be given in section 2.2.4. Because heteronuclear shift correla-
1 13 tion has until now been mostly applied to H - C systems, these nuclei will 

be used throughout the paragraph al though in principle any pail:-oLnucLei 
--- 1 13. . 

~ith a nuclear spin could be chosen. In the case of H C sp~n system ~t 

is most convenient to detect the 13C directly, for reasons explained in 
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section 2 . 2.5. 

The basic experimental me thod for the corr e l ation of signals from hetero

nuclei has first been proposed by Ernst and co-workers, and is described in 

r eferences 1- 3 . 

In the following di scuss i on of this method an isolated IH - 13C spin pair 

with a positive scalar coupling J wi l 1 be considered . At th ermal equilibrium 

the population of th e ener gy l eve l s can be calculated using the Boltzmann 

equa tion. This gives in the high t emperature approximation the following 

rel a tive populations of the ene r gy levels (Fig . 2 . I) : 

P I - 5p [2. I] 

P2 - 3p 

P
3 

+ 3p 

P4 
+ 5p 

2p Y I 3CHoh/kT 

using Yl 3C ; YIH /4 . 

The experiment uses the pulse scheme shown in Fig.2 . 2. A rr /2 r.f.puls e , 

applied by the proton tran smi tt e r a long t he x- axis of the proton r otating 

fr ame , crea t es two magnetization component s , which wi ll r ota t e with angular 

f r equencies S"l 13 and n24 and amplitudes Mo proportional to P3- PI and P4- P2 
r espectively (Fig . 2 . 3) . At a time ti af t er thi s rr/2 pulse the angles pre

cessed through will be n l 3t l and S"l 24tl (Fig . 2. 3b) , where n 13; no + rr J and 

S"l 24 ; no - rrJ , no denoting th e chemical shift fre quency of the pro t ons. The 

second rr /2 pulse t o the protons then creat es longitudinal magnetization com

ponents 

- MocoS ml 3t I) [2. 2] 

- Mocos( S"l 24t l ) ' 

13 As long as no pulse to th e espins has been appl i ed the two- spin system 

can be considered as two one- spin sys t ems, one with the 13e spin in the B
s t a t e (l eve ls 1 and 3) and one with the 13e sp in in th e a - sta t e . The sum of 

t he populations of the energy levels of thes e two one- spin sys t ems remains 

unchanged und er the pulse sequenc e applied to the protons: 

PI ( t I ) + P
3

( t l ) PI + P3 
2 ( I - p) [2.3a] 

P2( t l ) + P4 (t l ) P2 + P4 
2 ( I + p) [2.3b] 
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Fig.2.1 Energy level diagram and wave functions of an isolated 13 C - lH 
spin system. 

'H 

~I ,\ , 
~ I' ~ \ I \ ;. 

I 

~--------------~., ~ 
t, t 2 

Fig.2.2 Basic scheme of the heteronuclear shift correlation experiment. 

z 
a) b) c) d) 

x 

Fig.2.3 The behaviour of proton doublet magnetization vectors during a 
(n/2)x - ti - (n/2)x pulse sequence applied to the protons (see text). 
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Because the Iongitudinal magnetization is directIy proportional to the 

difference in occupation of the 

sequence applied to the protons 

PI (t I) - p + 4p cos(rlI 3t l ) 

P2(t l ) + p + 4p cos (n24 tI) 

P
3
(t l ) - p - 4p cos(n13tl) 

P4 (t l ) + p - 4p cos(n24tl)' 

energy levels, 

the spin state 

af ter this (n/2)x - tI - (n /2)x 

populations will be as follows: 

[2.4] 

Equation [2.4] shows that the longitudinal magnetization for the two 13C 

transitions has changed because of the pulse sequence applied to the protons, 

according to 

[2.5a) 

[2.5b] 

M (13C) is equal to M (I H)/16. In the discussions given below, the index 13C o 0 

will be omi tted. As can LJe seen in Eq. [2.5) the magnitude of the two longi-

tudinal 13C magnetization vectors is modulated (in opposite sense) as a 

function of tlwith the proton resonance frequencies. A 13C n/2 pulse, applied 

immediately af ter the second proton pulse (Fig.2.2) will create two trans-
13 .. * verse C magnetlzatlon vectors , which will rotate during time t 2 with 

13 
angular frequencies rl I2 and rl34' The detected C signal is thus described 

by 

Mo[1 + 2{cos(rl24 t l ) - cos(rlI 3t l )}) exp(irl I2 t 2) + 

+ Mo[1 - 2{cos(rl24 t l ) - cos(rlI 3t l )}) exp(irl34 t 2)· 

[2.61 

The real part of the Fourier transform with respect to t 2 of Eq. [2.61 gives 

Ewo resonance lines in absorption mode at the 13c frequencies rl l2 and rl 34 , 

with amplitudes proportional to I + 2{cos(rl24 t l ) - cos(rlI 3t l )} and 

I - 2{cos(rl24 t
l
) - cos(rlI

3
t l )} respectively. Thus, a second Fourier trans

form of the data matrix with respect to tI will give six resonance lines 

* Another effect of the 13C n/2 pulse is that the components of the two pro
ton vectors which are parallel to the x-axis af ter the second IH (n /2)x 
pulse are converted into zero- and double quantum coherence, as can be 
shown with a density matrix treatment (section 1.2). If the order of the 
second proton pulse and the 13C pulse would be reversed, the simple popu
lation arguments cannot be used. However, a density matrix calculation 
shows that the eventual results would remain unchanged. 
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at 

Two of these resonances will have negative intensity, corresponding to the 

minus-signs in Eq. [2.6] . 

The FI and F2 frequency coordinates in t he 2D spectrum are identical to 

the frequencies as observed in conventional one-dimensional IH and 13C spectra . 

The two axial peaks (w
l
= 0) originate from the components which are not modu

lated as a function of ti' As an example in Fig . 2 . 4 a spectrum of chloroform, 

obtained with this method, is shown . 

This section describes how spect r a can be simplif ied and sensitivity can 

be enhanced by decoupling of protons during detection, and apparent decoup

ling of carbon-I 3 during the evolution. It will turn out that spec ial pre

cautions have to be taken to avoid mutual cancellation of signals (3,4). 

400Hz 
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Fig . 2 . 4 Heteronuclear shift correlation spectrum of chloroform (CHCl3) with 
heteronuclear coupling present in both freque ncy dimensions. (Recor
ded at 75 MHz for 13C). 
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Proton decoupling during detect ion 

As follows from Eq. [2 .61 the sum of the two modulated components of the 

13 dl' ' d' /2 e oub et 1S zero 1mme 1ately af ter the n pulse to the 13 h ~f e. T us, L 

13 decoupling were started immediately af ter the n/2 pulse to the e, these 

modulated signals would cancel . However, if decoupling were s tarted at a 

delay time 6
2

= (2J)-1 af ter the n/2 de t ection pulse, the 13e vectors would 

be parallel again, and a signal at the chemical shift frequency of the car

bon-1 3 would be detec t ed. For arbitrary va lue of 6 2 the signal detected is 

now described by 

4iMo {cos(rl24 tI) - cos (r2 13t I) }s in(nJ62)exp(ir226 2)exp(ir2 2t 2) [2 .71 

+ 2Mocos(nJ62)exp( i r2 26 2)exp(ir22t2)' 

wher e n 2 denotes the carbon-13 chemical shift frequency . The pulse scheme of 

this experiment is shown in Fig.2.5. A 2D spectrum of chloroform obtained 

with this method is shown in Fig. 2.6. The measuring time and digi tal fi lter

ing applied were id entica l to thos e for the spectrum of Fi g . 2 .4. As expected, 

the spectrum 1S simplified and the sensitivity is improved compared with 
13 the spectrum of Fig.2.4. Immediately af ter the n/2 e pulse the unmodulat ed . 

-I 
doublet components are parallel (Eq . [2 . 61) so a time 62= (2J) la ter they 

will be antiparallel . Starting the deco upling at this moment wi ll cause 

cancellation of these signals so that no axial peaks (w ,= 0) will be ob

tained in this case (Eq. [2.71). As can be seen in Fig.2.6 the delay time 6 2 
did not exactly satisfy this condition and a small axial peak does show up. 

Carbon- 13 decoupling during evolution 

A further sensitivity enhancement and simplification of the spectrum can 

be obtained if the carbon- 13 is decoupled during the evolution period, so 

that the proton doublet coalesces at the chemical sh i f t frequency . If the 

'3e deco upling were applied during the who l e interval between the two .. ':2 

proton pul ses , no magnetization would be transf err ed, since the two proton 

vectors remain parallel during the entire evolution period, and the term 

in Eq. [2 . 71 which causes the modulation {cos(n 24 t
l
) - cos (n I3t

l
)} would be 

zero. However, as will be s hown below, if a delay 6
1

= (2J)-1 is inserted 

during which no '3e decoupling is applied (Fig.2.7), the magne t iza tion 

vectors of the proton doublet will be opposite just before the second n /2 

pulse, and transfer of magnetization will be optimized . 

At the end of the period during which the 13e decoupling is applied 

(time tI in Fig.2.7), both proton doubl e t components have precessed through 
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Fig.2.5 Experimental scheme for heteronuclear shift correlation with proton
decoupled acquisition. 
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Fig.2.6 Heteronuclear shift correlation spectrum of chloroform with proton
decoupled acquisition. (Recorded at 75 MHz for 13C). 
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Fig.2.7 Scheme of the heteronuclear shift correlation experiment with 13 C 
decoupling during evolution and IH decoupling during detection. 
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Fig.2.8 Phase-sensitive display of the chemical shift correlation spectrum 
of chloroform, decoupled along both axes. (Recorded at 75 MHz for DC). 
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angles ~Itl' where ~I is the proton chemical shift frequency . A time 6 1 
later, during which no 13C decoupling is applied, the angles precessed through 

will be ~ Itl + (~ I ± ~J/l)61 . Substitution of these two values in Eq. [2.7) 

(instead of n
24

t
l 

and n
l3

t
l
) gives that the detected signal in the case of 

an arbitrary value 6
1 

is described by 

s(t l ,t2) ; 4iMosin(~ ltl + ~ 161)sin(TIJ61)sin(TIJ6 2)exp{in2(t2 + 6 2)} + 

+ 2MoCOS(TI J62)exp{i~2(t2 + 6 2)}· 

[2.8) 

As can be seen from this equation, maximum signal is obtained for a length 
-I 

of 6 1 equal to (2J) . This means that in this case transfer of magnetization 

from IH to 13C is optimized . 

" I f d 1" 13"" I A s~mp e way 0 apparent ecoup ~ng the C dur~ng the t~me tI ~s to app y 

one single 13C TI pulse just in the middle of the evolution period (3,4). 

This requires much less power than broad- band noise decoupling of the wide 

carbon-13 spectrum, and therefore solves the heating problems too. The effect 

f 1 h 13 " h d " o the TI pu se to t e C ~s t at the two proton oublet components ~nter-

change frequencies at time t l /2, so at time tI they will have rotated an 

identical angle (n
13 

+ n 24 )t l /2, just as if broad-band decoupling had been 

applied during all of that time tI . 

As an example, the shift correlation spectrum of chloroform obtained with 

decoupling during both evolution and detection is shown in Fig.2.8. Measu

ring time and digital filtering were again the same as for the spectra of 

Fig . 2.4 and Fig . 2.6 . 

Because in these heteronuclear shift correlation experiments there is 

amplitude modulation, in principle pure absorption spectra can be obtained 

(section 1. 5.2). However, two problems arise in practice: first the delays 

6 1 and 6
2 

cause large frequency dependent phase errors, and second the 

noise in the individual spectra af ter the first Fourier transformation makes 

~nteractive phasing of these spectra difficult. Solutions for both problems 

do exist (4,5,6) but since in a more sophisticated and in many respects 

bet ter vers ion of the shift correlation experiment as discussed in the next 

section, amplitude modulation is converted into phase modulation, the problem 

of phasing becomes irrelevant. 

CH2- and CH3- groups 

Until now, attention has only been paid to isolated 13C - IH spin systems . 

As derived in appendix 11 similar results can be obtained in the case of 

13cH2- and 13CH3 groups. In the case of decoupling during both evolution 

and detection periods, the same procedure as described in this section can 
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be used. The only difference turns out to be the optimum choice for the 

length of 6
2

, while the optimum choice for 6
1 

remains (2J)-I. In Fig.2.9 

the 

for 

detected signal amplitude as a function of the length of 6
2

"is shown 
13 13 d 13 h' A 0 3 -I . . CH-, CH

2
- an CH

3 
groups. A c Olce u

2
= . J glves good slgnal 

amplitude in all three cases. 

2.2.3 

Because of the amplitude modulation present in the experiments described 

previously, it is impossible to distinguish between positive and negative 

modulation frequencies in a simple way (section 1.5.2). Hence in these ex

periments care has to be taken that the proton transmitter frequency is ei

ther at lower or higher frequency than any of the proton resonances of inte

rest. This implies that the sampling frequency along the tl-axis has to be 

at least twice the spectral width of the IH region of interest to avoid 
I folding. To decouple the H region with noise irradiation either the pro-

ton synthesizer has to be switched to the frequency of the centre of the 

proton region, or a larger decoupling power must be used. A modified sequence 

converts amplitude into phase modulation, making it possible to put the pro

ton transmitter permanently in the centre of the IH spectrum, decreasing the 

decoupling power required and halving both the sampling fr equency along the 

tl-axis and the data storage space required (7). Th e actual pulse scheme is the 

same as shown in Fig.2 . 7, but now the experiment is performed in two stages 

(Fig. 2.10) . 

The first stage is an experiment with the phase of the second n / 2 proton 

puise along the x-axis, and the second with the pulse applied along the 

O.3/J O.5/J 1/J 

Fig.2.9 The 62 dep.endence of the magnitude I of that part of the magnetiza
tion In a decoupled shift correlation experiment which is modulated 
as a function of tI for a 13CH group (drawn line), a 13CH2 group 
(broken line) and a 13CH3 group (dotted line). Magnitude I corresponds 
to the total 13C magnetization in thermal equilibrium (without Over
hauser enhancement). 
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Fig.2.10 Scheme of the heteronuclear shift correlation experiment with de
coupling during evolution and detection. In order to distinguish 
between positive and negative proton modulation frequencies and 
to suppress axial peaks the phases of the r.f.pulses and the phase 
'I' of the receiver are cycled &3 indicated in Table 2.1. 

y-axis of the proton rotating frame and the receIver reference phase incre

mented by 900
• All uther phases are identical In the two stages. For an iso

---Vlated 13c. IH spin pair the signals detected in the two stages are described 

by 

[2.9a] 

[2.9b] 

where n
l 

and n
2 

are again the IH and 13C angular chemical shift frequencies. 

The constant Cl is equal to 4iMosin(TIJ~I)sin(TIJ~2)exp(in2~2) and C2 is equal 

to 2Mocos(TIJ~2)exp(in2~2) (Compare Eq. [2.8]). 

Direct addition of the two signals of Eq. [2.9] gives 

with Ci= -iClexp(inl~l) and Ci= 12 C2exp(-iTI/4). 

The first term at the right hand side of Eq. [2.10] is a pure phase-modula

ted signaIon which a complex Fourier transformation can be performed along 

the tl-axis, distinguishing between positive and negative values for n l' 

Because of the phase modulation a phase-twisted line shape will be obtained 

(section 1.5.1), and an absolute value calculation is usually made before 

display (section 1.5.6). 

Since in the first term at the right hand side of Eq. [2.10] both frequencies 

appear with the same sign in front, this signal represents the antiecho com-
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* ponent (section 1.3) , subtraction of the results of the two stages would 

have given opposite signs for n
l 

and n
2

, representing the coherence trans

fer echo componen t. (Note that subtraction of the signalof Eq. [2.9b] is 

identical to an extra increment of the receiver reference phase by 1800
). 

This latter component is usually preferred because of the higher sensitivity 

in the case of an inhomogeneous magnetic field . 

Suppressi an af axia l peaks 

The component in Eq. [2.10] with the constant ei is not modulated as a 

function of tI and will thus cause axial peaks at (w
l
,w2) = (0, n 2) . These 

signals are generally unwanted and can easily be eliminated, as shown below. 

If in the same sequence which gave the signalof Eq. [2.~ the second pro

ton pulse is applied along the -x-axis instead of the +x-axi s, this has the 

same effect as if both proton magnetization vectors had rotated an extra 

angle TI about the z-axis in the original experiment . This then gives for the 

signal 

[2 . I I] 

Subtracting this signal from the signalof Eq. [2.9a] causes cancellation 

of the unmodulated component. In a similar way the unmodulated componen t ln 

Eq. [2.9b] can be cancelled by subtracting a signal from an experiment with 

the second proton pulse along the -y-axis . 

A complete scheme for the phases of pulses and receiver ln the four dif

ferent stages of the experiment, necessary to separate positive and negative 

modulation frequencies and to suppress axial peaks, is given ln Table 2 .1. 

Table 2 .1 Phases ~ 1' ~2 and ~3 of the radiofrequency pulses in Fig .2. 10, 
and phase ~ of the receiver through which the experiment has to 
be cycled for each value of tI for detecting either the antiecho 
(~a) or the coherence transfer echo (~e) selectively and for 
suppress,ion ofaxial peaks. 

Experiment number ~I 4>2 4>3 'I' a 'I'e 

I x x x x x 

2 x y x y - y 

3 x -x x -x -x 

4 x -y x - y y 

* Since all equations derived until now are also valid in the laboratory 
frame, this is consistent with the definition given- in section 1.3. 



62 

a) ===;:::~=::~:::;::~====:;:: 
• 0 

ppm from TMS 

l' 

Fig. 2.11 (a) The conventional proton spectrum of 5 Cl -androstane recorded at 
200 MHz. 
(b) The conventional broadband proton-decoupled 13C spectrum recór
ded at 50 MHz. 
(c) The heteronuclear shift correlation spectrum. 
The resonances are broadened along the FI-axis by homonuclear pro
ton coupling. From ref.(7). 
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A typical example of a spectrum obtained with th is method is shown ~n Fig. 

2. I I. 

2.2.4 

The heteronuclear shift correlation experiment appears to be very useful 

in solving practical problems. Because the variety in experimental methods 

and the number of settings to be chosen is large, in this section a strategy 

will be given for obtaining a near optimum spectrum. 

The pulse sequence of Fig.2.10 should be used with the phase cycling of 

pulses and receiver as indicated in Table 2.1. This sequence gives the 

simplest eventual spectrum, heteronuclear decoupled along both frequency 

axes, and requires less data storage space then the other sequences. Posi

tive and negative proton frequencies are distinguished and axial peaks are 

effectively suppressed (7). 

I~ order to cycle out errors in the quadrature detection system, the whole 

four-step experiment can be repeated four times, incrementing all phases 

of pulses and receiver each time by 900 (7), analogous to the cyclops ex

periment proposed by Hoult (8). 

The following points demand attention: 

Delay !J.
1 

. 13 1 I· 25 70 Because most d~rect C - H coup ~ng constants are ~n the range I -I Hz, 

a delay !J. I equal to 3.3 millisec. will be close to optimum in almost all 

cases. 

Delay !J.
2 

As discussed ~n section 2.2.2 the optimal length of !J. 2 is different for 

CH, CH2 and CH
3 

groups. A time of 2 millisec. will usually show all corre

lations with sufficient intensity. 

Experiment delay time T 

Because the magnetization is transferred from protons to carbon-13, the 

optimum length of the delay time T between the end of acquisition and the 

first proton pulse of the next sequence depends on the longitudinal relaxa

tion time TI of the protons, rather than on the usually longer TI's of the 

carbon-13. A delay time T = 1.3T I , where TI is the longitudinal relaxation 

time of the protons gives optimal sensitivity (9). Care has to be taken 

that during this delay time T no r.f.power from the IH transmitter in the 

frequency region of the proton spectrum leaks through to the transmitter 

coil, because this will cause (partial) saturation of the proton transi

tions, degrading sensitivity. 
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Acquisition t imes 

In cases of poor sensitivity, the sampling time along the t 2-axis should at 

least be equal to the decay constant T
2 

of the 13C signal to avoid sensiti

vity loss. The length of the acquisition time along the tl-axis depends on 
I .. d . 1 d the H resolut~on requ~red, the amount of ata storage space ava~lab e, an 

the sensitivity. An acquisition time along the tl-axis of 100 millisec. is 

usually sufficient. 

Acquisition frequency along the t1- axis 

The minimum acquisition frequency along the tl-axis is twice the largest 
. I . offset frequency from the proton transm~tter to a H resonance of ~nterest, 

to avoid folding. The I H transmitter frequency has to be set at the centre 

of the IH region of interest, to minimize the acquisition frequency required. 

Calibration of the proton pulses 

The proton pulses are usually applied using the proton decoupler in the co

herent mode for a short period of time. The calibration of the width of the 

proton pulses is not very critical, since, as can be derived, the amplitude 

of the modulation is approximately proportional to sin2(a) if a proton 

pulses are applied. As the strength of the decoupler field cannot be deter

mined directly via a 1800 pulse calibration as used for calibrating the 

observe pulses, an indirect approach has to be chosen. A convenient method 

for calibrating flip angle a to TI/2 is to apply a TI/2(13C) - T - a(I H) pulse 

sequence to a simple compound like e.g. methanol, and setting the delay T 

carefully to 1/2J. If a = TI/2 the detected carbon-13 signal will be zero. 

Shimming t he magnet 

Because a large sample diameter is usually used for the detection of 13c, 
proton spinning side bands will easily occur, since the effect of field in

homogeneity is four times worse for protons than for carbon-13. Careful 

shimming of the sample in the non-spinning mode is therefore important to 

limit the size of these peaks. 

2.2.5 ~iE~~!_~~!~~!i~~_~f_!~~_EE~!~~~ 

. . .. h 2 2 h 13 . l' As ment~oned ~n the ~ntroduct~on of paragrap ., t e C s~gna ~s 

usually detected during acquisition. In principle however, the pulse se

quences applied to protons and carbon-13 could be interchanged. Since signal 

amplitude is proportional to the population difference, to the magnetogyric 

ratio, and to the frequency of the transitions one might expect a gain in 
3 

sensitivity equal to (YIH/YI3C) 64 in this case. In many cases, however, 

this factor will be much smaller, and the experimental problems will be more 

difficult if the protons are detected directly. This is due to the following 



65 

reasons: 
13 

(a) The much stronger signal from protons not coupled to C has to be sup-

pressed. The complete supp r ession of these 200 times stronger signals is a 

difficult problem. 

(b) Broad-band decoupling of 13C during acquisition iS in practice impossible 

because of the enormous decoupling power required. 

( ) h . . 13 d . d . . . c In t e experiment with C etec tion uring t 2 , proton population dif-

ferences are transferred to 13C, increasing signal amplitude by a factor of 

four. In the experiment with I H detection during t
2

, 13C population diffe-
I 

rences are transferred to H, decreasing signal ampli tud e by a factor of 

four. Bodenhausen and Rubens ( 10 ) proposed to transfer, in the case of 
13 

proton detection during t
2

, proton populations to the rare nucleus ( C or 
15 ) . .. N , prior to the start of the experiment. In thlS lat ter case the decrease 

in signal amplitude by a factor of four does not occur . 

(d) Because of the much larger spec tral width of 13c, a much higher sampling 

frequency along the t l-axis and hence a much l arger number of tI increments 

is required, lengthening the minimum measuring time. 

(e) Since the decay rate of the pro t on resonances, broadened by unresolved 

proton- proton coupling is usually much larger than those of proton decoupled 

13C resonances , a further loss in sen~itivity occurs . 

(f) The experimental delay time (section 2 . 2 . 4) will be determined by the 

of ten much longer l ong itudinal relaxation time of the rare nucleus , decrea

sing the repetition rate of the sequence . 

These considerations make it unattractive to detect the protons directly 

in the heteronuclear shift correla t ion""experiment in the case of 13C - IH 

spin systems . However, the possible gain in sensitivity can in the case of 
15 I. (/ ) N - H spin systems YIH YI5N = 10 be a reason to detect t he pro t ons di-

r ectly ( 10) . 

However, since the abundance of 15N iS only 0.37% and many interesting 

nitrogen containing compounds as pep tides are only soluble in water , the 

dynamic range (1 1) and the suppression mentioned under point (a) are even 

harder problems . Until now these exper imental problems have not been solved 

completely . 
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2.2.6 

In this section a two-dimensional experiment will be described which gives 

on cross-sections taken parallel to the FI-axis and cutting the F
2
-axis at 

13 a chemical shift frequency of a C, the proton multiplet structure of the 

proton directly coupled to the 13C• 

These results are analogous to those obtained with J-spectroscopy (chap

ter 3), but since the experimental method is quite similar to the hetero

nuclear shift correlation scheme , the experiment will be treated in this 

chapter. 

As can be seen in Fig . 2.llin the heteronuclear correlation spectra the 

proton-proton coupling structure remains present along the FI-axis of the 

2D spectrum. Usually this structure is not resolved because of poor digi

tization. Since these proton resonances are essentially the same as the 

carbon-13 satellites in conventional proton spectra, they will have the 

same multiplet structure provided rhat these satellites are first order, in 

principle allowing a determination of the proton-proton coupling constants. 

Indirect determination of proton-proton coupling constants can be important 
I 

where this information cannot be extracted from the conventional H spectrum 

or from the two-dimensional J-spectrum (section 3.3), because of too severe 

overlap. 

There are three main problems with the measurement of proton-proton coup

lings from anormal heteronuclear shift correlation experiment (section 

2 .2.4) : 

(a) Because the proton multiplet has to be resolved, signal energy is spread 

over several resonances along the FI-axis and sensitivity will be poor. 

Sir,ce sensitivity enhancement filters cause 1 ine-broadening and therefore 

cannot be used, this problem becomes even worse. 

(b) Good discretization, necessary to resolve the multiplet structure, gene

rally requires a large number of tI increments and thus a large data matrix. 

(c) The line width along the FI-axis will be broadened by extra inhomogene

ity effects due to the use of a large sample diameter, required for suffi

cient sensitivi t y . 

The last two problems can be overcome by the use of a slightly modified 

sequence, shown in Fig . 2 .1 2 . The idea is to apply a n pulse to the protons 

~n the centre of the evolution period ( 12),_ r emoving the effects of proton 

chemical shift and heteronuclear coupling during the time tI' Thus the 

transferred signal is only modulated by the homonuclear proton-proton coup

ling, which is not affected by the n pulse (section 3 . 3). Since in the case 



67 

of weak coupling the proton multiplet is symmetrie, it is not necessary to 

distinguish between positive and negative modulation frequencies. Axial 

peaks can be suppressed by performing the experiment in two stages and co

adding the results: The first stage with the se; ond IH Tr/2 pulse applied 

along the y-axi~ ~nd the 13C Tr/2 pulse applied along the x-axis, and the 

second stage with the pulses applied along the -y- and -x-axis respective

ly (Fig.2. 12). The effect of the two Tr pulses in the centre of the delay 

period ~ I is to remove the effect of large phase errors along the FI-axis, 

by eliminating the effects of chemical shifts and retaining the (constant) 

effect of heteronuclear coupling (section 3.1) necessary for the magnetiza

tion transfer from protons to carbons (5). This makes it possible to ob

tain a two-dimensional absorption spectrum (13). 

The spectral width along the FI-axis in this modified experiment is now 

equal to the proton multiplet width, and hence a low sampling frequency of 

about 30 Hz is usually sufficient. Therefore, only a rel atively small data 

matrix is needed. Since the inhomogenei ty broadening is removed by the Tr 

pulse (section 3.1), in principle natural line widths for the proton re

sonances are obtained. 

This experiment is closely related to homonuclear J-spectroscopy as des

cribed in section 3.3, and is generally referred to as indirect J-spectros

copy. As is clear, proton multipiets with exactly the same chemical shift 

can still be separated with this method if the directly coupled carbons have 

different shifts. 

As an illustration of the technique, in Fig.2.13 the indirect J-spectrum of 

sucrose is shown. 

(n/2)" (n)" 

I 
I I I 

I(n)" (nl 2 )t-" 
I I I 

I I 
I 
I 

Fig.2.12 Pulse scheme for the indirect detection of homonuclear proton 
coupling. 
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13 
Indirect J - spectrum of sucrose recorded at 50 MHz C frequency . 
In the FI dimension the homonuclear proton multiplet structure is 
present. In the F2 dimension the frequency of a resonance line is 
equal to the chemical shift frequency of the directly coupled car
bon-13. The traces showing the multiplet structure of the protons 
coupled to F4, Fs, G4 and Gs are distorted due to strong coupling 
in the proton spectrum . From ref.CI3). 
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2.3 Correlation of chemical shif ts through homonuclear scalar 

coupling 

The very first two-dimensional experiment, proposed by Jeener in 1971 (14), 

was a homonuclear shift correlation experiment. The experiment was later ana

lyzed in detail by Aue et al. (IS). Initially the experiment was proposed as 

an alternative to homonuclear double resonance (16), i.e. for determining the 
.. * connect~v~ty patterns in homonuclear spin systems. As has subsequently been 

shown (17) many analogies between these two types of experiments exist. Quite 

a few modifications on Jeener's basic pulse scheme have been proposed recent

ly, enlarging the applicability of the experiment. Modifications were pro

posed for the determination of relative signs of coupling constants, detec

tion of very weak couplings, and for removing the homonuclear splittings 

along the FI-axis of the two-dimensional spectrum (17). Other modificarions 

were proposed with the purpose of limiting the size of the data matrix re

quired (18,19,20). 

In this paragraph the basic pulse scheme and the most important variations 

mentioned above, will be discussed. For a detailed description of the theory 

of the experiment the reader is referred to ref. (IS). In section 2 . 2.3 an 

attempt will be made to explain the basic mechanism of the experiment via a 

simple physical picture. 

2.3. I 

In its simple form Jeener's experiment employs the radiofrequency pulse 

sequence 

where T is the experiment delay time between the end of acquisition and the 

start of the next sequence, applied to a system of homonuclear coup led spins, 

usually prot ons (Fig.2.14). The first n/2 pulse along the x-axis, applie~ 

~ spin system in thermal equilibrium, creates transverse magnetization for 

all allowed transitions mn, where IM - M I = I, and in which only one spin 
m n 

changes its polarization. M
m 

denotes the total magnetic quantum number of 

state nl. All transverse magnetization components precess during the evolution 

period with their characteristic angular frequency nmn around the z- axis. 

* According to the old definition of Anderson and Freeman (16), two transi
tions are connected if they share a cornrnon energy level. In this section 
the word transition rather than coherence will be used since it agrees bet
ter with literature. 
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/ 1 Fig.2.14 Pulse scheme for the homonucl ear shift correlation scheme. In the 
orig inal scheme of Jeener, the pulses are applied along the x-axis 
( ~ I ' ~ 2= x) and the receiver phase ( ~ ) is constant. For separating 
the positive and negative modulation frequencies (quadrature Jeener) . 
the phases ~ I , 1> 2 and ~ are cyc1ed .according to Table 2 .2. 

At time tI the second (7[ / 2)x pulse causes a redistribution of the coherence 

corresponding to magnetization component mn among all coherences possible in 

the spin system considered (Eq. [1.27] ). As derived by Aue et al. (15), the 

amount of coherence that is transferred by this mixing pulse from coherence 

mn to single quantum coherence* kl is proportional to sin(n tI + ~kl ) 
mn ,mn 

(see also section 1.2.3, Eq. [1.30]). The phase constant ~ is a multiple of 

90
0 

and depends on the connectivity of transitions mn and kl (21,15). In 

the new, extended definition by Aue et al. (IS) any pair of transitions in 

a spin system of N non-equivalent coupled spin-~ nuclei is either parallel, 

or progressively or regressively connec ted. If mn and kl are transitions in 

the same multiplet, the transitions are said to be parallel and the phase 

constant ~kl equals 0
0

• If a spin A flips in transition mn and spin B ,mn 
flips in transition kl, transitions mn and kl are regressively connected if 

spin B in the states mand n has the same polarity as spin A in states k and 

1; in the case of opposite polarity the transitions are progressively connec

ted. Hence, if the two transitions belong to different multipiets, they are 

either progressively or regressivel.y connected . The phase constant ~ kl,mn 
will then be -90 0 or +90 0 (15,22). 

A magnetization component detected during t 2 , rotating with angular fre

quency nkl , then originates from all transverse magnetization components 

present during tI and belonging to the same spin system: 

[2.12] 

where the summation extends over all coherences present af ter the first 7[/2 

pulse. ~ is in analogy with ~kl a phase constant which is equal to 0
0

, kl,mn ,mn 

* As will be discussed in chapter 4 the second 7[/2 pulse also creates mul
tiple quantum coherence. 
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-90 0 or 90~ depending on whether transition kl and mn are parallel, pro-

gressively or regressivly connected. Ckl is a constant which equals zero ,mn 
if kl and mn belong to a different syrnmetry group (23) in the case of equi-

valent nuclei in the spin system. In the case of an N spin-~ system with no 

overlapping resonances and no equivalent nuclei all constants C will have 

the same value. 

In general all detected resonances can thus be modulated as a function 

of t 1 by all frequencies generated af ter the first pulse. A two-dimensional 

Fourier transformation will then produce a spectrum with resonance lines at 

( ~mn' ~kl) if kl and mn are transitions in the spin system of a single mole

cule. Hence, if two nuclei A and X are coupled, two sets of cross peaks will 

occur in the two-dimensional spectrum 

2.15). Because of the phase constants 

phases of the different resonances in 

centered at (oA'oX) and (oX,oA) (Fig. 

~kl and ~kl in Eq. [2.12] the ,mn ,mn 
the 2D spectrum are different; if e.g. 

the diagonal peaks are in the two-dimensional dispersion mode, the cross 

peaks will be in positive or negative absorption mode. Longitudinal magne

tization present at the end of the evolution period gives rise to signals 

during t 2 which are not modulated as a function of tI and therefore cause 

axial peaks (section 1.2.3) at (O,oA ± J/2) and (O, oX ± J/2), not shown in 

Fig.2.15. 

2.3.2 

Since in the basic experiment as discuss ed in the previous section, the 

detected signals are modulated in amplitude rather than in phase, it cannot 

be determined whether the modul at ion frequency is positive or negative (sec

llx -F2-- ll. 

Fig.2.15 Schematic diagram of the Jeener spectrum of an AX spin system, 
showing the diagonal peaks which have a dispersion shape in both 
dimensions, and the cross peaks (circles) which have an absorption 
shape in both dimensions but which alternate in sense (+,-). Dia
gonal peaks are centred at the coordinates (oA,oA) and (ox,oX) 
while cross peaks are centred at (oA'oX) and (oX,oA). Cross peaks 
indicate spin coupling between A and X. From ref.(17). 



7Z 

tion 1.5.Z). Therefore, to be sure, the spectrum has to be at one side of 

the transmitter frequency, inferring single detection during tz and a twice 

as large offset forthe resonance line at the far end of the spectrum, compared 

with a quadrature detection experiment. If the transmitter frequency is set 

to the centre of spectrum, and quadrature detection is used during t
z

' the 

highest modulation frequency woul!.d be twice as low, requiring a sampling fre

quency along the tl-axis twice as low, and therefore a data matrix twice as 

small*. The problem remaining now is to distinguish between positive and ne

gative modul at ion frequencies. In this section a modification will be dis

cussed which converts the amplitude modul at ion into phase modulation and 

removes the axial peaks. Furthermore, attention will be paid to improving 

the appearance of the spectrum by the useofdigital filtering. 

In a similar way to that described in sect-ion Z.2.3 for the heteronuclear 

case, the sign of the modulation frequency can be determined by performing 

additional experiments (T - (n/2)x - tI - (n/2)y - tZ) (19) for which the 

signal is described by 

~ 
mn 

where Ckl , ~ and ~ have the same values as in Eq. [2.12]. ,mn kl,mn kl,mn 
The difference of the two signals of Eq. [2.IZ] and [2.13] gives 

\ 

~ [Z .141 
mn 

Eq. [z. 141 represents a signal, phase--modulated as a function of tI' from which 

the sign of the modulation frequency is automatically determined in a two

dimensional compléx Fourier transformation. Since in Eq. [Z.14) the frequency 

terms ~l and nmn have opposite signs in front of them, this represents the 

coherence transfer echo part of the signal (section 1.3 and footnote section 

2.Z.3). Resonances which do not change their frequency during the n/Z mixing 

pulse (wkl = wmn ) will give rise to diagonal peaks in the two-dimensional 

spectrum. The sum of the two signals of Eq. [Z.IZ] and[Z.131 would have given 

identical signs for the two frequencies ~l and S1mn in Eq. [Z.14) , represen

ting the antiecho component (section 1.3). Usually the coherence transfer 

echo component is preferred because of the (slightly) higher sensitivity and 

* Note that the signal af ter the first Fourier transfomation S(tl,wZ) con
sists of complex data points, both in the case of single and quadrature 
detection during tZ' Thus for the input of the· second Fourier transforQa
tion a complex signal is always available. 
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bet ter resolution. 

In order to eliminate the axial peaks at w
I
= 0, due to longitudinal re

laxation during ti' (section 1.2.3) a further phase cycling is required 

(19,20) as indicated in Table 2.2. Thus at least four experiments are re

quired for each value of ti in order to distinguish positive and negative 

modulation frequencies and to eliminate the axial peaks. 

Another solution, achieving the same goals but requiring only one experi

ment for each value of ti' is the use of pulsed field gradients. The experi

mental scheme is shown in Fig.2.16. The two identical pulsed field gradients, 

just before and af ter the mixing pulse, ensure that during the detection 

period only the coherence transfer echo component can be observed (24). The 

second field gradient pulse defocusses all transverse magnetization which 

originates from magnetization that was longitudinal just before the mixing 

pulse, and which would have caused the axial signais. The sensitivity of the 

experiment is not improved compared with the phase cycle vers ion of Table 2.2, 

but the minimum measuring time is shortend by a factor of four. In practice 

good separation of positive and negative modulation frequencies and good sup

pression ofaxial peaks will only be obtained if static magnetic field in

homogeneity is very small compared with the gradients applied during the 

field gradient pulse. 

In order to eliminate artefacts due to errors in the quadrature detection 

system, both the four-step experiment and the pulsed field gradient experi

ment can be repeated four times, incrementing all phases of pulses and re

ceiver by 900 each time, analogous to the cyclops experiment proposed by 

Hoult (8). 

As an example, in Fig.2.17 the quadrature Jeener spectrum of the tricyclo

decane derivative sketched in the inset is shown. Some couplings, for in

stance those between protons A and B, A and K , and Band K are clearly vi-

Table 2.2 Phases ~I' and ~2 of the radiofrequency pulses in Fig.2.14 and 
phase ~ of the receiver, through which the experiment has to be 
cycled for detecting the coherence transfer echo selectively and 
suppression ofaxial peaks. 

Experiment number ~ I ~2 ~ 

1 x x x 

2 x y -x 

3 x -x x 

4 x -y -x 
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sible. Cross peaks close to the diagonal are obscured by the absolute value 

tailing ,of the diagonal peaks. As discussed in the previous section, all 

diagonel peaks, originating from parallel transitions, have identical phases. 

Therefore the absolute value calculation will show strong tailing for these 

diagonal resonances. The cross peaks are naturally grouped into two-dimensio

nal spin multipiets, in the simple case of Fig.2.15 a square pattern centered 

at (OA'OX) or at (OX'OA)' with a splitting J in both dimensions. The int en

sities of the individual components alternate as indicated in Fig.2.15, with 

the consequence that at large distances from these multiplet centres the dis

persion contributions will cancel each other. Therefore these cross multiplets 

will not show pronounced tailing in the absolute valuemode. Another, more 

important consequence, is th at if the absorptionmode of two antiphase multiplet 

components overlaps, partial cancellation will occur, and in the limit the 

cross multiplet will vanish. It is therefore essential to ensure that the 

digitization of the multiplet is sufficiently fine in both dimensions that 

mutual cancel lat ion is avoided. This condition sets limits to the minimum 

sampling times needed along both time axes. In practice the length of the 
-I 

sampling times should at least be of the order J , in order to be able to 

observe a cross peak originating from nuclei with coupling J. 

When a wLde range of chemical shifts has to be covered, this entails a 

large data matrix, which is one of the principal limitations on the method. 

As shown below, the antiphase nature of the multiplet components may be put 

to good use in order to emphasize the cross peaks in comparison with diagonal 

peaks. Consider again a two-spin system AX with scalar coupling J. The tran

sition frequencies of nucleus A are nl2 and n34 , the frequencies of nucleus 

X are n
l3 

and n24 . Four signals contribute to the AX cross multipiet: 

sI2,13(t l ,t2), sI2,24(t l ,t 2), s34,24(t l ,t 2) and s34,13(t l ,t 2). Because the 

Fig.2.16 

T~ 
I '~ VVV\}vïJVVoo 

I I 
I I 

Alternative scheme to distinguish between positive and negative 
modulation frequencies and to suppress axial peaks using pulsed 
field gradients (FG). The two pulsed gradients of equal length, 
intensity and polarity select the coherence transfer echo component. 
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Fig.2.17 Quadratur e Jeener spec t rum of the tricyclodecane derivative shown 
on the inset, presen t ed as an intensity contour plot. 
At the bottom left, marked P, is a spurious peak generated by the 
overlap of the tails of two diagonal peaks. Gaussian weighting has 
been used to avoid truncation effects. The spec trum is recorded at 
200 MHz . The sample was kindly provided by Mr . P.L. Beckwith, Dyson 
Perrins Laboratory, Oxford. From ref.( 17 ) . 
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first and the third signal originate from regressively connected transi

tions the phases ~ and ~ in Eq. [2.14) equal -900
• The second and fourth 

element originate frompragressively connected transitions and in these cases 

~ and ~ equal 90
0

• Substitution of Q12= QA + TIJ, Q34= QA - TIJ, Q24= QB - TIJ 

and Q13= QB + TIJ in Eq. [2.14]' and adding the four signals together gives for 

the total signal contributing to the cross multiplet 

s(t l ,t2) = C sin(TIJtl)sin(TIJt2)exp(-iQAtl)exp(iQxt2) x 

x exp(-t l /T 2)exp(-t 2/T2), 

where C is a constant. 

[2.15) 

In this equation also decay due to relaxation with time constant T
2 

is 

taken into account. 

Four signals contributing to the diagonal A multiplet are: sI2,12(t l ,t 2), 

sl2 34(t l ,t2), s34 34(t l ,t 2) and s34 12(t l ,t 2)· They all originate from , , , 
parallel transitions and will have the value zero for the phase constants 

~ and ~. The sum of these four signals is then described by 

[2.16) 

where C' is a constant with the same magnitude but different phase as the 

constant C in Eq. [2.15). 

From Eqs. [2.15) and [2.16) it then follows that time domain weighting 

functions which increase with time and reach a maximum af ter an interval 
-I 

of the order of (2J) favour cross peaks at the expense of diagonal peaks. 

Two filtering functions, designed to achieve this are the convolution dif

ference filter (25) and the pseudo-echo filter (26) (sect~on 1.7). In the 

convolution difference filter, possibly used in combination with exponential 

or Gaussian weighting, the time constant Tcn as defined in Eq. [I:. 78) is 
-I 

chosen to be equal to (2J) , where J is the largest coupling constant in 

the molecule. Since the envelope of the time domain data is close to that of 

a pseudo-echo (section 1.7.3), the tailing of the absolute value mode repre

sentation of the diagonal peaks in the correlation spectrum is partially 

suppressed. Since the shape of the filter is close to that of the envelope 

of the transferred signal, the weighting can be close to matched filtering 

and a gain in sensitivity for the informative cross peaks is possible. 

A window which modifies the time domain signal to a Gaussian pseudo-echo 

(section 1.7.3) gives pure absorption line shapes in the absolute value mode, 
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removing the tailing completely. As a demonstration, the data which resulted 

in the spectrum of Fig.2.17 have been reprocessed, using the Gaussian pseudo

echo window, yielding the spectrum of Fig.2.18. From this spectrum the pre

sence of the couplings presented in the left column of Table 2.3 was deter

mined. Since the time domain signal is symmetrie with respect to tI and t 2 , 

identical acquisition times and digital filtering along both time axes will 

usually be chosen, leading to a spectrum with exact symmetry about the dia

gonal (see Fig.2.18). 
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Fig.2.18 Quadrature Jeener spectrum of the tricyclodecane derivative shown 
as a contour plot. The pseudo Gaussian echo filter (Eq. [1.77b]) was 
used in both time dimensions. The cross peaks indicate the spin 
couplings listed in the left-hand column of Table 2.3. 
From ref. (17). 
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Table 2.3 Cross peaks indicating couplings as observed between prot ons in 
the tricyclodecane derivative sketched in the inset in Fig . 2.17. 
The left column shows the cross peaks as found in Fig.2.18 while 
the right coulumn shows the extra cross peaks visible in Fig.2.23. 

Normal couplings Very weak couplings 

AB, hl, AK AC, AJ 

BA, BG, BI, BK BJ 

CF, CH, Cl, CJ CA 

DE, DH, DJ DG 

ED, EG, EH 

FC, FH, FI FK 

GB, GE, GJ, GK GD 

HC, W, HE, M, HJ 

IA, IB, IC, U, IJ IK 

JC, JD, JG, JH, JI JA, JB, JK 

M, ~, KG U, KI, ~ 

Interpretation of the spectrum 

Note that if a cross peak shows up at coordinates (ÖA ,ÖX) and (ÖX,ÖA) 

that coupling is present between nuclei A and X. However, if no cross peaks 

show up this does not necessarily mean that no coupling is present. Even in 

the case of a large coupling between nuclei A and X, short transverse relaxa

tion times of one of these two nuclei can cause such a rapid decay of the 

signal that the intensity of the cross peaks is surprisingly low. This effect 

can be increased by the use of the pseudo-echo window. As an example, the 

cross peak between nuclei J and I in Fig.2.18 has a very low intensity, 

while the coupling constant is about 9 Hz. 

When the second pulse of the sequence (the mixing pul se) has a flip angle 

TI/2 then magnetization is transferred to all other coupled spins, but it has 

been shown theoretically (15) that if the mixing pulse has a small flip angle 

then magnetization is transferred predominantly to directly connected tran

sitions, those which share a comrnon energy level. This considerably simpli

fies the resulting two-dimensional spectrum. Furthermore, the transferred 

magnetization is distributed over a smaller number of cross peaks and sensi

tivity can be improved, provided that the flip angle is not too small. In 
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practice a TI/4 pulse 1S a good compromise, giving both simplification and 

good sensitivity. 

This flip angle effect can be visualized by considering the mixing pulse 

to be decomposed into a cascade (27) of selective pulses, each affecting only 

a single transition. Consider the three-spin AMX system with energy level 

diagram shown .in Fig.2. 19. The initial TI /2 pulse is not decomposed into a 

cascade, but simply creates precessing transverse magnetization in all the 

allowed transitions. 

The mixing pulse of flip angle a applied to the AMX spin system of Fig. 

2.19 may be represented as a cascade of twelve selective pulses: 

a (12) a (46) a (35) a(78) 

a (25) a (13) a (47) a(68) 

a(26) a (58) a(14) a(37) 

Each of these selective pulses can be described by an exponential fictitious 

spin-~ operator (28,29,30, App.III). For the present purpose, however, this 

is not necessary. Using the arithmetic of fictitious spin-~ operators it can 

be derived that all the pulses affecting the A spins must be grouped together, 

and similarly the pulses affecting the M spins and the X spins form separate 

groups (App.III). However, the order of the three groups and the order within 

any group can be permuted. 

Attention may be focussed on the fate of one typical transverse magnetiza

tion, Atr (12), and although this precesses as a function of ti' its amplitude 

Ro is all the needs to be considered here. Consider, first of all, magneti

zation transfer to a typical connected transition Mtr (25) . Not all the ele

ments in the pulse cascade are involved, and it is sufficient to calculate 

Fig.2.19 The energy level diagram of a proton MIX system. Transfer of mag
netization from A(12) to M(25) and M(68) is discussed in the text. 
From ref. (17) . 
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the effect of the cascade: 

a(IZ) a(Z5) a(Z6) a(58). 

The effect of a transition-selective pulse on a magnetization component is 

explained in Appendix 111. Suppose, for the purpose of convenience that the 

a pulse is applied along an axis perpendicular to the orientation of trans

verse magnetization component Atr(IZ). The first element a(IZ) converts 

transverse magnetization Atr(IZ) into longitudinal magnetization Az(IZ) of 

amplitude Rosina (App.I~). The second element a(Z5) converts one half of 

this into transverse magnetization M (Z5) of amplitude ~R sinZa. The re-tr 0 

maining two pulses withdraw magnetization from Mtr (Z5) (creating multiple 

quantum coherence) leaving an amplitude ~R sinZacosZ(a/Z) (App.III). 
o 

A different sequence of events governs the transfer to a non-connected 

transition Mtr (68), although the same four elements of the pulse cascade are 

applicable. Transverse magnetization AtrCIZ) is converted into Mtr (Z5) by 

the first two pulses with amplitude ~R sinZa. But the third element a (Z6) 
o 

creates zero quantum coherence ZQ(56) with an amplitude ~R sinZa sin( a /Z) 
o 

(App.III) and the last element a (58) reconverts this into observable trans -

verse magnetization M (68) with an amplitude ~R sinZa sinZC a /Z). A reversal tr 0 

of the sense of the last two elements of the cascade would have given the 

same result but by way of the double quantum coherence DQ(Z8). It is a gene

ral rule that transfer to non-connec ted transitions involves double or zero 

quantum coherence as an intermediate, whereas directly connec ted transitions 

acquire magnetization by convers ion of the longitudinal magnetization of a 

connected transition. 

As aresult, the ratio of the intensities of connected cros s peaks to that 

of non-connected cross peaks is given by cotZ(a /Z). Thus for a mixing pulse 

of 450 the connected transitions are 5.8 times stronger. This is the setting 

used in many of the experiments described below when good discrimination be

tween connected and non-connected transitions is required, as in the deter

mination of relative signs of coupling constants. When sensitivity is an 

important consideration, a mixing pulse of 60 0 delivers higher intensities 

~n the cross peaks of the directly connected transitions. The intensities 

of the indirectly connected transitions are in this case still a factor of 

3 lower. 

Similar pul se cascade arguments can be used to predict the relative inten

sities of parallel transitions, where magnetization is transferred between 

component lines of the same spin multiplet. These lines are situated just off 

the principal diagonal within a distance of the order of J. The general rule 
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Fig.2.20 Contour plots of the Jeener spectra of 2,3-dibromopropionic acid, 
an AMX spin system. The upper spectrum was obtained with a n/2 
mixing pulse. The lower spectrum was obtained with a n/4 mixing 
pulse, so that only directly connected transitions are intense 
enough to show contours. (Spectra recorded at 200 MHz). From ref.(17). 
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is that parallel transitions lose intensity compared with connected transi

tions as the flip angle is reduced below n/Z, but that cer tain parallel 

transitions lose intensity faster than others, because they involve more 

stages of magnetization transfer in succession. For example the transfer 

from A(12) to A(34) gives A(34) magnetization equal to R sin2(a/2)cos 2 (a/2), 
o 

while an amount equal to R sin4 (a/2) is transferred to A(78). In practice it 
o 

can be very useful to reduce the relative intensity of parallel transitions 

so as to leave the reg ion close to the principal diagonal clear in order to 

search for cross peaks. Fig.2.20 shows an example of a spectrum where most 

of the parallel transitions have been reduced below the threshold of the 

lowest intensity contour . These results based onthe concept of pulse cascades 

are consistent with the results derived more formally by Aue et al.(IS) . 

2 . 3.4 

There is an interesting consequence of using small flip angles to restrict 

the transfer of magnetization to connected transitions. In a system of three 

or more coupled spins, if the appropriate splittings can be resolved, the 

relative signs of coupling constants may be ascertained by inspection of the 

Jeener spectrum. The basis of the method is the same as that of selective 

decoupling experiments (31,32). Consider the AMX system of 2,3 dibromo

propionic acid, where conventional double resonance and double quantum 

experiments have established that the two vicinal couplings have opposite 

signs to that of the geminal coupling (33,34). When the flip angle of the 

mixing pulse is small, then AX cross peaks involving a simultaneous flip of 

the M nucleus are of vanishingly small intensity; on the other hand for a 

flip ang le of n / 2 all 16 multiplet components are observed with comparable 

intensity. The Jeener spectrum obtained with a small flip angle (Fig.2.20) 

thus resembles a selective double resonance experiment where A and X are de

coupled only in molecules with one of the spin states of the M nucleus, say 

M(a ) but not M( S). The local magnetic fields at the sites of the A and X 

nuclei due to the couplings to the M spin must be ~n the same sense if 

JAM·JMX > O. Thus the corresponding displacements of the AX cross peak are 

in the sa~e sense in the FI and F
2 

dimensions. As a consequence, the line 

connecting the two centres of gravity of the two AX sub-cross multipiets, 

makes an angle smaller than 45
0 

with the principal diagonal of the spectrum . 

On the other hand, if JAM and J
MX 

have opposite signs, the AX multipiets are 

tilted in the opposite sense, and the line joining the centres of gravity 

makes an angle greater than 45 0 with the principal diagonal. If either JAM 
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or J MX is vanishingly small, then the AX multiplet lies vertically on one 

side of the diagram and horizontallyon the other, and no sign determination 

is possible. 

Fig.2.20 shows the contour diagram for 2,3 dibromopropionic acid, first 

for a mixing pulse flip angle of TI/2 , showing each cross peak made up of 16 

* components , then for a flip angle of TI/4 , where each cross peak has been 

reduced to 8 components. (In the spectrum obtained at low flip angle, the 

parallel transitions - where magnetization has been transferred within a 

single spin multiplet - are absent, leaving only diagonal peaks which fall 

exactlyon the principal diagonal.) Each cross peak is made up of two groups 

of four lines which form an exact square (compare Fig .2.15). It is the rela

tive position of these two squares which determines the relative signs of 

the coupling constant, each cross peak relating the signs of two coupling 

constants. In the case of 2 ,3 dibromopropionic acid, J AX and JMX have like 

signs, opposite to the sign of JAM' the geminal coupling. 

Once the principle of relative sign determination has been established ~n 

a text book case like 2,3 dibromopropionic acid, it is readily applied to 

more complex spectra simply by noting the tilt of the pattern of lines in a 

cross peak. Fig.2.21 shows a contour plot of the spectrum of the tricyclo

decane derivative (Fig.2.17) obtained with a mixing pulse of flip angle 45
0

. 

The tilt of several cross peaks is indicated by the arrows.Arrows making an 

angle smaller than 45 0 with the diagonal indicate like signs, those with an 

angle larger than 45 0 opposite signs; an angle of 450 means that one of the 

two couplings involved is vanishingly small. The relative signs determined 

from the spectrum in Fig.2.21 are set out in Table 2.4. 

Table 2.4 Relative signs of certain coupling constants in the tricyc lod ecane 
derivative determined by inspection of the slope of cross peaks 

* 

in the Jeener spectrum in Fig.2.21. 

Cross peak Couplin?s Sign 

AK ~ J(AB) áUd J(BK) opposite 

AI J(AB) and J(BI) opposite 

AB J(AI) and J(BI) like 

BK J(AB) and J(AK) opposite 

BI J(AB) and J(AI) opposite 

Cl J(CF) and J(FI) opposite 

DE J(DH) and J(EH) like 

Due to overlap multipiets in which the M spin is involved show only 12 
components in the cross multipiets and 9 in the diagonal multipiet. 
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The simplicity of the Jeener spectrum obtained with small flip angles for 

the mixing pulse sterns from the fact that each cross peak is basically from 

an AX or AB spin system; all other splittings are passive and simply create 

several independent AX or AB subspectra. In a more general case, groups of 

two or three spins could be equivalent, leading to A2X, AA'X spectra for 

example. 
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Fig.2.21 Jeener spectrum of the tricyclodecane derivative with the conditions 
adjusted to determine the relative signs of certain coupling con
stants. The mixing pulse was reduced to rr/4 and a pseudo Gaussian 
echo filter was used in both time dimensions. The arrows indicate 
the approximate tilt of the cross peaks. The relative signs deter
mined from this spectrum are set out in Table 2.4. From ref.(17). 
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As follows from the discussions in sections 2.3.' and 2.3.2, cross peaks 

indicating weak long-range couplings will generally be (vanishingly) small. 

Not only is the transfer from A to X proportional to sin (TIJ
AX

t,)exp(-t,/T
2
), 

which will be small for unresolved long-range couplings, but also the trans

ferred components start out in antiphase, giving a net magnetization propor

tional to sin(TIJAXt 2)exp(-t 2/T 2), so that the detected transfer will be small 

(Eq. [2.'5). 

Assuming that J
AX 

~ (T2)-' it is easily shown that the transfer process 

is most efficient at time t,= T2 . Similarly it is found that the detection 

process is most efficient at time t 2= T2 . Therefore, in the pulse scheme of 

Fig.2.'4, using the pseudo echo window, the optimum setting for the centre 

of the pseudo echo is near the points t,= T2 and t 2= T2 . However, th is would 

imply acquisition times along the t,-axis and t 2-axis comparable to 2T 2 , 

leading to an unacceptably large data matrix. Fixed delays 6 can be inserted 

at the end of the evolution and beginning of the detection periods (Fig.2.22), 

changing the optimum setting for the centre of the pseudo echo to the points 

t,= T2 - 6 and t 2= T2 - 6 and thus limiting the acquisition times required 

to 2T
2 

- 26. Note that due to the coherence transfer echo effect, the trans

fer and detection process is not influenced by static magnetic field inhomo

geneity if diffusion in the sample is neglected. 

The tricyclodecane derivative sketched in Fig.2.'7 provides a rich field 

for the investigation of long-range couplings. An estimate of the average 

value of the real T
2 

being about 0.45 sec., the length of the delay 6 was 

chosen to be equal to 0.3 sec. with acquisition times both equal to 0.3 sec. 

Since sensitivity is a critical problem in observing long-range couplings, 

the flip angle of the mixing pulse was set to be equal to TI/3. Fig.2.23 

shows a spectrum obtained under these conditions. The couplings which can be 

"''(>.. r I A~~~~~O-
1 

1 I' :ifV~rV 
1 I I' 
I 1 11 

l- -+- ~I. .1 • 
t, L1 L1 t2 

Fig.2.22 The inserting of delays with fixed length 6 in the basic pulse 
scheme to optimize detection of long-range couplings. 
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detected in this sepctrum and not in the spectrum of Fig.2 .1 8 are set out in 

Table 2.3 in the column "very weak couplings". Note that cross peaks due to 

lar ge couplings can be absent i n this spectrum (e . g. BG) due to the fact that 

Jt
l 

and Jt
2 

are close to an integer number for t
l
,t 2= T2 - ~, and the trans 

fer will be small. 
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Fig . 2.23 Jeener spectrum of the tricyclodecane derivative obtained under 
conditions calculated to emphasize long-range couplings (see text), 
shown as a contour plot. Pseudo Gaussian echo shaping of the res -
ponses was used in both time dimensions. From ref.(17) . 
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2.3.6 

Throughout the interval between radiofrequency pulses nuclear magnetiza

tion vectors corresponding to the components of a given spin multiplet diverge 

continuously at a rate determined by J. Suppose that this interval were to 

be fixed at a value t
d 

seconds, and a n refocussing pulse introduced af ter a 

vaiable delay ~t] sec. (t] ~ 2td ) af ter the initial n/2 pulse (Fig.2.24). As 

will be explained in section 3.], in the case of a homonuclear coupled spin 

system the angle between magnetization multiplet components in the transverse 

plane remains unchanged if a n pulse is applied. Then, although the ampli

tude of the transferred magnetization would depend on Jt
d

, there would be no 

J modulation of the signal as tI was varied. On the other hand, the effect 

of the chemical shift would change, going from one maximum at t]= 0 to zero 

when t]= ~td (exact rzfocussing) and back to a maximum again at t]= td' This 

is explained in detail in ref.(35). 

This is the basis of a method of broad-band decoupling in the FI dimension 

(36). It relies on the assumption that the coupling is first-order, otherwise 

spurious responses are excited; in an AB spin system, for example, there is 

a spurious response at the mean chemical shift frequency (37). By collapsing 

all spin multiplet structure in the F] dimension onto the appropriate chemi

cal shift frequency, this greatly simplifies the Jeener spectrum, concentra

ting the intensity of the multiplet components. The information that is lost 

in that process is tha t discussed in the previous section - the relative 

signs of the coupling constants, and certain cross peaks due to large coup

lings for which Jt
d 

is an integer. 

In this method it is important to employ a mixing pulse of a small flip 

angle (n/4) to avoid mutual cancellation of antiphase components within a 

given cross peak. The usual phase cycling of the n/4 pulse and the receiver 

reference phase (Tabie 2.2) ensure that the coherence transfer echo is detec-
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11 11 
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- I ,. 
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Fig .2.24 The pulse sequence used to obtaln Jeener spectra that are decoupled 
in 7he F] dimension. The delay td is fixed and only t] and t2 are 
varled. A pseudo Gaussian echo shaping function is indicated in the 
t2 dimension. The phases of the n /2 pulse (~]), the n/4 pulse ( ~ 2) 
and the receiver (~) are cycled according to Table 2.2. 
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ted. In addition, the TI pulse is carefully calibrated and phase alternated 

along the ±y-axis of the rotating frame in order to avoid spurious responses 

due to pulse imperfections (38). Figure 2.25 shows the effect of this broad

band decoupling scheme on the Jeener spectrum of the tricyclodecane deriva

tive. 

The technique provides an attractive alternative to the established method 

of obtaining decoupled proton spectra by 450 projection of two-dimensional 

J-spectra (36). The Jeener spectrum with FI decoupling is simply projected 

onto the FI-axis. In this application highest resolution along the FI-axis 

is wanted, and the sampling time along the tl-axis (= 2t
d

) is usually chosen 

to be longer than the sampling time along the t
2
-axis. Figure 2.25 shows a 

projection of the two-dimensional . spectrum onto the FI-axis together with an 

indication of the spurious lines arising from strong coupling between protons 

D and E. Since the TI pulse reverses the angle through which a magnetization 

component has precessed just before the TI pulse, the sense of the principal 

diagonal in the spectrum is also reversed. 

A cross section through this Je, ler spectrum at an appropriate point pro

vides a clear indication of the pattern of couplings to a given proton. For 

example, if it is required to know which prot ons are coupled to proton J, a 

single vertical cross section is taken 50 as to cut the principal diagonal 

at the chemical shift of J. In practice it is rather better to extract a 

vertical band of frequencies from the two-dimensional matrix (consisting of 

a number of cross sections), as indicated by the dashed lines in Fig.2.25; 

the band is then projected horizontally onto the FI-axis. This has the effect 

of summing all the individual component lines in a given cross peak. The 

result is a one-dimensional spectrum (Fig.2.26) which indicates the cross 

peaks associated with proton J, each cross peak appearing now as a single 

line. Not only does this show that proton J is coup led to A, B, C, D, H • I 

and K, but it also gives an approximate estimate of the relative magnitudes 

of the long-range couplings, as the acquisition parameters were optimized 

for couplings of the order of the natural line width. The intensity I of 

a peak depends analogous to Eq. [2.15) on the coupling J according to 

I [2.17) 

The problem in using Eq. [2.17) for an exact determination of the magnitude 

of the coupling is that the constant C depends on the number of other nuclei 

coupled to the nuclei under investigation and on the magnitudes of these 

other couplings. 
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Fig . 2.25 Jeener spectrum of the tricyclodecane derivative showing broadband 
decoupling in the Fl dimension through the use of the pulse sequence 
shown in Fig.2.24. The spectrum running along the top of the dia
gram is the fully-coupled spectrum; that showo in the right margin 
is the projection of the two-dimensional spectrum. The overlapping 
lines in this projection which are due to strong coupling between 
protons D and E are marked with an asterisk. A band of signals 
associated with proton J has been picked out of the data matrix 
and projected onto the Fl-axis in order to obtain the spectrum 
shown in Flg.2.26. From ref.(17). 
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Fig.2.26 The projection onto the FI-axis of a narrow band of signals extrac
ted from the data matrix of Fig.2.25 representing all the cross 
peaks associated with proton J. This indicates that J is coupled 
to protons A, B, C, D, H, land K, and some indication of the rela
strengths of these couplings can be obtained provided that they are 
weak. An artefact appears between the chemical shift frequencies of 
prot ons D and E because these protons are strongly coupled. 

In agreement tvith Eq. [2.171 large coupling constants give anomalous intensi

ties, for example the cross peak due to coupling between J and G is absent 

in this trace. On the other hand, a weak spurious response is observed at 

the mean chemical shift of prot ons D and E, attributable to strong coupling 

effects. 

2.3. 7 

Two modifications on Jeener's original experiment have been proposed by 

Ernst and co-workers. Both modifications have the purpose of limiting the 

size of the data storage space required. The first modification proposed was 

named Spin echo correlated spectroscopy (Secsy) (18,20). More recently another 

modification has been proposed, called Foldover corrected correlated spectros

copy (Focsy) (20). Both modifications employ basically the same two-pulse 

scheme as initially proposed by Jeener (14) (Fig.2.14). In both the Secsy 

and Focsy experiments the coherence transfer echo is detected selectively by 

cycling the phases of the second radiofrequency pulse and of the receiver ~n 

the way described in section 2.3 .2 (TabIe 2.2). It will be shown that both 

modifications proposed can only be advantageous in certain unconnnon cases , 

while in general the quadrature Jeener experiment as proposed in section 2.3.2 

is a better alternative. 
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The Secsy experiment 

The Secsy experiment employs the standard pulse sequence of Fig.2.14, but 

with acquisition (and thus t
2

) starting at the midpoint of the spin echo, at 

time t 2= tI in the original experiment (Fig.2.27). Substitution of 

t 2= ti + ti/ 2 and t l = ti/2 in Eq. [2.14] gives for the new time domain signal 

E [2.18] 
mn 

As 1S clear from this equation, the acquired signals are modulated in phase 

as a function of ti by frequency (Qmn - ~l)/4TI , which is thus equal to half 

the difference in frequency between the two correlated transitions. Assuming 

identical transverse relaxation times T2 for transition kl and mn, the signal 

decay as a function of tI is in the quadrature Jeener experiment and in the 

Secsy experiment described by the factors exp(-t
l
/T

2
) and exp(-tj/T

2
). Neglec

ting the effect of field inhomogeneity, the line width along the FI-axis in 

the Secsy spectrum is thus the same as in the quadrature Jeener spectrum, 

but the difference in frequency between the two resonances, and thus the 

resolution, is halved. This is a disadvantage because high resolution along 

the FI-axis is necessary to avoid mutual cancellation of cross peaks which 

have opposite intensity. A second disadvantage of this experiment is th at 

the first half of the coherence transfer echo is not acquired, decreasing 

the sensitivity significantly. Diagonal peaks as mentioned in section 2.3.1 

now lie on the line F I= O. As an illustration a Secsy correlation spectrum 

of 2,3 dibromopropionic acid is shown in Fig.2.28. 

As follows from Eq. [2.18] the spectral width along the FI-axis (and thus 
-I 

the sampling frequency (6tj) along the tl-axis) has to be larger than the 

maximum difference in chemical shift frequency between coupled nuclei, in 

T'-' ~~AAA"I\ QI\O OOQQ 
,. 

, 11 
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Fig.2.27 Pulse scheme of the Secsy experiment. The phases of the pulses and 
the phase ~ of the receiver are cycled according to Table 2.2. 
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order to avoid folding. This compares with twice the maximum offset frequency 

of a resonance line of interest in the quadrature Jeener experiment, as dis

cussed in section 2.3.2. Hence, the sampling frequency along the t]-axis in 

the Secsy experiment can of ten be lower. However, since resonance lines along 

the F]-axis are only separated by half their difference in transition fre

quency, the resolution is a factor of two lower. In order to double the reso

lution, a sampling time along the t]-axis at least twice as long compared 

with the quadrature Jeener experiment is required. 

In conclusion it can be said that in order to obtain a reduction of the 

size of the data matrix by using the Secsy experiment, maintaining the same 
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Fig.2.28 Homonuclear correlation spectrum of 2,3-dibromopropionic acid, 
obtained with the Secsy experiment. The diagonal in the normal 
Jeener spectrum now lies on the line F]= O. A cross peak at (F],F2) 
indicates coupling between nuclei with resonance frequencies F2 
and 2Fj + F2 • (Compare Fig.2.20). (Spectrum recorded by T. Mareci). 
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digital resolution, the maximum difference in frequency between two coupled 

nuclei has to be less than half the spectral width. This is not commonly the 

case in practice. The main di sadvantages of the Secsy experiment are the loss 

in resolution (due to relaxation in the second half of the t;-period) and 

the loss in sensitivity due to the fact that the first half of the coherence 

transfer echo is not sampled. 

The Focsy experiment 

The Focsy experiment has been proposed more recently (20) and gives the 

same resolution and sensitivity as the quadrature Jeener experiment. Actually, 

the difference between these two experiments is only a software routine for 

spectrum modification , applied af ter a normal quadra ture Jeener spectrum is 

. obtained as desc ribed in section 2.3.2. The computer routine has the purpose 

of correcting folding errors along the F}-axis. This routine changes the 

coordinates in the 2D frequency spectrum according to (w; ,w2) = (w} - w2 ,w2) . 

The diagonal which is originally on the line w}= w2 ' is now transferred to 

w}= 0, and the modified spectrum looks similar to a Secsy spectrum. As the 

au thors point out, the main trick is that if Iw} - w21/2rr is larger than half 

the sampling frequency along the t}-axis, the w;-coordinate is increased or 
-} 

decreased by an integer multiple of 2rr(6t}) in such a way that it fits 

again into the normal spectral region, and certain folding errors are correc

ted. A closer analysis shows that the sampling frequency along the t}-axis 

in this case has to be larger than twice the maximum difference in shift fre

qu ency between two coup led nuclei. Comparing this with the sampling frequency 

in the quadrature Jeener experiment, which is equal to the spectral width of 

the r eg ion of interest, shows that a reduction of the size of the data matrix 

is only possible if the largest difference in shift frequency between two 

coupled nuclei is smaller than half the spectral width of the region of inte

r es t. Since this is not commonly the case in practice, this modification is 

not recommended either for general use. 

The interpretation of frequencies measured in Secsy or Focsy 2D spectra is 

less s traigh tforward than in the quadrature Jeener spectrum, since two tran

sition frequencies now determine the frequency of a cross peak along the F}

aX1S. 
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2.4 Correlation of chemical shifts through exchange and 

cross relaxation 

Apart from the scalar interaction, signals originating from nuclei can be 

correlated because the nuclei exchange their position in the molecule or be

cause of cross relaxation between the nuclei. Determination of cross relaxa

tion effects appears to be a very powerful tooI in solving assignment and 

conformation problems in large biochemical molecules as proteins. A scheme 

to detect the presence of exchange or cross relaxation non-selectively by 

means of a two-dimensional experiment has been developed by Ernst, Jeener et 

al.(39,40,41). Because nothing has been contributed to this technique by the 

author and because a detailed theoretical description of the experiment 

exists (39), only a short and simplified description of this important expe

riment will be given here. 

Before describing the experiment, it should be mentioned that the effects 

of chemical exchange and cross relaxation on the eventual 2D spectrum are 

analogous. Cross relaxation is caused by dipole-dipole coupling and cross 

relaxation rates are a measure of internuclear distance and of mobility in 

a molecule, and do not depend on the number of bonds involved. This means 

that different information compared with the methods described in sections 

2.2 and 2.3 is obtained. 

The pulse scheme is shown in Fig.2.29. Consider a spin system consisting 

of two isolated homonuclear spins A and X, without any scalar interaction 

but with mutual cross relaxation. The effect of spin A on spin X during the 

pulse sequence is briefly discussed below. In the case where the first two 

n/2 pulses are both applied along the x-axis, the longitudinal magnetization 

of nucleus A, MZA(t
l
), just af ter the second (n / 2)x pulse is given by 

J • [2.191 
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Fig.2. 29 Scheme for homonuclear correlation spectroscopy based on exchange 
or c:oss-rela~at~on .. During the delay ~ a pulsed field gradient is 
applLed. To d1stLngu1sh between positive and negative modulation 
frequencies and to eliminate axial.peaks, t~e phases ~ I ' ~ 2 and the 
receiver phase 0/ are cycled accord1ng to Taole 2. 2 (section 2.3. 2). 
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where MOA and nA are the thermal equilibrium longitudinal magnetization and 

the angular chemical shift frequency of nucleus A. During the mixing period 

with length 6, cross relaxation with nucleus X takes place, changing the 

longitudinal X magnetization by an amount CMZA(t
l
) , where C is a constant 

depending on the cross relaxation rate. Just before the final pulse the 

longitudinal X-spin magnetization is thus given by 

[2.20) 

where f(MzX(t
l
» is a function depending on the relaxation of nucleus X 

during the delay 6 and the distortion of the X-spin magnetization by the 

first two pulses in the sequence. It is the second term at the right-hand 

side of Eq. [2.20) that is the term of interest, since this is due to the 

cross relaxation from nucleus A to X. A third (n/2)x pulse converts this 

term into transverse X magnetization which is, using Eqs. [2.19) and[2.201, 

given by 

[2.21] 

As is clear from Eq. [2.21] the amplitude of the detected X-spin magne tization 

is modulated with frequency nA as a function of ti' The amplitude modulation 

is readily converted into phase modulation by stepping the phases of the r.f. 

pulses in Fig.2.29 as indicated in Table 2.2, analogous to the quadrature 

Jeener experiment described in section 2.3.2. The phase-modulated signal is 

then described by 

[2 .22) 

A two-dimensional Fourier transformation will then result in a spectrum with 

cross peaks at (nA'~) if the constant C is not equal to zero, i.e. if cross 

relaxation took place during the mixing period 6. In order to eliminate cor

relation through scalar coupling as discussed in section 2 .3, a field gradient 

pulse is applied during the mixing period 6, destroying all coherences of or

der greater than zero. 

It is in practice very hard to get quantitative results for relaxation or 

exchange rates from this experiment. A practical problem . in performing the 

experiment is a proper choice for the length of the delay ~ of the mixing 

period. Looking at large peptides, a good approach for this problem appears 

to be to perform several experiments with a variety of values, e.g. 0.05, 0.1 

and 0.3 sec. The first spectrum will then give only cross peaks for nuclei 

with a high cross relaxation rate (internuclear distance 2 - 3 ~) while the 



96 

• 

• • Ito • 

• • o 

• 

' OQ'~l 
~A W I 

~; >', 

o ~ " ,. , . 
• Dj • , ' ' 

o t'!t' 0° 

o 
11' 

• 
8 

- • • .e· • 

4 

'j 

0 

• • 
'0 ~ -.fl. .. . 
~ o· . ..; 

e· 0 • 0 

Cl " 
F2 

ppm 

-4 
(j . dl *-4' 

0 0 

'-' " Ol> , ,I'; 

0 
0 

., F.1 
.. 

ppm 
• 

4 

·e·"' ·., ..... 

• • 

0 

" 
0 - 4 

Fig .2.30 Shift correlation spectrum based on cross-relaxation of ferrocyto
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experiments with longer 6 delays will give a larger number of cross peaks due 

to the fact that lower cross relaxation rates, corresponding to internuclear 
o . 

distances for protons of up to 5 A, also g~ve cross peaks of significant in-

tensity (41). 

Since no opposite intensities occur within the cross multiplets, as present 

in the homonuclear scalar coupling correlation spectroscopy (section 2.3.1), 

no destructive interference in the cross multiplet takes place, and no need 

exists to resolve the individual multipiets in the 2D spectrum. 

Looking at smaller, organic molecules, the choice for the length ~ of the 

mixing period will be in the order of the longitudinal relaxation time TI of 

the nuclei involved (42). 

In principle the experiment can also be used in the heteronuclear case, 

investigating e .g. cross relaxation between 13C and I H. No results obtained 

by the heteronuclear vers ion of this experiment have been published until to 

date. 
I . Fig.2.30 shows a typical example of a H 2D spectrum obtained with the 

cross relaxation based correlation spectroscopy . The molecule under investi

gation is ferrocytochrome c, a biomolecule with an M.W. of about 12.500. 
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3 J-SPECTROSCOPY 

3.] Introduction 

In principle J-spectroscopy can be considered as a special case of chemi

cal shift correlation spectroscopy. However, because the spectra obtained 

with J-spectroscopy generally show features quite different from the spectra 

described in the previous chapter, and because the theory is usua lly described 

differently to~, this class of experiments is presented in a separate chapter. 

In a conventional NMR spectrum of a molecule in a liquid, the positions 

of resonance lines are usually determined by two parameters, the chemi

cal shift ê of the nucleus involved and the scalar interaction J with other 

nuclei in the same molecule. All two-dimensional J-spectroscopy experiments 

have in common that these two parameters, or linear combinations of them, 

are separated along the two axes of the two-dimensional spectrum, enabling 

a direct and unambiguous determination of both J and ê . Multipiets which 

are overlapping in the conventional spectrum can be separated in the 2D 

spectrum if the corresponding chemical shifts are different. Many experi

ment al schemes have been proposed for both homonuclear and heteronuclear 

coupled spin systems (]-]4). Most of these schemes create a spin echo by 

means of a TI pulse. Therefore first a simple explanation of the spin echo 

effects, i.e. refocussing and echo modulation will be given. 

Throughout the whole chapter it will be supposed that coupling between 

all nuclei is weak, and again relaxation is neglected, unless stated other-

wl.se. 

As was already shown by Hahn (]5) in ]950, spin echoes occur if two or 

more radiofrequency pulses, spaeed by a time delay, are applied to a spin 

system in an inhomogeneous statie magnetit: field. As an example the effect 

of a (TI/2)x - t]/2 - (TI)y - t]/2 sequenee (Fig.3.1) applied to a set of 

isolated spins in thermal equilibrium will be explained. 

t,/2 t,/2 

Fig. 3.] Sequenee generating a spin echo at a time t] af ter the initial TI/2 
pulse. This sequence is the basic scheme of homonuelear J-spectros
eopy. 
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Fig,3.3 Pulse sequence of the proton-f liv experiment. 

In Fig.3.2a it is visualized how the first (7T/2)x pulse brings the longi

tudinal magnetization, initially present along the z-axis, into the y-axis 

of the rotating frame. This magnetization can be considered as a sum of 

vectors, each representing spins in a particular region of the sample, with 

a characteristic s trength of the magnetic field. In Hahn's nomenclature each 

of these vectors is an isochromat. During the period t
l
/2 these isochromats 

diverge, since each has a slightly different precession frequency, due to 

the inhomogeneity of the static magnetic field. This is indica ted in Fig.3.2b 

by a fast and a slow isochroma t, labelled F and S. The (7T)y pulse at time t
l
/2 

rotates each isoch romat through an angle 7T about the y-axis. This means that 

now the fast isochromat lies behind the slow (Fig.3.2c). Assuming the position 

of both corresponding spins to be unchanged (i.e. no diffusion) , and thus 

their difference in frequency still the same, it takes another time t l /2 

for the fast isochromat t o catch up with the slow one. All isochromats will 

then be aligned along th e y-axis again at time ti (Fig.3.2d), thus forming 

a spin echo. Thus, refocussing occurs and effec ts of chemical shifts and 

inhomogeneity of the s t atic magnetic field are eliminated at time tI af ter 



lOl 

the (TI/2)x pulse. Due to transverse relaxation, the magnitude of the magneti

zation will have decr eased a facto r exp( - t
l

/T 2) compared with the initial 
magnetization. 

As po i nted out by Hahn and Maxwell in 1952(16), ln the case of a homo

nuclear coup led spin system, the echoes wi l l be modulated by homonuclear 

coupling . This modulation effect will be briefly discussed below . As the 

effect of refocussing due to a TI pulse has been discussed above, in the 

following discussion the effect of field inhomogeneity will be neglected . 

Consider for example a homonuclear system of two coupled nuclei with chemi

cal shift frequencies ~A/2TI and ~X/2TI and mutual coupling J. The coupling 

is assumed to be weak, i . e. (~A - ~X) » 2 TIJ. The effect of the sequence of 

Fig.3 . I on the two magnetization components of the doublet of nucleus A, 

labelled A and B, corresponding to respect i ve l y sta t e a and B of the X- nucleus, 

will now be analyzed . Just before the (TI) pulse the two components will 
y 

have positions as indicated in Fig . 3 . 2b '. The ( TI ) rulse rotates the magneti 
y 

zation components to mir r or image positions with respect to the y-axis. 

Apart from that, the (TI) pulse has an additional effect : the state of the 
y 

coupled spin X is inverted . The component .-\ rotating with frequency 

(~A/2TI - J/2) before the (TI)y pulse , will be coupled to a spin in state B 
af ter the (TI)y pulse and then precess with frequency ( ~A/2 TI + J/2), i.e. 

the frequency of component B (Fig.3 . 2c'). At time t I (Fig .3 . 2d') this doub let 

component will then have a phase TIJtI' and similarly the other component will 

have a phase - TIJ ti ' The multiplet components are thus modulated ln phase as a 

function of tI ' This is the basis of most experiments discussed ln this chapter . 

The echo modulation only occurs ln the case of homonuclear coupling; in 

the case of heteronuclear coupling, the second nucleus coup led to the one 

under observation, will not flip its state . In the heteronuclear case the 

echo rnodulation can be restored by applying a TI pulse to this nu c leus too, 

as shovm in Fig . 3.3. 

3 . 2 Heteronuclear J - spectroscopy 

3.2. I 

The proton-flip experiment has been proposed by Bodenhausen et al. (4) 

and Kumar et al . (5) and its experimental aspects have been described in a 

series of papers (6-8, 17) . The method employs the pulse sequence of Fig . 3.3. 

In principle the experiment can be applied to any set of heteronuclear coupled 

spins, but until now it has been mainly used for studying spin systems con-

.. f 1 d d b I ~ l' b 0 13 0 I slstlng 0 coup e prot ons an car on- ) nuc el, 0 servlng the C slgna . 

One might expect the spin echoes in this case to be modulated by both homo-

dh 1 1 0 0 13 1 0 0 h an eteronuc ear coup lng, but Slnce the C nuc eus lS qU1Le rare, t e 
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homonuclear modulation is almost absent in this case, and will be neglected 

in the following discussions. 

h f f b · 13 I' I I' T e requency 0 an ar 1trary C mu t1p et component can a ways be wr1tten 

as n/2n + L m.J., where 
i 1 1 

n/2n denotes the chemical shift frequency, m. the 
1 

magnetic quantum number of proton 
13 

i and J i the coupling constant with proton i. 

Just before the C (n) 
y 

pulse in Fig.3.3, magnetization corresponding to 

this multiplet component will have accumulated a phase cp given by 

cp = (n + 2nL m'. J . ) t 1/2 
i 1 1 

[3. I] 

where mi denotes the magnetic quantum number of proton i before the proton 

n pulse. 
13 The angle cp is inverted by the C (n) pulse and the magnetic quantum 

y 
number of the protons is inverted by the proton rr pulse. The new frequency 

of the magnetization considered af ter the proton n pulse is then equal to 

n/2n + r miJ i , with mi = -mi' 

At time tI in the pulse sequence of Fig.3.3 this component will have ac

cumulated a phase 2ntl~ m.J .. If broad-band decoupling is started at time tI' 
i 1 1 

thi,s component will continue rotating with angular frequency n and the time 

domain signal for this component is given by 

[ 3.2a] 

Clearly this is a case of phase modulation (section 1.5.1), from which a 

two-dimensional Fourier transformation will generate a phase-twisted re

sonance at position (n/2n, ~ miji)' As shown below the signal can be con-
1 

sidered as being modulated in amplitude, enabling the recording of 2D spectra 

in the double absorption mode. 

In the case where the coupling among the (non-equivalent) protons is weak, 

the 13C multiplet structure will be symmetric and there will always be a 

counter-partner for each multiplet component of equal magnitude Mo coupled 

to protons i' with magnetic quantum numbers opposite to those of the original 

component (mi= -mi)' The time domain signal for this component is described by 

s' (t l ,t2) = Moexp(~2ni~ m
i
J i t l )exp(int 2) 

1 

The sum of both components is given by 

+ 
5 (t l ,t2) = 2Mocos(2n~ mi J i t l )exp(int2) 

1 

which represents a signal modulated in amplitude. 

[ 3. 2b] 

[ 3.3] 



103 

As explained in section 1.5.2 a two-dimensional Fourier transformation can 

then generate a spectrum in the double absorption mode. The position of a 
.. . 13. 

resonance along the F2-ax~s ~s determ~ned by the C chem~cal shift, while 

along the FI-axis the multiplet structure appears. Apart from digititation 

problems the resonance lines wil! have natural width along the FI-axis because, 

neglecting diffusion, static magnetic field inhomogeneity is eliminated by 

the refocussing pulse applied to the 13 C at time t
l
/2. Line widths in the 

F2-dimension are mainly determined by transverse relaxation, inhomogeneity 

broadening and poor decoupling. 

For large spin systems the transverse relaxation times of coupled spins 

are of ten short because of scalar relaxation through the protons (18), making 

it impossible to resolve the indirect 13C_ IH couplings. Line-widths are 

apparently increased- by very small unresolved long-range couplings. The poor 

resolution due to scalar relaxation and unresolvable long-range couplings 

will be identical for the multiplet structure in the two-dimensional spectrum . 

In the case where the coupling between the protons is strong, the simpli

fied discussion about echo-modulation given in section 3 . I is not valid (17). 

In this case the stationary wave functions of the spin system are not simply 

given by basic product functions of the individual spins, but by linear com

binations of these (section 3 . 3 . 3). A spin inversion of all the protons by 

means of a TI pulse causes a stationary wave function, describing a certain 

state, to become a linear combination of stationary wave functions. This 

implies that a certain multiplet component before the proton TI pulse will 

be split into several components rotating with different frequencies (section 

3.3.3).A much more complicated fine structure of the multiplet will occur 

along the FI-axis of the 2D spectrum in this case. A detailed analysis of 

this effect is given in ref.(17). 

3 . 2.2 

Apart from the proton-flip, another method has been proposed by Bodenhausen 

et al. (3), which is based on a similar echo-modulation. The pulse scheme 

of this so-called gated -decoupler experiment is shown in Fig.3.4. This method 

differs from the proton-flip experiment in the fact that during the first 

half of the evolu tion period broad-band decoupling of the protons is applied 

and no IH pulse. In Fig.3.5 the behaviour of the two components of a 13C 

doublet during the sequence is shown, while for simplicity field inhomogene

ity is neglected. 
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Fig.3.4 Pulse seheme of the gated-deeoupler experiment. 

The (TI/2)x pulse turns both multiplet eomponents along the y- axis (Fig.3 . 5a), 

then during the first half of tJ they will both preeess with the same ehemi

cal shift n/2TI sinee proton decoupling is applied during that period. At 

time t}/2 the (TI)y pulse to the J3 C inverts the phase nt }/ 2 of both components 

(Fig.3.5b). Then for a time tJ/2 no decoupling is applied and the components 

rotate with angular frequencies n ± TIJ and have accumulated phases ±TIJt J/2 

at time t J (Fig . 3.5c). Since from then on proton decoupling is switched on 

again, both components will precess during the detection period t 2 with identi 

cal angular frequencies Q . Just like in the previous section (Eqs .. f3. J)- [3.3) 

the detected signal can be considered as either originating from a single 

component modulated in amplitude by cos(TIJt}/2) or from the sum of two com

ponents with opposite phase modulation . As will be shown at the end of this 

section, this last picture will be helpful in analysing the effec t of strong 

coupling among protons, possibly present in the case of a more complicated 

spin system . 

In the case of weak coupling the assumption of pure amplitude modulation 

is justified and a two-dimensional absorption spectrum can be obtained in 

the usual fashion (section }. 5 . 2). Because the frequency of the amplitude 

modulation in this experiment is equal to only half of the modulation fre

quency in the proton-flip experiment, the multiplet lines will be separated 

along the F}-axis cnly by half the coupling constant, therefore in principle 
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Fig.3.6 Experimental seheme of the foldover gated-deeoupler experiment. 
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decreasing the attainable resolution by a factor two (see section 3.2.4). 

The effect of strong coupling among the protons 

The effect of strong coupling among protons in a molecule where a 13C nucleus 

. * . ~s present on the eventual two-dimensional spectrum can be analyzed ~n a 

simple way. In this case the 13C multiplet structure can be asymmetrical 

about the chemical shift frequency. As a consequence, at the end of 

the evolution period there are no pairs of magnetization components 

with exactly opposite phases with respect to the y-axis. Therefore in this 

case the experiment cannot be treated as amplitudemodulation, but each multi

plet component has to be considered separately as a phase-modulated signal. 

The frequency of this modulation equals half the difference in frequency 

between the multiplet component considered and its chemical shift frequency. 

This implies that the multiplet structure along the FI-axis in the case of 

strong coupling is identical to the multiplet structure in a conventional 

experiment. Because of the phase modulation no absorption spectra can be 

obtained in this case (section 1.5.1). However, a single cross-section 

through the 2D spectrum parallel to the FI-axis at the chemical shift fre

quency of a certain carbon-13 can be phased just like conventional one

dimensional spectra to yield a pure absorption multiplet structure. Freeman 

et al. (12) developed a modification on the gated-decoupler experiment which 

does make it possible to produce a complete two-dimensional absorption spectrum 

in the case of strong coupling. 

3.2.3 

One of the earliest two-dimensional experiments proposed in literature 

(1975) was a gated-decoupler experiment without a refocussing pulse (I) (Fig. 

3.6). It was much later before the practical use of this experiment was 

pointed out by Müller (14). The ~heory of this experiment ~s quite analogous 

to the normal gated-decoupler experiment. During the time tI the proton

coupled magnetization vectors rotate with their characteristic frequency, 

determined by both chemical shift and J-coupling. Then during the detection 

period broad-band decoupling of the protons is applied, and all 13c multi

plet components will precess during that period with the chemical shift 

frequency. The vector sum of all multiplet components will thus be modulated 

as a function of tl,both in amplitude and in phase (section 1.5.3). However, 

* These are the protons giving rise to the carbon-13 satellites in conven-
' tional proton spectra. 
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the detected signal can also be considered as the sum of a set of com

ponents, each component being only modulated in phase with its precession 

frequency during the evolution period. Therefore phase modulation of the 

detected signal occurs with the frequencies of the proton coup led spectrum. 

Hence, the chemica l shift frequency is now present along both axis of the 

2D spectrum, and a high sampling frequ ency along the tl-axis is needed to 

avoid folding, inferring a very large data matrix. Müller proposed a solu

tion for thi s problem by allowing a l ower samp ling frequency a l ong the 

tl-axis and correcting then for the consequent fo lding errors by a data 

manipulation trick (14) . Another possibility to avoid the folding problem 

altogether and still allowing a low sampling frequency is presented in 

ref. (19) . 

3. 2 . 4 

In Table 3 . I some properties of the three different experiments are 

shown . Which experiment should be chosen in a particular case depends 

mainly on the multiplet resolution required. Two different cases can be 

distinguished: First the study of the fine stru c ture of the multipiet , 

for the investigation of long-range couplings and second , the determina

tion of only the multiplicity , i.e. the number of protons directly bonded 

to a carbon-l3 . 

Table 3 .1 . Comparison of the propertie s of the proton-flip , the gated
decoupler and the fol dover gated-decoupler experiments . 

proton-flip gated -d ecoupler foldover 
gated-decoupler 

Attainable 
good medium I medium I 

resolution 

2D Absorption yes yes 2 no 

Critical 
settings 3 yes medium no 

Simplicity 
medium4 good good of spectrum 

Depending on the spectrometer (see t ext) 
2 

Depending the prob l em (see section 3.2.2) on 
3 

To avoid artefacts in the 2D spectrum (see section 3.4) 
4 

Only in the case of strong coupling among the protons (see text) 
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Fine structure 

As can be seen in Table 3.1, in the case of weak coupling among the prot ons 

the proton-flip experiment should be preferred, because of the highest re

solution along the FI-axis. In the case of strong coupling among the prot ons 

the different and sometimes complicated multiplet structure obtained with 

the proton-flip experiment can be confusing, and it can be better to use 

the gated-decoupler or the foldover gated-decoupler experiment. Comparing 

these last two methods does not give exclusive preference to one of them. 

In both experiments it is possible to phase the appropriate multiplet cross-

section to the absorption mode . The 

foldover gated-decoupler experiment 

line-width along the F1-axis in the 
t -1 -1 

is equal to (TTT 2) + (TTT2 cpl) ,where 

T2 1 denotes the transverse relaxation time of the coupled resonances, and cp 
an extra field inhomogeneity decay with time constant Tl is assumed. In the 

-1 -1 
gated-decoup1er experiment the width is given by (TTT2d ) + (nT2 1) ec cp 
where T2dec describes the re1axation of the decoup1ed carbon-1 3 resonance. 

Hence, if T2dec > TI the normal gated-decoupler experiment should be pre

ferred. 

Because of the poor sensitivity 1n the application to high multiplet re-

solution, acquisition time along the t 2-axis should at least be equal to 

* the decay constant T2 of the decoupled resonances. Because a high resolution 

a10ng the F1-axis is wanted, a long acquisition time a10ng the tl-axis is 

required too. In practice these two facts willoften lead to a very large 

data matrix. 

Mu Hip Zici t y 

If the on1y purpose 15 to determine the number of prot ons directly bonded 

to a 13 C only a low resolution of the mu1tip1et structure (20-40 Hz) is re

quired. A sampling time along the tl-axis of 25 to 50 msec. for the proton

flip and foldover gated-decoupler experiment, and 50 to 100 msec. for the 

normal gated-decoupler experiment is usually sufficient . Choosing a longer 

sampling time along the tl-axis will unnecessarily lengthen the experiment, 

use a larger data matrix and decrease the sensitivity. 

Consulting Table 3.1 shows that in this application the gated-decoupler 

experiment is the best one to use. 

In favourable cases, the sensitivity of the experiment is higher than for 

. 1 1 d d · . 1 13 .. h a convent1ona proton-coup e one- 1menS1ona C spectrum, Slnce 1n t e 

two-dimensional experiment the decoupled resonances are recorded, which 
13 of ten decay much slower than the proton-coup led C signal. 
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Fig. 3.7 The conventional one-dirnensional carbon-13 spectra of 5 Ct -androstane 
at 50 MHz (a) proton-coup led and (b) proton-decoupled. 
(c) A stacked trace plot and (d) a contour plot of the two-dirnensio
nal J-spectrurn obtained with the gated-decoupler sequence. 
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Because the 13C multiplet width is usually smaller than 500 Hz, a sampling 

frequency along the tl-axis of 500 Hz (~tl= 2msec.) is usually sufficient 

for the proton-flip and foldover gated-decoupler experiment, while only 

250 Hz (~tl= 4msec.) is needed in the normal gated-decoupler experiment. 

This means that usually 12 to 25 different tl-valu es are sufficient to ob

tain the required information. As a consequence only relatively small data 

matrices are needed in this case. 

As an illustration the normal gated -decoupler experiment ~s applied to 

5Ct - androstane. The dàta were obtained from an experiment with 24 t 1-

increments, lasting 24 x 3 seconds. In Fig.3.7 both a contour plot and a 

stacked trace plot are shown. Making the contour plot takes less time but 

can easily miss the outer lines of the quartets if the treshold is not 

properly chosen. As a comparison Fig.3.7 also shows the convent ional IH_ 

coupled spectrum , obtained in the same measuring time. 

3.3 Homonuclear J-spectroscopy 

In homonuc1ear J-spectroscopy there exists on1y one basic scheme (2) on 

which a few modifications have been proposed (9-1 I, 13). The basic pulse 

scheme is shown in Fig.3. I. As has been exp1ained in the introduction of 

this chapter, the phase of the magnetization components of a doublet at 

time tI equals ± TIJt I. Mor e generally the phase of a multiplet component 

at frequency n/2TI + ~ m.J. is given by 2TI~ m;J;t l . This means phase modu-
~ ~ ~ ~ L L 

lat ion at a frequency r miJ i , and therefore a two-dimensional Fourier 

transformation of the time domain signal from this component will give a 

resonance line in the two-dimensional spectrum at (2TIr miJ i , n + 2TIr miJ i ) 

if n/2TI is the chemical shift frequency of the nucleus involved. The peak 

positions for a proton AX2 spin system in a two-dimensional J - spectrum are 

schematica11y shown in Fig.3.8a. All resonance 1ines of multiplet with 

chemical shift frequency n/2TI lie on a cross -section which makes an angle 

of 45
0 

with the F2-axis. A projection of such a spectrum in the absolute 

* value mode at 450 on the line F I= 0 will yield a spectrum which only con-

* The cross-section projection theorem (21) states that the projection of a 
phase-sensitive 2D spectrum on a 1ine which makes an angle Ct with the posi 
tive F2-axis (Fig.3.9a) is equal to the Fourier transformof the cross-section 
through the corresponding time-domain data at the same angle Ct (Fig.3.9b). 
Because on1y data are acquired for tI > 0 and t2 > 0, the cross-section 
through the time domain data wil1 contain only zeroes . Hence, a projection 
at 450 of a phase-sensitive 2D J-spectrum will not give a decoupled 
spectrum. Nagayama et al. (22) were the first to explain these effects . 

" 
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Schematic two-dimensional homonuclear J-spectrum of an AX2 spin 
system (a) normal and (b) tilted. The angle of 45 0 in the non-tilted 
spectrum looks to be close to 900 in practice because the frequency 
scales along the two axes are usually different. 

t, i b) 

Fig.3.9 Illustration of the cross section projection theorem. The projection 
of the phase-sensitive 2D spectrum (a) on a line which makes an angle 
a with the positive F2-axis is equal to the Fourier transform of a 
cross section (b) through the time domain which makes the same angle 
a with the t 2-axis. 

tains peaks at chemical shift frequencies, a so-called broad-band homonuclear 

decoupled spectrum. As explained in the footnote, the projection of a phase

sensitive spectrum at this angle always gives zero. 

A tilting of the spectrum according to (w; ,w2) = (w
l 
,w2-w

l
) gives, as 

schematically visualized in Fig.3.8b, a spectrum in which both J and nare 

completely separated. The tilting is usually done by means of a computer 

routine which calculates the new data matrix via shearing of the data in 

the original matrix. A cross-section through the tilted spectrum parallel 

to the FI-axis for a chemical shift frequency of F2 , will show the multiplet 

structure with a high resolution. This high resolution is ana l ogous to 

heteronuclear J-spectroscopy mainly due to the fact that the TI pulse elimi

nates the effects of statie magnetic field inhomogeneity during ti' 

Because the method is based on phase-modulation the resonance lines have 

the phase-twisted shape (section 1. 5. 1). Aresonanee line on a eross-seetion 
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parallel to one of the maln axes ln the non-tilted spectrum can always be 

phase-corrected to the pure absorption mode. Unfortunately thi.s is impos

sible in the case of the tilted spectrum if a cross-section parallel to the 

FI-axis is taken. This can be understood by considering the expression for 

a phase-twisted resonance line as given in section 1.5.1 (Eq.I.48). 

However, an absorption-like spectrum can be obtained, with significant dis

tortions at the base of the resonance line, wrongly identified by Sukumar 

and Hall (23) as tl-noi se . However, this phase-sensitive presentation still 

shows much bet ter resolution of the multiplet structure than the absolute 

value mode (23). 

As an example, in Fig.3. 10 an absolute value mode 2D J-spectrum of the tri

cyclodecane derivative, sketched on the inset, is shown. Cross-sections ta

ken through the phase-sensitive spectrum show the structure of some of the 

multipiets. 

The ac tual technical approach of a problem, using two-dimensional J-spec

troscopy depends largelyon the nature of the problem. Three different cases 

will be discussed in the following sections. 

3.3. I 

As shown above, a projection of the tilted 2D J-spectrum gives a homo

nuclear decoupled spectrum, while at the same time multiplet structures are 

available from the cross-sections of the spectrum paralJel to the FI-axis. 

The resulting simplification can in principle be quite large. However, as 

pointed out in ref. (22) the projected spectrum will have a low resolution. 

The half-width of a 450 projection of a Lorentzian line in the absolute value 

mode, symmetric in FI and F2 appears to be a factor 4.5 broader than the cor

responding line in a one-dimensional absorption spectrum (22). The lines in 

a projection show very strongtailing too. Therefore a real simplification 

can only occur if the conventional one-dimensional spectrum consists of over

lapping but individually (partly) resolved multipiets. Examples of practical 

applications have been shown by Nasayama et al. (22, 24) and Morris, Hall 

and Sukumar (25, 26). 

Because line shapes and line widths are the main limiting factors in the 

use of 2D J-spectroscopy, proper digital filtering is in practice very im

portant. Some considerations and suggestions with respect to digital filter

ing will be given below. First a strategy will be described to get highest 

resolution in the projected decoupled spectrum. Because the projection is 

calculated in the absolute value mode, the absolute value line ·shape in the 

two-dimensional spectrum determines the eventual resolution in the decoupled 
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Fig.3.10 Two-dimensional proton J-spectrum of the tricyclodecane derivative 
shown in the inset in Fig.3.11, presented in the absolute value 
mode. At the right hand side some multiplets, obtained from cross 
sections through the phase-sensitive 2D J-spectrum are shown.(Spec
trum recorded at 200 MHz). 
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spectrum . As explained in section 1.7.3 the pseudo-Gaussian echo filter will, 

if applied to both axes, produce line shapes which have absorptive character 

in the absolute value mode. Projections of such a 2D spectrum will then give 

a decoupled spectrum with absorptive Gaussian line shapes. The main practical 

disadvantages of thi s filter are the large intensity distortions and the sen

sitivity loss which it introduces. Therefore it is suggested to use the pseu

do-echo filter only along the t 2-axis to remove the dispersion contribution 

from the line shape in the F2-dimension, and to use the Lorentzian-Gaussian 

transform filter (section 1.7.2) for line-narrowing along the tl-axis. The 

absolute value tailing in the FI-dimension of the relatively narrow resonance 

lines in this d~nension will in practice not severely distort the line shape 

of the projection. In this case real line-narrowing only takes place along 

the F,-axis, while along the F2-axis the line shape is modified to give less 

absolute value tailing. The possibilities of digital filtering of the two

dimensional time signal should not be overestimated : an analysis shows that 

in practice it is very hard to get a decoupled projection with lines as 

narrow as or narrower than the individual multiplet components ln a con

ventional spectrum which has not been resolution enhanced. The limitations 

of the possible line-narrowing in the 2D spectrum is set by intensity dis

tortion and sensitivity problems. Fig.3. I I shows the comparison of a conven-

~I 
J: A 
D G B · 

F E 

B A 
D 

SC 

I I , 
ppm 4 3 2 

Fig.3 .11 The conventional one-dimensional 200 MHz proton spectrum (top trace) 
of the tricyclodecane derivative shown in the inset. The position 
of the broad resonance of the OH depends on temperature and concen
tration. The bot tom trace shows the 45 0 projection of the two-dimen
sional J-spectrum with pseudo Gaussian echo filtering used in the 
t2 dimension to suppress dispersion mode contributions. Lines marked 
"SC" arise due to the strong coupling. From ref. (44) 
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tionallH spectrum and its decoupled equivalent ob tained by us ing digital 

filt er ing as mentioned above. The reader is warned to be cau tious in inter

preting 2D J - spect ra and 45
0 

projection s if there is strong homonu c lear 

coupling. Extra resonances will appear, as demonstrated in section 3 . 3 . 3. 

Multip let c ross-sections can best be s tudied in the phase- sensitive mode and 

in this case it i s better not to use the pseudo-echo filter , since this in

troduces large line shape distortions (see e.g. Fig.I.IOc). 

3 . 3.2 

In the case where the multiplet resolution is limited by stat i c magnetic 

field inhomogeneity, 2D J-spectroscopy can be used to eliminate this in

homogenei t y broadening. Several different one-dimensional methods having 

simi l ar effects are also available (27, 28, 29). The ac tual expe riment a l 

appr oach, using 2D J-spectr oscopy, is slight l y different from the one given 

in the previous section. Because the decay of the signal as a function of tI 

depends in first approximation on transverse rel axat ion only, natural line 

widths a l ong the F I-axis of the 2D spectrum can be obtained . In order to u se 

additional line - narrowing along this axis , an acquisition time along the 

tl-axis of up to e i ght times T
2 

sometimes has to be chosen. Even though the 

spectral width along the F I-axis is only determined by maximum multiplet 

width, th is of ten result s in such a large number of tl-increments that the 

sampling time along the t
2
-axis has to be limited because of the maximum 

size of the data matrix ava il ab le. 

The Lorentzian to Gaussian transforma tion (section 1. 7 . 2) is recommended 

for line- narrowing along the t l-axis , while along the t
2

- axis Lorentzian or 

Gauss i an weighting can be llsed to improve sensitivity and to avoid possible 

truncation effects. It lS mentioned here that line- narrowing along the 

F I-axis does not change the ratio of tl-ncise amplitude to signa l amplitude . 

In practice the effec t of diffusion in the sample will prevent perfect re

focussing, and a decay as a func tion of tI will occur faster than expec ted. 

As pointed out by Lösche (30) and suggested by Aue et al. (2) a series of 

equally spaced TI pulses (Fig.3. 12) during the evolution period can be used 

to eliminate the diffusion effec t . As will be poin ted out ln section 3.5.1, 

new problems arise in this case due to cumulative effects of errors in the 

TI pulse. 
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Fig.3.12 The elimination of diffusion effects by the application of a series 
of equally spaced TI pulses in the evolution period. 

3.3.3 

The semi-classical picture of homonuclear J-spectroscopy is not valid any 

more in the case where the nuclei are strongly coupled, i.e. where the mutual 

J-coupling is of the same ordec as the difference in chemical shift frequency, 

or even larger. Detailed investigations of the behaviour of several types of 

spin systems during the standard pulse sequence of Fig.3. 1 have been made by 

Kumar (31) and Bodenhausen et al. (32). In this section a qualitative analysis 

is given of where the picture breaks down, and what the consequences for the 

2D J-spectrum are. As an example the most simple case of strong coupling, an 

isolated AB spin system is chosen. 

The reason for the extra complexity occuring in the case of strong coup

ling is that the eigenfunctions of the system are not given any more by simple 

basic product functions, but by linear combinations of these. The four statio

nary wave functions for the AB system are given in the second column of 

Table 3.2. 

Table 3.2. The wave functions of an AB spin system before and af ter the spin 
inversion TI pulse, expressed in the stationary wave functions. 
8 = 0.5 arctan{J/(ó

A
- ó

B
)} 

Before the TI pulse Af ter the TI pulse 

short notation stationary new state new state 
wave function expressed in basic expressed in stationary 

product functions wave functions 

11> I BB> 100> 14> 

12> cos(8) laB> + cos(8) IBa> + sin(28)12> + 
+ sin(8) I Ba> + sin(8)laB > + cos(28)13> 

13> cos(8) I Ba> 
- sin(8) laB> 

cos(8) laB> 
- sin(8) IBa > 

cos(28)12 > 
-sin( 28)13> 

14> laa> I BB> 11 > 
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As a short notation for these eigenfunctions the state number as indicated 

in the first column is used. The effect of a n pulse is to transform the 

wave function of a spin in a certain eigenstate given in column 2, into a 

state given in the third column, which is the sum of stationary wave func

tions as indicated in the last column. 

The effect of the standard pulse sequence of Fig.3. 1 on one of the tran

sitions of the AB spin system is shown in Fig .3.13. The (n) pulse at 
y 

time t
l
/2 inverts the phase of the component as usual. As shown in Table 

3.2 state 11 > converts completely int o state 14>. However, state 12> 

splits into a linear combination of 12> and 13>. Hence, component WI2 will 

split into two components, rotating with angular frequencies w24 and w
34

' 

and respective amplitudes sin2 (29) and cos 2 (29) where 9 is a measure for 

the strength of the coupling defined as 9 = 0.5 arctan{J/(oA- oB)}. The 

new component rotating with w34 can be considered as the normal component, 

while the w24-component is additional, due to the strong coupling . The phase 

of this component at time tI equals (w24 - wI2 )t l / 2 and it will cause a re

sonance line at {(w24 - wI2 )/2, w24} in the eventual 2D spectrum . For each of 

the three other components a similar splitting occurs. Hence, four additio

nal lines will show up in the 2D spectrum . 

An example of a 2D J-spec trum of a st r ong l y coupled AB system ( 9~ 0.2radian) 

is shown in Fig.3.14. The extra lines are on a cross -section which makes an 

a) ~ b) c) d) 

12> 13> 

14> 

12-4 11-2 r- 3 

. . 13-4 
~,@-~ 

x ~ 12=~ 12tl/ 2 ~3 4=~24= ~24=(~24-~ 12)tl/2 

=-~ 12tl/2 ~3 4=(~3 4-~ 12) t l / 2 

~ig.3.13 (a) Energy level diagram and schematic spectrum of an AB spin system. 
(b) Position of component 1-2 just before the (n) pulse (Fig.3.1). 
( c) Positions of the two new components af ter thl (n) pulse and 
(d) positions at the end of the evolution period. y 
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1I1I1I1I1I1I1I1I1I1I1I1I1I1t _soHz 
F2 120H~ 

Fig.3.14 Example of an intermediately strongly coupled AB spin system 
(o/J ~ 3.5) recorded at 300 MHz. The four ext r a lines due to 
the strong coupling are indicated by arrows. 

SOHz 

angle of 45
0 

with the F2-axis, cutting the line F); 0 at the average fre

quency of the two chemical shifts involved. In the 450 decoupled projection 

these lines will give an extra resonance line just in the mid-point between 

the two real decoupled resonances. Note that these two real resonances do 

not occur at the exact chemical shift frequencies, but at the centers of the 

multipiets. 

As is clear, the 2D J - spectrum for strongly coupled spin systems will be 

much more complicated than their weakly coupled equivalents. The number of 

resonance lines will be much larger than in the corresponding one-dimensio

nal spectrum. Because of the spread of these resonance lines into two fre

quency dimensions, the spectrum will not necessarily be more crowded than 

the conventional spectrum and information can be extracted which would be 

hidden in the conventional spectrum. Because of the complicated nature of 

the two-dimensional spectrum in this case, information can generally only 

be extracted with the aid of a proper two-dimensional simulation program(32). 
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3.4 Artefacts in two-dimensional J-spectra 

As mentioned in the introduction of this chapter, J-spectroscopy can be 

considered as a special case of correlation spectroscopy. The start of the 

acquisition is in these experiments delayed until the centre of the echo. 

The actual mixing pulse 1S now for most experiments the TI pulse. Because of 

the peculiar properties of a TI pulse, magnetization will only be transferred 

from one multiplet component to its mirror image with respect to the centre 

of the multipiet. However, as soon as the pulse is no longer exactly TI 

radians, all other kinds of transfer will take place to~, analogous to the 

homo- and heteronuclear shift correlation experiments described in the pre

V10US chapter. These other unwanted transfers give rise to the same kind of 

cross-peaks as in the 2D shift correlation spectra, and will usually be 

folded one or more times along the FI-axis, because the FI-spectral width 

in J-spectroscopy is lower than in the correlation experiments. These extra, 

unwanted lines, generally referred to as artefacts, can partly be eliminated 

by cycling the phases of pulses and receiver in a way as described by Boden

hausen et al. (33), which they called Exorcycle. Certain artefacts however, 

due to the non-exact inversion of the coupled spin cannot be eliminated 

this way (20). A good solution to suppress both these artefacts and the 

artefacts which can be suppressed with the Exorcycle is the use of a com

posite TI pulse (34-36). This composite pulse consists .of a (TI/2) -(TI) -(TI/2) 
x y x 

pulse sequence and gives much bet ter inversion than a normal TI pulse in the 

case of an inhomogeneous r.f.field, a misset of the pulse flip angle, or 

off-resonance effects. 

3.5 Modifications on the standard experiments 

Several modifications on the experiments described in sections 3.2 and 

3.3 have been proposed in literature. Most of these modifications are only 

minor technical differences, leaving the theoretical basis unchanged. In 

practice these modified experiments are of ten harder to perform, but they 

can in certain cases give more accurate or extra information and shorten 

the execution time. The main modifications proposed so far will be dis

cussed below. 
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3.5. I 

In the methods discussed so far, only one response is acquired for each 

time the sequence is repeated. The sequence has to be repeated many times, 

for a full set of different tl-values. Sometimes the same information can 

be obtained much faster. Consider for examp l e the experiment of Fig.3.12, 

where only the second half of the last spin echo i's -_:d-eteci:ed. It is clear 

that the information of all other spin echoes , in between the TI pulses, gets 

lost, since these echoes are not acquired . As has been pointed out in 

ref. (I I), detection of the second halves of all spin echoes in a Carr

Purcel-Meiboom-Gill (CPMG) sequence (37) gives a complete two-dimensional 

data matrix with t l-values given by 

n= 0, I ,2, ... 

-I -I 
The sampling frequency along the tl-axis is now given by (6t l ) = (2T) . 

The maximum sampling time along the t 2-axis is equal to T. In order to 

avoid folding the sampling frequency along the tl-axis has to be larger 

than the multiplet width Mlv: 

2T < (MW)-I [3.4] 

which for proton spin systems limits the maximum value for T to a value 

of the order of 20 msec. The short acqusition time along the t
2
-axis im

plies a poor resolution along the F2-axis. Fig.3.ISa shows the homonu

clear J-spectrum of 1,1,2-trichloroethane obtained from a single CPMG

sequence. This experiment is closely related to the one-dimensional J

spectroscópy invented by Freeman and Hill (28), where only one single 

point at the centre of each spin echo is acquired . 

As explained in ref. (38) and (11), acquiring the complete spin echoes 

makes it possible to generate a two-dimensional absorption spectrum, 

which partly solves the resolution problem and improves the signal-to

noise ratio. Fig.3.ISb shows the absorption J-spectrum of 1,1,2-tri

chloroethaneobtained from the same experiment as the spectrum of Fig. 

3.ISa, but using the complete echoes. Identical digital filtering was 

used in the two processings. 

There are three major problems connected to this multiple echo method: 

(a) The effect of a series of closely spaced TI pulses can cause distor

tion because of apparent spin-locking (39). 

(b) The imperfections in the TI pulses are not cancel led by the Meiboom-
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Fig.3.15 Two-dimensional proton J-spectra of 1 ,1,2-trichloroethane (CHC12CH2Cl) 
at 300 MHz obtained from one single CPMG sequence containing 64 TI 

pulses. 
(a) Absolute value mode display. (b) Absorption display. The tot al 
measuring time was about 7 sec. From ref.(1 I). 
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Fig.3.16 Pulse scheme of the m-th spin echo sequence of a relatively shifted 
multiple echo 2D experiment, used to obtain a J-modulated time sig
nal My(t l ,t2)' The complete experiment consists of M similar spin 
echo sequences. During this sequence a set of second halves of 
echoes is acquired for (tl )n= 2mT + (n - I) x 2T. Complete echoes 
can be acquired for (tl)n= 2mT + 2nT. 

Fig.3.17 2D absorption J-spectrum of 1,1, 2-trichloroethane at 300 MHz ob
tained with the relatively shifted multiple echo experiment. The 
spectrum was computed from a 512 x 768 data matrix. The total mea
suring time was about 10 min. From ref.(1 I). 
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* Gill modification (40) and have a cumulative effect . 

(c) The resolution along the F2-axis is still limited because of the short 

acquisition time along the t 2-axis. 

These three problems can partly be solvedby using several (M) CPMG-like 

sequences (Fig.3.16) in which the centres of the spin echoes are shifted 

relatively to one another and the spacing between the TI pulses can be M 

times as large (11). This method can be considered as a mixture of the con

ventional method and the one-shot CPMG method. A spectrum of 1,1, 2-trichloro

ethane, obtained by using eight relatively shifted CPMG-like sequences is 

shown in Fig.3. 17. Note the very high resolution of the multiplet structure 

(0.04-0.06 Hz). This high resolution is due to the elimination of diffusion 

effects by the series of TI pulses in the evolution period for large values 

of tI. 

3.5.2 

As pointed out in section 3.3 and in ref. (22), the 45 0 projection of a 

homonuclear 2D J-spectrum will only generate a decoupled spectrum if per

formed in the absolute value mode. No phase-sensitive 45 0 projections with 

inherent higher resolution can be obtained this way. As pointed out in ref. 

(10) and (41) there is a way to get a homonuclear broad-band de coup led ab 

sorption spectrum. This method, which i s also the basis of the experiment 

discussed in section 2.3.6, will be briefly explained in this section. It 

is mentioned here that the method des cribed below is strictly not a two

dimensional one, but since it is very closely related to 2D spectroscopy 

its description is included. 

" , 
" 

, 
" I 
" 

'" 1,/2 '11' 1,/2 t' , 
I. 

T 

Fig.3.18 Scheme of the ~ethod for obtaining homonuclear broadband-decoupled 
absorption spectra. Sampling points are taken at a fixed time T 
af ter the ini tial TI /2 pulse, for var ious values of tI ';;; T . 

* This problem can also be solved by using composite TI pulses (34, 35, 36). 
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The pulse sequences of the new method (Fig.3.18) and the standard sequence 

(Fig.3. I ) are quite similar . In the new method a spin echo is created by 

means of a (rr/2)x- t
l
/2- (rr)y- tl/~ sequence. A single sampling point at 

time Taf ter the initial rr/2 pulse i :; :~c:quHed for a set of experiments with 

different value for tI. This correspondends to taking a cross-section 

through the time domain data matrix on the line t l + t 2= T. The time domain 

signal for a resonance line k of a multiplet with chemical shift frequency 

rl . /2rr is in the case of weak coupling given by 
J 

Sjk(t') = MOjkexp( -T/T2jk)exp(-~ /T;)exp(irlj~ + i~jk) 
o < t' < T 

[3. sj 

where t' = T -tl' TI denotes the decay due to inhomogeneity only and ~j k is 

given by 

~jk (n .
k

- n. )T 
J J 

where rl
jk 

denotes the angular frequency of component k . 

Because of the symmetry in a multiplet of a weakly coup led spin system there 

will always be a component k' in the same multiplet with opposite phase: 

~jk' = -~jk · The sum of a ll components k in a multiplet is then given by 

l: s. k (t' ) 
k J 

[3.6] 

This is a signal with phase zero, rotating with the chemical shift frequency 

and a strong amplitude dependence on ~jk ' which means on the multiplet split 

tings and the time T. A Fourier transformation of this signal will give a 

phase- sensitive broad-band decoupled abso r ption spectrum . As an example 1n 

Fig.3. 19 the conventional and the decoup l ed spectrum of 1,1 ,2-trichloroethane 

are shown. To eliminate the amplitude dependence on the term ~jk and to 1m

prove the sensitivity it has been proposed to convert the experiment 1n an 

int erferogram experiment (41) or to use a two-dimen sional version of this 

experiment (11). A fruitful modification based on this latter principle is 

the method presented in section 2.3.6. 
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Fig.3.19 I H spectra of 1,1 ,2-trichloroethane at 300 MHz (a) obtained with a 
FID experiment, and (b) the homonuclear broadband-decoupled absorp 
tion spectrum. From ref.(38). 

In order to increase the information contents of a two-dimensional J - spec 

trum, it has been proposed by Nagayama et al . (9) to perform two separa t e ex

periments. The first experiment is the normal standard experiment (Fig.3.1), 

giving the real splittings in the multiplet. The second experiment only dif

fers from the firs t one by the fact that continuous coherent irradiation 1n 

a certain part in the spec trum is applied . Due to this extra irradiation the 

multiplet splittings observed in the second 2D spectrum will be reduced by 

a factor which depends on the offset of the nucleus irradiated from the de

coupler frequency . This is similar to the well -known coherent off -resonance 

proton decoupling in carbon-1 3 spec troscopy (42). Comparing the multiplet8 in 

the two different J - spectra gives an approximate value for the shift of the 

coupled nucleus . Of course , caution has to be taken in interpreting the re

sults , because of non-linear effects (43) and Bloch-Siegert shifts . 

As demonstrated by Nagayama et al. (9) the method can give useful results 

in proton J - spectra of proteins, where the decoupler is set in the aromatic 

region of the spec trum, while the aliphatic r egion is observed. 

The opin ion of the author is, however , that a combination of a J-spectrum 

and a homonuclear shift correlation spectrum (section 2 . 3 . 2) will give at 

least the same amount of information, and in a less ambiguous way. 
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3.5 . 4 

The main problem remaining in homonuclear J-spectroscopy is the lack of 

resolution. In the standard experiment (section 3 . 3) this is caused by the 

phase-twisted l ine shapes . The multiple echo experiment and the method of 

section 3.5.2 are not applicable to spin systems with a short T
2

, because 

of the introduced intensity distortions and sensitivity 1055. 

Nagayama (13) has suggested the use of weak pulses which only affect a 

part of the spectrum . In this case all kinds of heteronuclear methods can be 

applied in homonuclear J-spectroscopy, and pure absorption spectra can be ob

tained. The most practical experiment in the case of using weak pulses is 

probably the sequence shown in Fig.3.20 . Two experiments are performed for 

each tl-value . One is the standard pulse sequence, the other one contains a 

rat her weak TI pulse to either the observed spectral reg ion or to the region 

coupled to the region observed. The r . f . field strength of this pulse corres

ponds typically to a few hundred Hz. To enhance the selectivity of the pulse 

to a near to perfect TI pulse for a part of the spectrum and not affecting any 

other part, it is strongly recommended to use a composite weak TI pulse 

{(TI/2) - (3TI/2) - (TI/2) } (34). 
x y x 

Since the weak TI pulse inverts the phase of a multiplet component at time t I 

without changing its frequency, two signals with opposite phase modulation 

are obtained for each value of tI ' As explained in section 1.5 . 2 these sig

nals can be combined to yield an amplitude-modulated signal enabling the re

cording of absorption mode spectra. The details about the processing of the 

two signals can be found in ref. (12) . 
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Fig . 3.20 Scheme for generation of absorption homonuclear 2D J - spectra. In 
sequence (b) the weak TI pu lse at t ime t I can be applied either to 
the observed spins or to the sp i ns coupled t o t he ob served sp i ns. 
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Obviously this method can only be used if the nuclei coupled have a large 

difference in shift. If this is not the case, artefacts in the 2D spectrum 

will appear. 

Demands for flexibility in pulse sequence control and data-processing are 

very high in this experiment. 
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4 . MULTIPLE QUANTUM COHERENCE 

4. I Int roduc t ion 

In this chapter an attempt will be made to explain the phenomenon of mul

tiple quantum coherence in a simple way, and to show its intriguing proper

ties . In the final section its use in high resolution liquid state N}ffi will 

be briefly discussed. 

In the broadest definition of the term multiple quantum NMR is concerned 

with the observation of nuclear transitions that are forbidden by the well 

known select ion rule ~m ± I. Some of the multiple quantum transitions 

could already be detected with the old continuous wave method (1,2). In 

this case the irradiating field is so strong that it significantly dis

turbs the spin system and modifies its sta t ionary wave functions . Double 

resonance experiments relying on the same principle, can also be used to 

detect the forbidden transitions (3,4). The main usc of these early multiple 

quantum expriments was the determination of connectivity and of relative 

signs of coupling constants . 

When Fourier transformation was introduced in NMR there appeared to be no 

obvious way for it to be used to detect multiple quantum transitions. Detec

tion was considered to be impossible in Fourier transform NMR not only be

cause a single pu l se applied to a spin sysytem in thermal equilibrium does 

not create any multiple quantum coherence, but also because a multiple quan

turn coherence, possibly present, does not induce any physically observable 

signal. Almost a decade went by until it was realized that these problems 

could be circumvented if a more complex excitation sequence is used, and 

if the detection is done in an indirect way (5-8). The development of Fourier 

transform multiple quantllm NMR has probably been slowed down by the fact 

that no simple classical picure is available to describe the behaviour of 

multiple qantum coherence and therefore usually cumbersome density matrix 

calculations are required (section 1.2, App.I). A calculation method using 

so-called fictitious spin-! operators has been introduced (8,9, 10), however, 

still without giving a really simple view on the physical aspects . If inte

rested, the reader is recommended to study the relatively simple paper by 

Kaiser on this subject (11) . 

To give a feeling of what is going on ~n the new pulsed NMR methods which 

detect multiple quantum transitions, a theoretically simple experiment will 

now be discussed qualitatively. 

Consider an AX proton spin system as shown ~n Fig.4.1. First a selective 
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Fig.4.1 Energy level diagram and wave functions of an AX spin system. 

A 

I 

X r" l~ 
, , , , 

14 ----I f--
t, t2 

Fig.4.2 Scheme for the selective excitation and detection of the double 
quantum coherence 1-4 in an AX spin system. 

pulse on one of the A-spin transitions (Fig.4 . 2), e.g. transition 12, cre

ates a coherence between the levels 1 and 2. Then a selective TI pulse ap

plied to X-spin transition 24, interchanging the states of levels 2 and 4, 

transfers the coherence from transition 12 to transition 14. Since transi

tion 14 is a double quantum transition, no signal will be observable af ter 

this selective proton pulse. However, the coherence between level I and 4 

does exist. This can be shown easily by applying another selective TI pulse 

to X-spin transition 24, converting the double quantum coherence back into 

observable single quantum coherence between the levels 1 and 2, which cor

responds to transverse A-spin magnetization. It appears that the phase of 

the reconverted magnetization is a function of wl4 t l where w
l4 

is the angu

lar frequency of the double quantum transition and tI the time during which 

the double quantum coherence evolved. By varying the time tI in subsequent 

experiments, the double quantum frequency w
l4 

can thus be determined. 

In this chapter only homonuclear multiple quantum transitions will be con

sidered. Heteronuclear multiple quantum transitions rely on the same prin

ciples, but involve slightly different experimental aspects (12,13) . No im

portant applications for heteronuclear multiple quantum transitions have 

been proposed so far, which could not be done in a more conventional type of 
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experiment. The importance of homonuclear multiple quantum Fourier NMR is 

also rather limited (section 4.7) . It can be used to obtain extra informa

tion about the relaxation mechanism, for spectral simplification, and to se

parate different spin systems as shown in chapter 5. Furthermore, it is im

portant to understand the phenomenon of multiple quantum NMR, because it can 

introduce errors in conventional experiments for example relaxation measure

ments (14,15), even though the multiple quantum frequency is not detected. 

4.2 Creation and detection of multiple quantum coherence 

As mentioned in thc introduction of this chapter, a single non-selective 

pulse applied to a spin system in thermal equi librium will create single 

quantum coherence only (7,16). However, a pulse applied to a spin system 

which is in a non-equilibrium state will generally create multiple quantum 

coherence (6,7). Hence, the number of different multiple quantum excitation 

methods is infinite. Different classes of excitation methods can be distin

guished. A subdivision will be made between methods only emp loying transition

selective pulses, methods employing both transition-selec tive and non-selec

tive pulses, and methods using non-selective pulses only. In order to detect 

the effect of multiple quantum coherence it has to be transferred into trans

verse magnetization by means of either selective or non-selective pulses. 

4.2 . 1 

A 1 Cascade of selective pulses 

A theoratica lly simpl e way to create multiple quantum eoherence in a pre

dictabl e fashion is the use of cascades of selective pulses as shown in Fig. 

4 . 3a (7). Consider e.g . a set of connected single quantum transitions kl, lm 

and mn . A transition-selective TI / 2 pulse ereates eoherenee between e.g. le

vels k and 1. A seleetive TI pulse on transition lm followed by a seleetive 

TI pulse on transition mn will transfer the originally single quantum coherence 

kl into coherence between levels k and n. This can easily be verified by using 

the results g iven in Appendix 111. The advantage of this exeitation method 

is that the amount of multiple quantum eoherenee ~s weIl defined. However, 

the phase of the eoherence ean be more difficult to predict since a series 

of selective pulses at diff erent frequencies has been applied, and the phases 

of these pulses are thus undetermined. A way around this phase problem can 

be the use of pulsed selee tive exeitation (17,18), using one transmitter 

frequeney only. 
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A2 Single selective pulse 

Multiple quantum coherence can be selectively excited if a pulsed r.f.field 

of appropriate strength and duration is applied at the frequency where the 

transition cons idered would show up in the continuous wave method (Fig.4.3b) 

(5,7,8). The excitation mechanism in this case is the same as in the conven

tional multiple quantum continuous wave NMR experiments . In liquids this ex

citation method is mostly not very practical, but it should berealized that 

a single weak pulse can be capable of generating multiple quantum coherence, 

which can give rise to undesired effects in all kinds of conventional experi

ments (15). 

El Selective 1T pulse followed by a non - selective 1T/2 pulse 

As has been shown by Wokaun (7) a convenient way to create all multiple 

quantum coherences in which a spin A participates, with equal intensioty, is 

to apply a selective 1T pulse to one of the resonance lines of multiplet A, 

followed by a non-selective 1T/2 pulse, applied to the whole spin system (Fig. 

4.3c). Instead of a selective 1T pulse to one of the transitions. a selective 

(ni 2 ) 7f 7f 
a) R 110T 11 10T 

b) 
MOT 

c) 

(71:/2 >x 
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7[ 

e) 

f) i 
Fig.4.3 Various schemes for the generation of multiple quantum coherence 

as described in the text. 
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saturation of this resonance can also be employed, decreasing the 

amount of multiple quantum coherence created by a factor two. This last 

method is easily done in practice by using the decoupler irradiation channel 

for selective saturation. A homospoil pulse has to be applied to eliminate 

possible spurious transverse magnetization af ter this saturation. A disad

vantage of these methods is that the magnitude of the multiple quantum cohe

rences is rather low compared with the excited single quantum coherences 

(see e.g. Fig.410a). 

82 Non- selective n/2 pulse followed by a cascade of selective n pulses 

A non-selective n /2 pulse followed by a cascade of selective n pulses can 

be used in a similar way to method AI to create a certain coherence selec

tively in a predictabie fashion (7), and with high intensity (Fig.4.3d). 

Since the phase of the selective n pulses matters for the phase of the ex

cited coherences, again pulse selective excitation should be used (17,18). 

Cl (n/2) - T - (n/2) excitation x x 

The most common way to excite multiple quantum coherence is the application 

of two non-selective (n/2)x pulses separated by a delay T (Fig.4.3e). The 

transverse magnetization created by the first pulse is redistributed by the 

second pulse over all possible transitions in the spin system, including the 

multiple quantum transitions. The major problem using this non-selective ex

citation is, that without using a density matrix calculation according to 

Eq. [1.19], the intensities of the transitions are very hard to predict for 

any coupled spin system consisting of more than two spins. Clearly the mul

tiple quantum excitation efficiency has to depend on the length of the delay 

time T. For T = 0 the two (n/2) pulses would just have the effect of a 
x 

single (n) pulse, not creating any multiple quantum coherence at all. A 
x 

condition required for the excitation of a double or zero quantum coherence 

~n which two spins A and X are the only spins participating, is that sin(nJAXT 

is not equal to zero (7). For a two-spin system for example, it follows from 

an explicit calculation, using Eq. [1.19] that maximum excitation can be 

achieved if sin(nJAX~ equals one. 

C2 (n/2) -, - (a) excitation x x 

If instead of a (n/2) an a pulse is used af ter the delay time T(Fig.4.3f), 
x 

where a is smaller than n/2, mainly zero-, single- and double quantum co-

coherence will be excited,i.e. the creation of multiple quantum coherence is 

more favourable for transitions in which not more than two spins change their 

polarization. This flip-angle effect has already been discussed in section 

2.2.3. 
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C3 Offs et independent excitation 

Apart from the value sin( rrJt) the excitation of multiple quantum coherence 

using the rr /2 - t - rr /2 method depends on the offset of the centres of multi

plets measured with respect to the transmitter frequency. This offset depen

denee can be removed by placing a rr pulse in the centre of the creation pe

riod as shown in Fig.4.3g. It can be shown that if the second rr/2 pulse ~s 

applied along the same axis as the first pulse, only even orders of coherence 

will be excited, while if the rr /2 pulses are 900 out of phase 

{(rr/2) - t/2 - (rr) - t /2 - (rr/2) }, only odd orders are excited. This odd -
x x y 

even rule is only valid in the case where the second mixing pulse is a rr/2 

pulse. This offset-independent excitation method will be used in chapter 5. 

C4 Selective order excitation 

A method has been designed by Pines and co-workers which employs non-selec

tive pulses and still generates a selec table order of coherence only, and 

with high intensity (19,20). This method employs long series of phase-shifted 

pulses and is both theoretically and practically very complicated. 

As mentioned before the presence of multiple quantum coherence cannot be 

detected directly. lts effects can be shown by applying another pulse, as in 

the example of Fig.4.2. This pulse transfers (part of) the multiple quantum 

coherence back into observable magnetization. A practical approach for the 

back transfer is the application of a non-selective rr/2 pulse at time tI 

af ter the multiple quantum coherence has been created (Fig.4.4). The coherence 

is then redistributed over all the transitions present in the spin system. 

It then follows from Eq. [1.30) that all magnetization components af ter the 

detection pulse are modulated in amplitude as a function of t by all the 
I 

frequencies present in the spin system during this evolution period tI' In 

principle it is sufficient to detect only a single point at a suitable time 

af ter the detection pulse, since this point contains information about the 

(7r/2)x 
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Fig.4.4 Scheme for indirect detection of multiple quantum coherence via a 
two-dimensional experiment. Part of the multiple quantum coherence 
is transferred to transverse magnetization by the non-selective rr/2 
pulse. 
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total vector sum of all transverse magnetization components which are all 

individually modulated with the same frequencies. The modulation frequencies 

can be determined by a Fourier transformation of the amplitude modul at ion of 

this point with respect to tI (2 1 ,22,23). For sensitivity purpose, however, 

it is bet ter to detect the complete free induction decay for each value tI' 

A Fourier transformation of these responses will yield a series of spectra 

in which all the individual lines are modulated in amplitude as a function 

of tI with all the single and multiple quantum frequencies present in the 

spin system. A Fourier transformation of this data matrix with respect to tI 

will now give a two-dimensional spectrum with all the multiple quantum fre

quencies along the FI-axis. A projection of such a spectrum in the absolute 

value mode on the F I-axis wil! produce a one-dimensional spectrum, showing 

all the multiple quantum frequencies which were present in the spin system. 

As an example a two-dimensional spectrum of acrylonitrile and its projection 

obtained this way, using excitation method of Fig.4.3e, is shown in Fig.4.5. 

SingLe point acquisition 

As has been shown in section 1.2.4, a non-selective pulse cannot transfer 

multiple quantum coherence into net transverse magnetization, i.e. the vec

tor sum of the magnetization components , originating from multiple quantum 

coherence is zero, immediately af ter this pulse. Hence, in order to observe 

any signal transferred from multiple quantum coherence a delay T ' af ter the 

detection pulse is required before magnetization is sampled. This is the 

procedure actually used in the case where only one point is sampled for each 

value of tI as is for instance the case in the multiple quantum studies in 

liquid cr ystals as performed by Pines and co-workers (22,23). As they use a 

n /2 - T - n /2 multiple quantum excitation sequence, the value T ' is chosen 

to be equal to T. 

To eliminate intensity distortions in the multiple quantum spectrum due 

to the fact that one value for T will generally not be equally efficient for 

the observation of all different multiple quantum transitions, several expe

riments are performed for different values of T , and the resulting absolute 

value mode multiple quantum spectra are co-added. 

MuLtipLe point acquisition 

The procedure described above can in principle al so be used in multiple 

quantum studies in liquids, but is inefficient and time-consuming. An average

ing over different values of the delay T ' is automatically obtained if a two

dimensional experiment is performed where the signa l af ter the de tection 
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Fi~_._4 . 5 Two-dimensional multiple quantum spectrum of the proton AMX sys t em 
of acrylonitrile and its projection onto t he F I-axis. Under the 
projection the single quantum resonance lines are labelled AI-A4 
fo r spin A e t c. , The combination lines are indicated by C, the 
zero quantum resonance lines by Z, the doub l e quantum resonance 
lines by D and the triple quantum resonance by T. The spectrum 
is recorded at 300 MHz. 



pulse is monitored for a time t 2 . Intensity anomalies now will only de-

pend on the choice of the delay T in the excitation scheme, and will be sig

nificantly less severe. However, a large data matrix is generally needed for 

data storage in this case. Since a non-selective pulse does not create net 

magnetization and magnetization components have opposite phases at t
2
= 0, 

the intensities of resonance lines in the two-dimensional phase-sensitive 

multiple quantum spectrum will ei·ther be positive or negative, in such a way 

that the total intensity integral over the spectrum is equal to zero. For 

this reason the absolute value mode is commonly used in the display of mul

tiple quantum spectra. 

Since a non-selective pulse creates amplitude modulation of the detected 

signal with respect to tI' the positive and negative multiple quantum fre

quencies cannot be distinguished (section 1.5.2). A conversion of this ampli

tude modulation into phase modulation analogous to the methods described in 

sections 2.2.3 and 2.3.2 is in general not possible. 

4.2.3 

One might expect that a p quantum transition has a frequency ~n the order 

of p times the Larmor frequency. In principle this is true, but it has to be 

realized that the experiment is actually performed in a frame, rotating with 

QR' where QR is the transmitter frequency which is equal te the reference 

frequency ~n the lock in detector. The transformation to a rotating frame 

has the effect of decreasing the multiple quantum frequency expected by pQR 

(Eq. [1.131). This gives the convenient result that the multiple quantum fre

quencies detected will be equal to a sum or difference of resonance offset 

frequencies as observed in the corresponding single quantum spectrum. For 

example in an AX spin system the double quantum frequency wl4 will be ob

served at the sum of the offset frequencies w
l2 

and w24 with respect to the 

transmitter frequency. In a similar way the zero quantum resonance frequency 

w23 will be equal to the difference of single quantum frequencies wl2 - w13 . 

4.2.4 

There appear to be restrictions with respect to which multiple quantum co

herences can be created . It appears not to be true that any connection be

tween two energy levels in a spin system represents a possibly detectable 

multiple quantum coherence . In this section the fact will be used that if it 

is impossible to create a certain coherence by means of a cascade of selec

tive pulses, it will also be impossible by means of non-selective pulses, 

since the lat ter can always be considered as a cascade of selective pulses 

(App.III, Eq. [III.201). 
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Symmetry group restrictions 

In the case of magnetically equivalent nuclei the symmetrized stationary 

wave functions are divided into symmetry groups (24). Only multiple quantum 

coherences within a symmetry group can be created. Consider e.g. thesimplest 

case of an AX2 spin system (Fig.4.6). Only multiple quantum coherences in 

the symmetric part of the energy level diagram are possible, since it is im

possible to apply a selective pulse which transfers magnetization between 

different symmetry groups. 

(X) -transitions 
n 

In the case of isolated coup led magnetically equivalent nuclei which do 

not have scalar interaction with other nuclei in the same molecule, as e.g. 

the protons in benzene, it is impossible to create a multiple quantum co

herence. However, if magnetically equivalent nuclei are coupled to another 

nucleus and form e.g. an AX
2 

or AX3 spin system, a multiple quantum co

herence can be created in which only the equivalent nuclei participate, 

provided that both the A and X nuclei are affected in "multiple quantum 

excitation sequence." 

Vanishingly small coupling 

In the case where coupling between nuclei A and X is vanishingly small it 

will be impossible to .create a multiple quantum coherence in which only 

spins A and X participate. Again this cau be understood by the fact that it 

is impossible to apply a transition-selective pulse to one of the A-transi

tions only, because of the overlap of the two A-multiplet components. How-

anti-
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Fig . 4.6 The conventional spectrum (a) and the energy level diagram (b) for 
an AX2 spin system. 
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ever, if another nucleus M exists, which is coupled to both the A- and the 

X-nucleus, it is possible to create a triple quantum coherence in which all 

three spins A, M, and X participate. 

4.3 Special properties of multiple quantum coherence 

Multiple quantum coherence appears to have a sensitivity to magnetic field 

strength(or transmitter offset frequency) and phases of r.f.pulses which is 

characteristic for their order (6,25). Both effects have the same theoretical 

basis. The effect of an extra offset 6w on the frequency of coherence of 

order p is a change by p6w (Eq. [1.13]). The effect of a phase shift ~ of the 

excitation pulses, on coherence of order p is that it causes a change ~n 

phase of this coherence by p~ . Both effects are incorporated ~n the formula 

exp(i~FZ) a exp(-i~F ) 
p z exp(ip~)o 

p 

where 0 represents a density matrix only containing 
p 

with ~ - MI = pand the normal density matrix 0 = 

[4.1] 

~-quantum elements Oki 

La , where N is the 
p=-N p 

number of spins in the system. More explicitly the effect on a matrix element 

OkI (tl) describing coherence between state k and I at time tI can be written 

[4.2] 

where 0(0) is the densitymatrix at time t l = O. The operator exp(i~Fz) de

notes a rotation over an angle ~ about the z-axis. This rotation can either 

be caused by (a) the static magnetic field along the z-axis, or (b) a phase 

change of the radiofrequency pulses . 

ad a. If the static magnetic field is described by a perfectly homogeneous 

component Ho and an inhomogeneity contribution Ho(r) the evolution of the 

density matrix is described as 

o(t l ) = exp{-iyH (r)F tl}exp(-iyH F tl)a(O)exp(iyH F tI) x o z 0 z 0 z [4.3] 

x exp{iyH (r)F tI)}' o z 

With ~ equal to -yHo(r)t l , Equations [4.3]and[4.1] show directly the rela

tion that the dephasing of coherence due to inhomogeneity is proportional 

to the order of the coherence. This agrees with the earlier statement that 

multiple quantum frequencies are always equal to sums or differences of 

single quantum transition frequencies (section 4.2.3). Consider for example 

the AX spectrum in Fig.4.7 in which lines are broadened by an inhomogeneous 

magnetic field. The shaded and the black areas of the resonance lines cor-
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Fig.4.7 (a)Schematic single quantum spectrum of an AX spin system (Fig.4.1) 
in an inhomogeneous magnetic field. Black and shaded areas corres
pond to two different regions in the sample. 
(b) The double quantum spectrum. 
(c) The zero quantum spectrum. 

respond to two positions in the sample differing an amount ~w in frequency. 

Since the double quantum frequency is equal to the sum of w
l3 

and w
34 

or w
IZ 

and wZ4 ' the difference in double quantum frequency oetween those two regions 

is Z~w. The zero quantum transition, at a frequency equal to the difference 

between wIZ and wI3 will clearly be independent of inhomogeneity broadening. 

ad b. The rotation operator corresponding to a pulse with flip angle a ap

plied along an axis in the xy-plane which makes an angle ~ with the positive 

x-axis is given by 

R~(a) = exp[ia{Fxcos(~) + F sin(~)}] = exp(-i~F )exp(iaF )exp(i~F). [4.4] 
~ y z x z 

If for example in the (n/2) - T - (n/Z) multiple quantum excitation sequence 
x x 

the (n/Z)x pulses are replaced by (n/Z)~ pulses this has the following effect: 

R~(n/Z)exp(-iHT)R~(n/Z)OOR~(-n/Z)exp(iHT)R~(-n/Z) [4.5] 

exp(-i~F )R (n/Z)exp(-iHT)R (n/Z)o R (-n/Z)exp(iH~R (-n/Z)exp(i~F ) z x x ox x z 
~ ~ 

exp(-i~F )0 (O)exp(i~F ), z x z 

where 0 is the equilibrium density matrix and using the facts that ft and 
o 
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FZ commute and 0
0 

does not contain any off-diagonal elements. o~ (O) is the 

multiple quantum density matrix at time t
l

= 0 in the case where the excita

tion pulses are applied along the ~-axis, while ox(O) describes the system 

at t
l
= 0 in the case where both pulses were applied along the x-axis. From 

Eqs. [4.5] and [4.2] it is clear that a change in phase ~ of the excitation 

pulses causes a change -p~ in the phase of a coherence between the two 

states which differ an amount p in magnetic quantum number. In a similar way 

it can be proved that a phase change ~ in the detection pulse has the same 

effect as an increase in the phase of the multiple quantum coherence of 

(p + I)~ which can also be understood by the fact that only the relative 

phases of excitation and detection pulses matter . 

4.4 Separation of different orders df multiple quantum coherence 

As can be seen in Fig.4.5 the multiple quantum spectrum is crowded and 

looks rather complicated, even for a simple AMX spin system. The main reason 

for this is the large number of resonance lines due to the fact that reso

nance lines originating from all orders appear in the same spectrum and show 

extensive overlap. There are different ways to remove this overlap, i.e. se

parate the different orders. 

The simp lest way to get the orders separated is to set the transmitter fre

quency at a large enough frequency difference ~w away from the centre of the 

one-dimensional spectrum. The effect of this offset ~w is to move resonance 

lines in the multiple quantum spectrum over a distance p~w away from zero 

frequency. Since multiple quantum spectra can be considerably wider 

than the single quantum spectrum, the offset has of ten to be much larger 

than the single quantum spectral width. 

If a full two-dimensional spectrum is recorded this implies a large increase 

in the size of the data matrix, because the sampling frequency along both 

time axes has to be increased. In the case where only a single data point is 

acquired for each value of tI' the consequence is that the bandwidth of the 

audiofrequency filter has to be set to a large value in order to detect the 

single quantum transverse magnetization. In principle the consequent loss 

in sensitivity can be eliminated if a band-pass audiofrequency filter is em

ployed which attenuates all frequencies except the band in which the single 

quantum spectrum is to be found. \ 
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4.4.2 

Another simple method to separate the different orders is based on the 

different sensitivity to magnetic field inhomogneity and is described in de

tail in ref.(26). The idea lS to cause a certain amount of dephasing of the 

multiple quantum coherence in different parts of the sample, by applying a 

pulsed magnetic field gradient FGduring a time T. Af ter the multiple quantum 

coherence of a certain order - still present but out of phase - is re

converted into transverse magnetization, the magnetization originating from 

defocussed p-quantum coherence can be refocussed by the application of another 

pulsed fièld gradient of the same intensity but p times as long (Fig.4.8). 

With this method only one order can be selected per experiment, unless seve

ral individually spaced field gradient pulses with length T are applied during 

the detection period, with sampling of the signals in between (26). Since the 

detected signal af ter a single non-selective n/2 pulse is amplitude modulated 

by the multiple quantum frequencies, there will be a coherence ' transfer echo 

and an antiecho (25) (section 1.3). Both these signals are phase modulated, 

but by frequencies of opposite sign. If the pulsed field gradients in Fig.4.8 

have the same polarity, the coherence transfer echo will be selected, in the 

case of opposite polarity the antiecho will be selected. Because the detected 

signal is now phase modulated, positive and negative multiple quantum fre

quencies can be distinguished, i.e. the transmitter can be set to the centre 

of the spectrum to minimize the size of the data matrix required without 

introducing folding. An example of the order-separated spectra of acrylonitrile 

is shown in Fig.4.9. The minimum time to obtain a multiple quantum spectrum 

of a certain order, using this separation method, equals the required number 

of increments for tI times the time each experiment takes. The spectra shown 

ln Fig.4.9 were obtained from 512 x 192 data matrices, taking an acquisition 

time of 512 x 6 seconds ( ~ I hour) each. 

T T 
~
o VVO VV4TOOb 

11 I I I I V 
,I II I : 

11 II I I 

.. I.---=--.,~, ~I.t-------_""'I~ ~ M • 
T " T pT '2 

Fig.4.8 Scheme for the selective detection of multiple quantum coherence 
of order p, using pulsed field gradients (FG), 
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Fig.4.9 Separated order multiple quantum spectra of acrylonitrile, an AMX 
proton spin system at 300 MHz, in a rather inhomogeneous magnetic 
field. (a)The zero quantum spectrum, (b) the single quantum spectrum 
including the combination lines, (c) the double quantum spectrum 
and (d) the triple quantum spectrum. The four different spectra 
are obtained from four different two-dimensional experiments, using 
pulsed field gradients for the selection of the different orders. 
Difference in line width for the different orders is clearly visible. 

As is shown in section 4.3 a change ~ in the phase of all the excitation 

pulses causes an apparent rotation around the z- axis which means an incre

ment p~ in phase of the multiple quantum coherence of order p . Experimentally 

slightly diff erent tricks t o separate the orders, all rely ing on this prin

ciple, are published by the groups of Ernst (13), Pines (22), Vold (27) and 

Freeman (28,29) . Wokaun and Ernst showed that if for each value of tI a series 

of experiments was performed with different phases of the excitation (or de

tection) pulses, a proper linear combination of the different responses ob

tained for each value of tI' can be used to select a certain order. 

The transverse magnetization detected along the x- or y-axis , in the case 

where the excitation pulses are applied along an axis which makes an angle ~ 
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with the x-axis is according to Eq. [4.5]given by 

M (t l ,t 2 ,CP) = x,y 

N 
L 

p=-N 
Tr{r ° (t l ,t2)}exp(-ipCP) , x,y px [4.6] 

where the index x in 0px(t
l
,t 2) denotes that this is the matrix 0p(t

l 
,t 2) if 

the excitation pulses were applied along the x-axis. Magnetization, origina

ting from coherence of order p, can now be selected by performing several 

complete two-dimensional experiments for different values of cp, and calcula

tion of a proper linear combination of the detected signais. As an example, 

odd and even quantum coherences can be separated by performing two experi

ments, one with cp = 0 and one with cp = TI. From Eq. [4.6] follows, that if the 

sum of both results is taken, only signals from even quantum coherence will 

remain, while the difference will give signa.ls originating from odd quantum 

coherence. If only four different phases for the r.f.pulses are available, 

the orders which can be separated are given In Table 5.1. 

Table 5.1 Simple combinations of results of experiments with phase-shifted 
excitation to observe certain orders of coherence selectively. 

Phase cp 0
0 900 180

0 
270

0 Observed orders 

+ 0 1 2 3 4 5 6 7 8 9 
Adding 

+ + 0 2 4 6 8 
or I 3 5 7 9 + -

Subtracting 
+ + + + 0 4 8 

+ - + - 2 6 

As explained by Wokaun (14) expression [4.6] can be FourÏ.er transformed 

with respect to cp, selecting the different orders p. This Fourier transform 

is actually the same as taking linear combinations of responses obtained 

with different values cp. 

If the combination of the different signals is done on-line, only a re

latively small data matrix is required. However, if the combination of sig

nals is calculated afterwards, an n times larger amount of data storage ca

pacity is required, if n is the number of different experiments for each tI 

value. This latter approach does have the advantage that all different order 

spectra can be extracted from one set of data. If the combination of data is 

done in such a way that only one value of p in Eq. [4.6] is selected, either 

the coherence transfer echo or the antiecho is selected, depending on whether 

p is negative or positive. Since these signals are phase-modulated, positive 
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and negative multiple quantum frequencies can be distinguished (section 1.5.1). 

In the combination method of discriminating zero and single quantum signais, 

shown above, both positive and negative values of pare selected simultaneous

ly, leading to amplitude modulation and making it impossibleto distinguish 

between positive and negative modulation frequencies (section 1.5.2) . The 

phase cycling proposed by Wokaun in ref . (7) gives only amplitude modulated 

signais. In principle N + I different experiments for each value of tI are 

sufficient to separate all N + I orders in a N spin system, while 2N + I ex

periments are needed in order to detect the echo or the antiecho of a certain 

coherence selectively. 

The practical approach proposed in ref.(22,27,28,29) and generally referred 

to as time proportio~al phase increment (TPPI) is slightly different. Only 

one value for the phase ~ is used per value of tI ' However, each time tI is 

incremented the value of ~ is also incremented by .6~ . This causes according 

to Eq . [4.5) an extra rotation p.6~ around the z-axis per time unit .6 t
l

. This 

means that the multiple quantum frequency of order p is apparently increased 

by P .6~/ .6tl' Since the normal multiple quantum modulation frequency wp ' in

creased by P.6~ / .6 tl is sampled at discrete intervals, this implies for the 

sampling frequency (.6 t l )-1 in order to avoid folding : 

I NM 
( .6 t I ) - > (wp + .6 t I) /TI . [4.7) 

This means that .6~ has to be smaller than TI /N. Usually .6~ is chosen to be 

equal to 

TI/(N + D [4.8) 

if N is the highest order of transitions to be detected. Since all multiple 
-I 

quantumfrequenciesof order p now have an offset of p( .6 t l ) /(2N + I), posi-

tive and negative multiple quantum frequencies are automatically discrimina

ted . In order to produce phase shifts which are not an integer multiple of 

TI /2, and are not available on standard NMR spectrometers a digital phase 

shifter for this purpose can be built, as suggested by Bodenhausen (30). An 

elegant alternative circumventing the extension of hardware is the use of 

a composite z-pulse (28,29). In this case the normal excitation pulses are 

left unchanged in the successive experiments but a ~ composite pulse 
z 

{(TI /2) - ( ~ ) - (TI/2) } is applied during the evolution period. The angle ~ 
x y - x 

is now incremented by .6~ each time tI is incremented. The theoretical des-

cription of this experiment is the same as in the TPPI method . As the samp-
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.ling frequency along the tl-axis has now to be 2N + I times as high as in 

the normal experiment, a 2N + I times larger data matrix is required. This 

is the same as the amount needed if the combination method described earlier 

and distinguishing positive and negative signals is used. Using the methods 

described in this section, the number of experiments to be executed is 2N + 

times larger than to obtain a non-separated spectrum, thus lengthening the 

minimum experiment execution time by a factor 2N + I. 

ExperimentaZ 

Multiple quantum spectra of acryl ic acid obtained by using the TPPI method 

with composite z-pulses are shown in Fig.4.10. The phase increment ~~ used 

was n/3. 512 increments for tI were used and 256 complex data points along 

the t 2-axis were sampled. The sampling frequency along the tl-axis (Ótj)-1 

was 1500 Hz. Spectrum b) was obtained using a (n/2)x - 40 msec. - (n /2)x 

excitation, while spectrum a) was obtained by using excitation method of 

Fig.4.3c (section 4.2.1), selectively inverting a resonance line in the mul

tiplet of spin M. In spectrum a) all multiple quantum resonances in which 

8) 

H(A) H(M) 
c. C -COOH 

H(X) 

I 

lIM=1 6M=2 lIM=3 I 

I 

D,o DuO"" 0,," T 

I 0"1 0,," I 
I 

-750Hz OHz 750Hz 

Fig.4.10 

F. .- . _~ 

Order-separated multiple quantum spectrum of acrylic acid at 200 MHz, 
obtained by using the TPPI method for the separation, 
(a) using a line-selective n, non-selective n/2 excitation and 
(b) using a (n/2) - 40 msec. - (TT/2)x excitation. The left halv,es 
of the two spectr~ correspond to the antiecho part, the right halves 
to the coherence transfer echo part. The triple quantu~ resonances 
are folded. The spectra are recorded by T.A . Frenkiel. 
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this M spin participates show the same intensity, as predicted in ref.(14) 

and ~n section 4.2.1. Both spectra are symmetrical around the centre, due to 

the fact that the detected signal is still modulated in amplitude rather 

than in phase, and a complex Fourier transform with respect to tI is used. 

The right half of the spectra corresponds to the coherence transfer echo, 

while the left half corresponds to the antiecho. Since the acquisition time 

along the tl-axis was only 340 msec. strong Gaussian weighting was applied 

using a time constant TG = 0.2 sec., which causes so much broadening that no 

clear difference in linewidth between the different orders can be observed. 

4.5 Measurement of relaxation rates 

An important application of multiple quantum transitions in liquids is the 

independent and sometimes extra information they give about the transverse 

relaxation mechanism (section 4.7) since degeneration of transitions can be 

removed, and different spectral densities contribute to the relaxation (31,32). 

Therefore in this section attention will be given to the experimental aspects 

of multiple quantum relaxation measurements. Since the contribution of mag

netic field inhomogeneity to the decay rate can be quite significant, espe

cially for higher orders, a way has to be found to eliminate inhomogeneity 

broadening. 

Zero quantum coher ence 

As mentioned in section 4.3, zero quantum coherence is insensitive to mag

netic field inhomogeneity (14,25,26) and in the case of single exponential 

decay its relaxation rate can be directly determined from the line width 
-I 

using the weIl known formula 6VO. 5= (TIT 2) . Care has to be taken because 

this formula only holds for absorption mode spectra. In the absolute value 

mode presentation, lines will be /3 broader. Of course, the signal should 

be sampled for a sufficiently long time along the tl-axis: (tl)max> 3T2 , 

in order to avoid line shape distortion. Zero-filling by a factor of 2 to 5 

before Fourier transformation is recornmended to yield proper digitization 

of the zero quantum line shape. 

Non-zero order coherence 

If the relaxation rate of a non-zero order coherence is to be determined 

a different approach is required. As nas been shown by Wokaun (7,32), the 

amplitude of the coherence transfer echo at time pt
l 

af ter the mixing pulse 

is in principle not influenced by magnetic field inhomogeneity. The amplitude 
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of the coherence transfer echo due to transfer from multiple quantum co

herence mn (order p) to single quantum coherence kl decays by the product 

exp(-tI/T2mn)exp(-ptl/T2kl)' As the transverse relaxation time T2kl can be 

determined in a conventional experiment, it is in principle possible to 

measure T2mn this way. However, this method will not be very accurate since 

T2mn is determined from the difference of two decay rates which both have 

experimental errors. 

A more practical approach has been proposed by Bodenhausen et al. (27). 

A TI pulse is used in the centre of the evolution period, refocussing the in

homogeneity decay (4.11).Relaxation rates can now be immediately be deter

mined, via line width determination. An important extra advantage of this 

trick is that in the case of weak coupling the modulation frequencies are 

only determined by scalar coupling(analoguous to homonuclear J-spectroscopy 

described in section 3.3), yielding a so-called multiple quantum J-spectrum. 

This allows the use of a low sampling frequency along the tl-axis leading 

to an acceptable size of the data matrix required. However, two disadvantages 

are connected to this approach: 

I. All orders will be overlapping since line positions are not influenced by 

chemical shifts. This problem can be circumvented by using e.g. the TPPI 

method (22). Overlap within one order can then still occur if for example 

two different coupling constants in the molecule have similar magnitudes. 

Since the effects of offsets are refocussed, orders cannot be separated 

by using a large offset frequency (section 4.4.1). 

2. For all orders except the highest, the relaxation rate determined will be 

the average of· the two relaxation rates, since the TI pulse transfers the 

/ multiple quantum coherence to its counter multiplet partner. This is the 

same effect as occurs in conventional transverse relaxation measurements 

in a homonuclear coupled spin system, using a TI/2 - T - TI - T-acquire se-

oor T 
{7I)y (7(12)" 

I I~ÖfiA""' .. , 
" " 

~ ~ V1JVVV v v~~ 0 

" 
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t,/2 ./~ T 2 

Fig.4.11 Scheme for multiple quantum J-spectroscopy. The TI pulse in the centre 
of the evolution period refocusses the effects of static magnetic 
field inhomogeneity. 
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quence (33). 

Concluding it can be stated that multiple quantum relaxation rates can be 

obtained most conveniently by line width determination in a multiple quan

turn J-spectrum. Zero quantum relaxation rates might be obtained from the 

normal zero order spectrum, where either a field gradient pulse during the 

evolution period or the phase cycling as proposed by Wokaun (13)(section 

4.4) can be used to suppress the other orders. In this case the relaxation 

rates of zero quantum multiplet components are detected individually. 

4.6 A fast method for the detection of zero quantum coherence 

Zero quantum coherence is a particularly interesting class of multiple 

quantum coherence, since zero quantum transitions were not accessible by the 

early continuous wave methods and because their insensitivity to magnetic 

field inhomogeneity allows an accurate determination of the relaxation rate. 

Because of the insensitivity to field inhomogeneity it is possible to design 

a sequence which makes it possible to detect zero quantum transitions in a 

pseudo one-dimensional single shot experiment, as proposed in ref.(34). The 

idea is based on the fact that in a strongly inhomogeneous magnetic field 

all coherences except the zero order will defocus rapidly. By applying small 

pulses the evolution of the zero quantum coherence can be monitored. 

The pulse scheme actually used for this experiment is set out in Fig.4.12. 

Fig.4.12 Pulse sequence used to excite and detect zero quantum frequencies. 
Transverse nuclear magnetization was sampled at the points indica
ted by al ' a2' ... , a1024; immediately af ter each sample, the trans
verse magne tization was di spersed by a gradient pulse of random 
amplitude. The lengths of the various delays in msec . are: T = 3000, 
1

1
= 14, 1 2= 18, 1

3
= 20, 1

4
= 5,15= 1. 
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In principle all excitation schemes which generate zero quantum coherence 

can be used. In Fig.4.12 basically a n/2 - , - TI/2 excitation is used. The 

TI pulse slightly offset from the midpoint of the interval between the two 

TI/2 pulses has the effect that it partly refocusses the effect of field 

inhomogeneity during this period 'I + '2. During the next interval astrong 

magnetic field gradient is applied along the z-axis, causing a rapid decay 

of all non-zero order coherences. This gradient corresponded to a line width 

of approximately 3 kHz. In addition the room temperature field correct ion 

coils were shut off for the entire experiment and no sample spinning was used. 

This gave an instrumental line width of the order of ISO Hz, at a Larmor fre

quency of 300 MHz. The next stage of the experiment involves the conversion 

of zero quantum coherence into transverse magnetization by a regular sequence 

of pulses of very small flip angle a , each pulse converting only a very 

small fraction of the available zero quantum coherence. It will be shown be

low that each a pul se des troys an amount of zero quantum coherence proportio-
2 

nal to a , so that if a is too large there is a rapid decay of the detected 

signal, and the zero quantum lines appear broadened. In practice a was about 

0.03 radians. There is th en a delay '4 before the transverse magnetization 

is sampled. The transverse magnetization arising from zero quantum coherence 

appears initially as two antiphase components (section 1.2.4), and '4 allows 

relative precession of these vectors so that they become partly in phase. 

There is also a loss of signal during '4 due to defocussing effects in the 

inhomogeneous field and therefore only a rather short value of '4 is chosen, 

in practice 5 msec. 

Af ter a single sample point has been acquired, a I-msec. gradient pulse is 

applied in order to destroy all transverse magnetization before the next a 

pulse. In order to prevent steady-state effects (35), these gradient pulses 

are amplitude-modulated by a pseudo-random sequence; in practice there was 

a constant component giving a line width of 3 kHz and an amplitude-modulated 

component with excursions of the same magnitude. The highest-frequency zero 

quantum coherence is of the order of the largest chemical shift difference 

in the coup led spin system, and this determines the lowest possible sampling 

frequency if aliasing is to be avoided. This is a further reason for employ

ing shorter-than-optimum va lues of '4; it also means that weakly coupled spin 

systems with large values of Ö/J will produce only weak zero quantum spectra 

by this method. 

This process of pulsing and sampling is continued until 1024 data points 

are acquired, and this transient signal is then zero-filled to 4096 points. 

In addition to the oscillating signal derived from zero quantum coherence, 
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this transient contains another component originating from diagonal elements 

of the density matrix, which grows monotonically by spin-Iattice relaxation. 

A dc correct ion routine is used to avoid the step function discontinuity at 

the end of the transient signal. Gaussian weighting is then applied, and 

Fourier transformation gives the spectrum of zero quantum coherence. 

To see the effect of a sequence of pulses, suppose that a spin system de

scribed by a density matrix a experiences a regular sequence of pulses of 

very small flip angle a radians, applied along thex-axis of the rotating re f erence 

frame. The effect of a single pulse with flip angle a is then to create a 

new density matrix a' which may be written as 

a' exp(-iaF )aexp(iaF ) x x 
[4.9J 

and, if expressed as a series expansion, may be approximated for small values 

of a by the first - order terms 

a' 

a' 

(I - iaFx)a(1 + i aFx ) 

a + ia [a, F ] + a 2F aF 
x x x 

[4.IOa] 

[4.IOb] 

Provided that a contains only density matrix elements that are diagonal or 

which represent zero quantum coherences, the term [J ,F 1 creates transverse 
x 

magnetization without affecting the zero quantum coherences at all. (Off-

diagonal non-zero quantum matrix elements are removed by the inhomogeneous 

field and the pulsed field gradients). The last; _ term of Eq. l4. lOb] and the 

higher-order terms in the series expansion of exp(iaF) in Eq. [4.9] cause 

the destruction of the zero quantum coherence by the a pulses. Consequently 

the amplitude of the transverse magnetization generated is proportional to a 

while the degree of Cdestruction of the zero quantum coherence is proportional 

to 0.
2

, provided that a is small . This effect is closely related to the flip

angle effect as described in section 2.3.3. 

Zero quantum transitions in the vinyl group of triethoxyvinylsilane, which 

forms a convenient AMX spin system, were studied using the experimental 

scheme of Fig.4.12. Both the zero quantum spectrum and the conventional one

dimens.ional spectrum are shown in Fig. 4.13. All six zero quantum transitions 

are clearly visible. 

The author does not expect that this experiment will become of great prac

tical importance; however, it shows an elegant demonstration of both the flip

angle effect and the behaviour of zero quantum coherence in a strongly inho

mogenous magnetic field. 
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Fig.4.13 (a) The conventional high-resolution NHR spectrum of the vinyl pro
tons in triethoxyvinylsilane. The three-spin system is sufficiently 
weakly coupled that three principal quartets can be picked out. 
(b) The spectrum of zero quantum frequencies (absolute value mode). 
Note the change of frequency scale. From ref.(34). 

4.7 Discussion 

Multiple quantum spectroscopy as described in this chapter is a clear de

monstration of the potential power of two-dimensional spectroscopy. However, 

the practical usefulness of multiple quantum coherence in isotropic media 

still remains rather limited compared with the methods described in the pre

vious chapters. Possible applications of multiple quantum coherence are: 

1. Determination of connectivity, 

2. Determination of relative signs of coupling constants, 

3. Spectral simplification, 

4. Separation of different spin systems, 

5. Extra information for relaxation studies. 

ad 1,2. Points 1 and 2 were already proposed in the early days of multiple 

quantum NHR. Since in those days double resonance experiments were used for 

the same purpose, and were simpier to understand by the average spectrosco

pist, multiple quantum NHR never found wide-spread popularity. Because both 

point and 2 can be obtained with the correlation experiments discussed ~n 

chapter 2, they probably will not be a reason for a revival of interest ~n 

multiple quant.um NHR. 
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ad 3. Spectral simplification can be achieved by studying a high order mul

tiple quantum spectrum since the number of transitions decreases rapidly for 

increasing order higher than one. This property appears to be extremely use

ful in the study of dipolar coupling constants in molecules dissolved ~n 

liquid crystals (22,23). The simplification has a different character as the 

simplification obtained with the methods discussed in chapters 2 and 3. 

ad 4. Byselectively observing signals which originate from a certain order 

of transitions, using the special properties of multiple quantum transitions 

(section 4.3) to obtain this separation, it is possible to observe certain 

types of spin systems selectively in a conventional one-dimensional experi-

ment. 
13C 

A practical application of this is used in the next chapter where 

13C coupled spins are observed selectively, suppressing the much stron-

ger . 1 d . 13 . 
s~gna s ue to ~solated C sp~ns. 

ad 5. As has been pointed out in several publications, multiple quantum re

laxation can give useful extra information in motional studies (32,27,15). 

Especially in the study of correlations in fluctuations of the magnetic field 

at different sites in a molecule, relaxation rates of multiple quantum tran

sitions are extremely helpful. Zero quantum relaxation rates are of particu

lar interest because of the high reliability of the experimental results. 

Since motional studies using transverse relaxation phenomena in nuclear mag

netic resonance are the work of only a limited number of scientists, this 

will be no reason for multiple quantum NMR to be introduced in the NMR cook

book of the chemist. 

However, one has to realize that the development of pulsed multiple quan

turn NMR is rather recent and that new prospects may be found. 
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5 CARBON - CARBON COUPLING OBSERVED IN NATURAL ABUNDANCE 

SAMPLES 

5.1 Introduction 

In this chapter a number of experiments is discussed which all have in 

corrunon that signals which originate from homonuc lear coup led carbon-13 spins 

are detected selectively, suppressing the much stronger signals from isola

ted carbon- 13 nuclei. The experiments are all r a ther recent and not much 

detailed literature is available yet. Therefore a separate chapter is used 

for the description of these experiments, although all principles on which 

the new methods rely have been discussed in the previous chapters. 

Carbon-carbon scalar coupling constants contain a wealth of information 

about the structure and conformation of carbon containing molecules. The in

format ion they provide is complementary to that obtained from proton-proton 

coupling constants, and is of ten unique because carbon coupling constants 

are directly influenced by the bonding and substituent effects in the carbon 

skeleton of organic molecules. However, there appears to be a difficult prac-

tical problem in measuring these coupling constants. This difficulty arises 

h 
13. . 

because t e C ~sotope ~s rare; 
13 

1%. Hence, the abundance of C 

it has an abundance of only approximately 

13C pairs is only 0.01 % and the intensity 

of the corresponding resonances will be a factor 200 lower than the intensity 
. . 13.. h d · 13 1· of s~gnals from the ~solated C sp~ns. S~nce omonuclear ~rect C coup ~ng 

constants are rather small, 30-45 Hz for saturated carbons, these weak satel-
. . .. d 13C l~tes are hard to detect ~n the flanks of the 200 t~mes stronger ~solate 

signal. The problem is not only the sensitivity or the dynamic range of the 

signal, but also the presence of a jumble of other weak lines from sp inning 

side bands, from incomplete proton decoupling or simply from small amounts 

of impurities. As an example in Fig.5.1, one of the 13C resonances of piperi-

!IC) Hz 40 20 10 o 

Fig.5.1 Carbon-13 resonance line of carbon C4 in piperidine in a conventional 
spectrum recorded at 50 MHz. The satellites due to homonuclear coup
ling with C

3 
are marked with an asterisk. 
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dine is shown with the two satellite signals due to homonuclear 13 C coupling 

in its flanks. 

Especially at high magnetic fields it becomes very difficult to decouple 

the protons properly and to obtain a narrow base for the relatively strong 

resonance due to isolated 13 C nuclei. Therefore the solution forced upon the 

chemist has been to synthesize compounds labelled with 13C at the site of 

interest, and sometimes even labelled at two sites. This procedure is diffi

cult, time-consuming and expensive, and restricts the measurements that can 

be made to those sites which are coupled to the labelled atoms. In spite of 

this, a large amount of information has been built up on the va lues of car

bon-carbon coupling constants (I) using this isotope substitution. Experiments 

performed by L. Ernst and Wray (2), using no isotope substitution, but detec

ting direct and long range satellites in conventional spectra of natural 

abundance samples of monosubstituted benzene compounds, should be considered 

as experimentally extremely difficult, requiring excellent homogeneity, high 

decoupling power, and properly chosen compounds. 

The method of measuring carbon-carbon coupling constants described in this 

thesis is completely different from both methods mentioned above; the new 

method relies on suppressing the main signals of isolated 13c nuclei, retai

ning the interesting satellite lines. As will be explained in the next para

graph, the suppression is achieved by using phase properties of double quan

turn coherence (section 4.3). The experiments are essentially one-dimensional; 

the idea, however, originates from the multiple quantum spectroscopy as pre

sented in chapter 4. This one-dimensional method (3) will further be referred 

to as Inadequate (Incredible Natural Abundance Double Quantum Transfer Experi

ment). In paragraphs 5.4 and 5.5 it will be shown that the two-dimensional 

variations of the Inadequate experiment can be extremely useful for the de

tection of long range couplings and for assig~ent purposes. 

All experiments described in this chapter operate by cancelling uncoupled 

resonances to reveal the satellites; it should be noted that the sensitivity 

of the coupled resonances is not enhanced, making it necessary to use strong 

solutions ' and long acc'umulation times. 

During all experiments discussed in this -chapter broad-band high power 'pro

ton . aècoupling ' ~s used throughout. 

Allspeo.~.ra sho'f!i .in· this chapter are re~orded on a . Varian ·XL 200 spect;ro-: 

me.ter, operating at: 50 ~z. 
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5.2 The Inadequate experiment 

The dilution of carbon-13 spins in nature is not without advantage : the 

natural abundance carbon-carbon coupled spectrum consists of a number of sub-
13 

spectra from isotopomers of the same molecule, each containing two e atoms, 

with the result that all these subspectra are either of the AX or the AB 

type. The intensity of AMX type spectra, due to molecules with three 13e 
atoms will be a factor 200 weaker, and can therefore be neglected. This spec

tral simplicity facilitates the analysis and assignment of resonances in the 

coup led spectrum . The problem remaining is the suppression of the strong 

signals from the isolated 13e spins. The key to the separation method is that 

only in the case of coup led 13e spins it is possible to generate double quan

turn coherence. The special phase properties as discussed in sections 4 . 3 and 

4.4 can be used to select signals whiéh originate from double quantum cohe

rence only, and hence belong automatically to coupled 13e spins (3). 

For the excitation of double quantum coherence the offset-independent ex

citation (section 4.2, Fig.4.3g) (n/2 )x - T - (n ) - T - (n /2) is used. 
y x 

Neglecting pulse imperfections and relaxation during the time intervals T , 

only two components are created: longitudinal magnetization along the -z

axis and double quantum coherence. 

Using a density matrix calculation (section 1.2.3, App .I ) it can be found 

that the amount of double quantum coherence created is for a weakly coup led 

spin system proportional to sin(2nJeeT) and hence the condition for optimum 

transfer into double quantum coherence is given by 

T (2n + 1)/4Jee n = 0,1,2,3, ... [5.1] 

Due to pulse imperfections and relaxation an amount of single quantum cohe

rence is also crea ted, which can be consid erably larger than the amount of 

double quantum coherence from the isolated 13e - 13e pairs. 

Another n /2 pulse with phase ~ is app li ed immediately afterwards, and con

verts all three components into transver se magnetization . The complete pulse 

sequence is set out in Fig.5.2. where à is a very sh~rt delay, (in practice 

2 lJ'sec.), needed for resett'ing the phase of the' radiofreq'uency pulse. By . 

performing several experiments with diff erent , p'hase ~ f'ot · the detec-tion pul se, ' 

signals can be selected wh:Lch originate only from double quantum coherence, 

as ' described in section 4.4.3. In . T<ible, 5 .1 the 'phase ,(}f the three componen,~s 

originating from longitudinal magnetization and from si:ngl~ and double quan

tum coherence is set out for four phases ~ of the mixing pulse. 

The phase 'I' of the receiver is made to follow the sign:àL originating from 

.' .: 
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Fig.5.2 Pulse sequence of the Inadequate experiment. The phases ~ - and ~ are 
cycled according to Table 5.1. 

Table 5.1 Phase of the detection pulse ~ and the receiver reference phase ~, 
compared with the phase of the three components originating from 
longitudinal magnetization (LMj, single quantum (SQ), and double 
quantum (nQ) coherence. 

<P LM SQI DQI ~ 

+x -y +x +x +x 

+y +x +y -y -y 

-x +y +x -x -x 

-y -x +y +y +y 

I Phase of only one of the two doublet components (see e.g. App.I). 

double quantum coherence, causing cancel lat ion for the other components as 

soon as four experiments have been performed. This four-step experiment can 
•• . 13 . lb' g1ve qU1te good suppreSS10n of the uncoupled C s1gna s, ut some spur10us 

signal at the frequency of the strong resonance will be left. This spurious 

signal is due to spectrometer instabilities, pulse imperfections (HI-inho

mogeneity, off-resonance effects), to imperfections in the phase shift of 

the n/2 and the n pulses, and to errors in the phase shifts in receiver chan

nels and inequality of the audiofrequency filters in the quadrature detection 

system. In order to eliminate the spurious signals due to these imperfections, 

the following extensions of the phase-cycling proposed in Table 5.1 can be 

used: 

I. The entire four-step experiment is repeated four times with phases of all 

pulses and the receiver reference phase incremented together by n /2 each 

time, giving rise to a 16-step experiment. This extra cycling is analogous 

to the Cyclops modification in conventional Fourier transform NMR experi-
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ments (4). 

2. The phase of the first pulse can be inverted if the receiver reference 

phase is inverted as weIl. This extends the experiment to a 32-step se-

quence. 

3. The phase of the n pulse can be cycled through all four phases (x,y, -x, -y), 

provided that the receiver reference phase is inverted each time the phase 

of the n pulse is incremented. This finally gives rise to a 128-step cycle, 

which is the maximum number of steps which can be obtained with the four

pulse experiment, and hence gives optimum suppression. 

The order of points 1,2 and 3 ~s the order of importance for good suppression 

as found empirically on a Varian XL 200 spectrometer. If the step number N 

is given by 

where n
l
,n2 ,n3 and n

4 
are integer numbers, the phase of the corresponding 

pulses and of the receiver is given below. Only one combination of n
l
,n2 ,n

3 
and n4 is possible for each value of N and the phases of the first n/2 pulse 

~ I' of the n pulse ~2' of the second n/2 pulse ~3' of the final n/2 readpulse 

~, and the receiver reference phase ~, are given by the following expressions 

for a certain step in the 128-step sequence: 

(n
2 

+ 2 x n
3

) x n/2 

(n
4 

+ n
2

) x n/2 

(n
2

) x n/2 

(ni + n2) x n/2 

(I - n
l 

+ n
2 

+ 2 x n
3 

+ 2 x n
4

) x n /2. 

[5.2) 

A phase ~n = 0 corresponds to a pulse along the x-axis, a phase ~n = n/2 cor

responds to a pulse along the y-axis, etc . 

As an example the technique was applied to the natural abundance 13C spec

trum of piperidine. There are four observable carbon-carbon couplings, 
I 3 2 I 
J 2 3 35.2, J 2 3 ' = 1.7, J 2 4 2.6 and J 3 4 = 33.0 Hz. The first step , , , , 

is to set the condition for optimum transfer into double quantum coherence 

for the two direct couplings according t o Eq. [5. I) , knowing that the direct 
I 

coupling of saturated carbons is of the order of 35 Hz. This allows J 2 ,3 
1 and J

3
,4 to be evaluated, and with the assumption that the long range coup-

lings would be of the order of 5 Hz, both the direct and the long range coup

lings may be observed in the same spectrum by setting 1 = SI msec., and let-
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ting n from Eq. [5. IJ be equal to n = 3 and n = 0 respectively. The conditions 

for satisfying Eq. [5.IJ are not critical when n-=O, and the signals corres

pondlng to long range couplings will not be more than 30% below maximum in

tensity if the actual long range coupling differs less than 50% from the 5 Hz 

chosen. Fig. 5.3 shows 50 Hz sections from the spectrum of piperidine centered 

on the three carbon shifts which are equal 47.9, 27.8 and 25.9 ppm for C2 ' 

C
3 

and C4 respectively. All three sections are taken from a single experiment, 

taking an accumulation time of approximately five hours. Both IJ2 3 and IJ3 4 , , 
are obtained from AB type spectra with significant displacements of the 

centres of the doublets from the chemical shift frequencies, and with no

ticab-le asymmetry. 

As the net magnetization originating from double quantum coherence has to 

be zero af ter the uon-selective detection pulse, the doublet components have 

to be in antiphase immediately af ter this detection pulse (section 1.2.4). 

Whether the low field doublet component has positive or negative intensity 

(up-down or down-up) depends up on whether n from Eq. [5.1] is even or odd. In 

the piperidine spectra the doublets due to long range couplings (n = 0) are 

all up-down while those from direct couplings (n = 3) are all down-up. 

When there has been optimal transfer into double quantum, the spectra from 
13 13 C - C coup led spins appear with the same sensitivity as in the conven

H 
I 
N 

H,C/ ""'CH, 

I I 
H,C" /CH, 

eH, 

C4 --------.. ,.----------' 

I 

"I 

I I I 
50Hz 40 30 

J . 

I 

: J24 
I 
I I- I J34 -----l 

I 1 I 
20 10 0 

Fig.5.3 Sections from the 50 MHz carbon-13 spectrum of piperidine, showing 
direct and long range couplings. Note the effective suppression of 
the signals from the much more abundant molecules with isolated 
13C nuclei. From ref.(3). 
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tional spec trum. Signals from impurities and modulation artefacts are effec

tively suppres sed, leaving a clean spectrum of the desired isotopomers. The 

. f h 1 d 13 C · . 5 3 . f 000 suppresslon 0 t e non-coup e . ln Flg.. 15 over a actor I . 

As found by Frenkiel (5) the sensitivity of the method decreases rapidly 

if the off-resonance effect becomes noticeably large (yH I < 5~w, where ~w/2n 

is the offset frequency of a certainrcsonance). In order to overcome this 

problem for wide spectra, where e.g. methyl groups are coupled to a carbonyl, 

the use of composite pulses (6) for all pulses in the sequence is recommended. 

The delay time af ter every four-pulse step in the experiment can be opti

mized for scnsitivity by setting the sum of acquisition times and this delay 

· time equal to I .3T
I

, where TI is the longitudinal relaxation time of the 13C 

spin (7). In the case where the longitudinal relaxation times of two coupled 

spins differ by a large amount, e.g. a protonated carbon coupled to a qua

ternary carbon, this time can be set to 1.3 time s the shorter TI' giving sa

tellites for both carbon sites with about half the intensity . 

5.3 Optimization ln th e case of strong coupling 

In practice quite a few of the 13c - 13 C spectra are strongly coupled. 

Optimizat ion of sensitivity using Eq. [5.1) is then no longer applicable (8). 

It is . the purpose of this section to calculate how to set the pulse timing 
. . . 1 1 . f 13C . for good sensltlvlty when there are strong y coup ed palrs 0 splns. A 

density matrix calculation, using the equations given ~n section 1.2.3, is 

now necessary to calculate how much double quantum coherence is created af ter 

the (n/2) - (n) - (n/2) pulse sequence. For the density matrix a' af ter 
x y x 

this pul se sequence one finds 

a' = R (-n/2)exp(-iHT)R (-n)exp(-iHT)R (-n/2) x x y x [5.3) 

x a R (n/2)exp(iHT)R (n)exp(iHT)R (n/2), 
eq x y x 

where the rotation operator is given in Eq. [1.15) . A matrix representation 

for this operator in the case of an AB spin system is given in ref.(9). A 

further pulse along an axis in the xy-plane which makes an angle ~ with the 

positive x-axis converts the double quantum coherence, present in a', into 

detectable single quantum coherence described by the density matrix a": 

[5.41 

Using Eq. [1.26] the detected magnetization is now given by 

C Tr(F + iF )a(t), 
x y 

[5.5a] 
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where 

a(t) exp(-ilit)a"exp(iHt) . [s.sb) 

From explicit calculation, using Eqs. [5.3) - [5.5), it follows that if the 

four transition frequencies observed in the conventional AB spectrum are 

written w12 ' w
34

' wI3 and w
24 

in order of increasing frequency, and if 

tan(26) = J/o then the sum lof the absolute intensities of the four observed 

transitions is given by 

I = s(1 + s)sin{(w
I3 

- W
34

)T} - 2c
2
sin{(w

34 
- w

I2
)T} + 

+ s(1 - s)sin{(w24 - w
I2

)T}, 

[5.6) 

where s sin(28) and c = cos(28). The second term in Eq. [5.6] is the term 

present in the weakly coupled limit. 

Eq. [5.6) can be easily verified experimentally by making T a variable (=!t
l
) 

as shown in Fig.5.4, and transforming the resulting data matrix s(t
l
,t 2) to 

give a two-dimensional spectrum S(W
I

,w
2
). 

A schematical diagram of such a spectrum ~s shown in Fig.5.5. A cross-sec

tion through this spectrum parallel to the FI-axis as indicated in Fig.S.S 

gives a one-dimensional spectrum consisting of six lines, three with positive 

frequencies and three with equal negative frequencies, having the relative 

intensities indicated by Eq. [5.6) . 

The methyl and quaternary carbons in tetramethyladamantane provide a su i

table example for testing Eq. [5.6), since the relative chemical shift is 

92.3 Hz and the direct coupling is 37.0 Hz, giving 26 = 0.38 radians. The 

experimental spectrum, obtained from a cross-section through the 2D spectrum, 

is illustrated in Fig.s.6 and is compared with the predicted stick spectrum, 

calculated from Eq. [S.6) , showing good agreement. The observed frequencies 

Fig.S.4 Two-dimensional vers ion of the Inadequate experiment. The phases ~I' 
~2' ~3' ~ and Ijl are cycled according to Eq. [S.2). 
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Fig.5.5 Schematic 2D spectrum 
the pulse sequence of 
position indicated by 

13 of a pair of strongly coupled C spins using 

a 

b 

- 100 o 
Hz 

Fig.5.4. In Fig.5.6 a cross-section at the 
the dashed line is shown. 

+100 

Fig.5.6 (a) A cross-section through the 2D 13C spectrum of the AB spin 
system in tetramethyladamantane. (b) The predicted spec trum calcu
lated from Eq. [5.6] using the measured values of J and O. From ref. (8) • 

and relative intensities are set out in Table 5.2. Expressions identical to 

Table 5.2 Calculated and observed relative intensities in the FI spectrum of 
the AB system in tetramethyladamantane. 

-
Line frequency Calculated intensity Observed intensity 

(w
34 

- wI2 )/ 2TT ; ±18.5 Hz 1.00 1.00 

( W13 - W34 )/2TT; ±27.5 Hz 0.29 0.27 

(w
24 

- wI2 )/2TT ; ±64 .6 Hz 0.14 0.16 

Eq. [5.6] have been calculated for the frequencies and relative intensities 

in a homonuclear J-spectrum (section 3.3) of an AB spin system (10). The only 

difference is a change in sign in the first term in Eq. [5.6] attributable 
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to the phase inversion which occurs in the present experiment when a line 

appears at a negative frequency . 

The density matrix calculation using Eqs. [5.3) - [5.5) predicts that the 

relative intensities of the four resonance lines within an AB spectrum remain 

exactly the same when detected via double quantum coherence. The overall in

tensity, however, is a function of J CC' and the strength of the coupling 

6/JCC · 

Since Eq. [5.6) contains three terms oscillating at different frequencies, 

it is not possible to give a simple prescription for setting, for optimal 

signal intensity. 

The third term (oscillating at the frequency separation of the outer lines 

of th~ AB quartet) may nearly always be neglected in comparison with the 

other terms; consequently it is the sum of these first two terms which effec

tively determines the optimum setting of T. At the condition 6/J = 13 the 

inner lines of the AB pattern are separated by exactly J and both terms are 

oscillating with the same frequency. For more strongly coup led cases, the 

second term oscillates at a higher frequency and there is a local maximum of 

signal intensity close to the condition of Eq. [5.1). It is therefore possible 

to relate the optimum setting of T to J rather than the separation of the 

inner lines of the AB quartet. 

The intensity near this local max~mum may not be very high, and for cases 

where the coupling is stronger than the condition 6/J 2.8 there can be a 

significant advantage in setting JT = 3/4 rather than the simpler condition 

JT = 1/4. This is most easily appreciated by a graphical presentation based 

on numerical evaluation of Eq. [5.6) as illustrated in Fig. 5.7. Several gene-

Intensity 
1.0.----=------..,....,...,----, ____ --------;>""""7""00:;::------:"""'=----=::1 

0.5 

°0~~~~---L-7------L-----~2~----~----~3~----~ 

BIJ 

Fig. 5.7 Calculated relative intensities for the 13C 13C satellite spectra 
as a function of the strength of the coupling in an AB spin system. 
Intensity 1 corresponds to the intensity of the satellites in a con
ventional spectrum af ter a rr/2 pulse . From ref.(8). 
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ral conclusions can be drawn from this graph. For all weakly coup led systems 

J, = 1/4 is the best choice, and it remains reasonably good down to the con

dition o/J = 13. For strong coupling better signal intensity can be achieved 

with the condition .J, = 3/4, although this is three times as sensitive to 

mismatch. In some limited regions of the gr aph the condition J, = 5/4 (or 

even higher multiples) can give stronger signals. The curves for the three 

conditions J, = 1/4, 3/4, 5/4 are plotted in Fig.5.7, the broken lines in

dicating that in these regions there may not be a suitable local maximum of 

signal intensity given approximately by Eq. [5. I). Such settings of T should 

therefore be avoided. Note that J, = 1/4 is an unsatisfactory choice for 

strongly coupled spins. For -extremely s·trong coupling . where 0/ J is less than 

about 0.5, a different strategy should be adopted since the first term of 

Eq. [5.6) dominates completely. The timing should then be adjusted so that 

(w
I3 

- w
34

)T = TI/2, which requires a knowledge of the separation of the inner 

lines of the AB quartet, that is, an estimate of the chemical shift diffe

rence as well as J. 

5.4 A versatile two-dimensional method for the investigation 

of long range couplings 

The principle restriction on the generality of the Inadequate experiment 

arises from the condition for optimum transfer into double quantum coherence 

(Eq . [5.1) as described in section 5.2. Optimum transfer requires either an 

estimate of Jee or the trial and error adjustment of the , delay. If the ma~n 

interest is in direct couplings, an estimate of Jee and a corresponding clloice 

of , is rather straightforward. However, ~n this case of long range couplings 

it is mw::h. haI:det:. UJ predD:.t which value of .lee to expect. s ince values 

vary between 0 and IS Hz. For the rout~ne applicat~on to prob lems wnere no 

a priori estimates of the couplings can be made a more general method would 

clearly be useful. In this paragraph a variation on the Inadequate experiment 

will be discussed, which utilizes the concept of two-dimensional spectrascopy 

ta allow T to become a variable parameter inthis experiment (Fig.5.4)(JI) .In prin

ciple this should exhibit a sensitivity camparable with that of the Inadequate 

experiment with optimized , delays. The period 2, becames the well - known 

evolutian period tI. For each value of tI an Inadequate experiment gives a 

satellite spectrum, with the intensities of the satellites praportional ta 

[5.7) 

provided that the coupling is weak, as is usually the case with long range 
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couplings. Because of the refocussing effect of the TI pulse, the decay time 

constant T of this signal can approach the spin-spin relaxation time T
2 

under 

favourable conditions. A Fourier transformation of this amplitude modulation 

with respect to ti will give resonance lines at ±J
CC

/2 in the FI dimension. 

Because of the refocussing effect of the TI pulse, the resolution in the FI 

dimension may be considerably enhanced in comparison with conventional expe-
. Th 13C 13 1" . " r~ments. us, although the - C sp ~tt~ngs appear ~n the two-d~mens~o-

nal spectrum in both frequency dimensions, there is a marked advantage in 

observing them in the FI dimension. This is conveniently achieved by selec

ting the appropriate traces from the complete two-dimensional spectrum, the 

equivalent of taking cross-sections throMgh the two-dimensional spectrum at 

fixed values of F2 . In general it is not necessary to plot the two-dimensio

nal spectrum. Since for each carbon site there are two satellites with oppo

site intensities (section 5.2), both modulated with respect to ti by the 

same frequency, sensitivity can be enhanced by a factor /2, by calculating 

the difference of the two corresponding cross-sections. Since the signal 

shows pure amplitude modulation, sensitivity can be further enhanced by per

forming a real Fourier transformation with respect to ti or by replacing the 

dispersive part of the individual tl-satellite spectra by zeroes before per

forming complex Fourier transformation with respect to ti (section 1.8). This 

lat ter approach gives the familiar up-down pattern for the satellites in the 

FI cross-sections. 

In order to illustrate the technique, an investigation was made of the long 

range couplings in tetramethyladamantane, chosen because the alternative 

approach, specific isotopic enrichrnent, is particularly difficult in ring 

compounds. As can be appreciated from Fig.5.8 syrnrnetry considerations limit 

the observable long range C -C couplings to four: 

Three of these couplings turn out to be less than I Hz, making this a strin

gent test of the method. 

The number of increments in the ti dimension is a compromise between the 

requirement for adequate digitization in the Fl dimension and the desire to 

minimize the overall length of the experiment; in practice 32 increments 

were used. The overall data matrix consisted of 32 x 4096 words. The signals 

(t 2) wereweighted with a Gaussian function to give a line width in the F2 
dirnension of 0.35 Hz. Thus although in principle each splitting should appear 

on a different horizontal (F I ) trace, in practice as many as three splittings 

appeared together, because of overlap of the signals in the F2 dimension. 
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cu. 

Fig.5.8 Tetramethyladamantane. 

The same splitting information occurs on both sides of the 13C chemical shift 

frequency, the spectra having antiphase intensities. This can be seen in Fig. 

5.9 which shows a small section taken from the two-dimensional spectrum en

compassing the resonances from the methyl carbon sites. Trace (a) shows an 

antiphase doublet due to 3J (C-CH2-C-CH
3

) while trace (d) carries a similar 

doublet with the intensities inverted. Consequently traces (a) and (d) were 

combined in antiphase to give a resultant spectrum with improved signal-to

noise. Similarly trace (b) was inverted and then combined with trace (c) to 

give a spectrum illustrating the smaller splittings 2J (CH
3

-C-CH2) and 

F · 5 9 A 11 . f hd· . 1 13 ~g.. sma sect~on 0 t e two- ~mens~ona C spectrum of tetramethyl-
adamantane, approximately centred on the methyl carbon chemical shift 
frequency. Traces (a) and (d) carry splittings due to 3J(CH3-C-CH2-C), 
while traces (b) and (c) carry splittings due to both 2J(CHrC-CH2) and 
4J(CH3-C-CH2-C-CH2) which are not resolved in this diagram. From ref.(II). 
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4 
J(CH

3
-C-CH

2
-C-CH2) which are not quite reso1ved in this spectrum. ' 

In this way five critical spectra were extracted from the two-dimensiona1 

data; they are set out in Fig .5.10. The sensitivity achieved by an overnight 

run was sufficient to permit the app1ication of a reso1ution enhancement 

function in the tI dimension, reducing the 1ine width in FI from 0.2 to 0.1 Hz. 

This allows all four long range splittings to be resolved. Each splitting 

appears twice in these spect:.:a, which helps to confirm their assignment, the 
2 4 only ambiguity being / between J(CH -C-CH ) and J(CH -C-CH -C-CH ); these 

2 3 2 2 4 2 3 
were tentatively assigned on the assumption that 1 JI>I JI. The results are 

set out in Table 5.3, along with the two direct couplings observed in a se

parate experiment. 

By removing the necessity of estimating T values, the proposed extension 

f h "1 13 C 13C l' , k h l' . o t e or l.gl.na coup l.ng experl.ment ma es t e app l.catl.on to un-

Fig.5.10 

-2 -1 o 1 

2J (CH3-C - CH2) 

~ (CH3-C - CH2-C-CH2l 

3J(CH2-C-CH2-Cl 

~ (CH2-C-CH2) 

~(CH2-C-CH2-C-CH3) 

Hz 
, 1 13 13 ' 1" h 1 Spectra shO'lJl.ng the ong, ,J;ange C C coup ~ngs l.n tetramet y -

adamantane ohtained from sections through the two-dimensional spec
trum parallel to the F'I-axis. A resol~t.iQn enhancement function has 
been used. , Trac'es- (a) and (b) originat,e from the methyl groups, (c) 
from the met4ylene ~~'roUps, ,and (d) an<i (e)' from the quaternary sites. 
A small artefact near thé centre of ,tr'ace (d) is attributable to the 
f~ilure to, allow complete spin-lattice relaxation between section's 
of the ex'periment,. J:rom ref. ( I I} . 
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Table 5.3 Carbon-carbon couplings in tetramethyladamantane (Hz) 

I J (C-CH
3

) 37.00 ± 0.05 

I J (C-CH
2

) 32.23 ± 0.05 

2J(CH3-C-CHZ) 0.45 ± 0.03a 

3 J(CH3-C-CHZ-C) 3.38 ± 0.03 

3 
J(CHZ-C-CHZ-C) 0.89 ± 0.03 

4 
0.14 0.03 a J(CH -C-CH -C-CH ) ± 322 

a Assigned on the assumption that IZ
JI >14JI. 

kwown long range couplings quite general. The attainable sensitivity is ex

pected to be comparable with the one-dimensional experiment, particularly 

since it is possible to combine pairs of traces carrying the same information. 

The resolution may be significantly improved through the refocussing effect 

of the 1800 pulse at the midpoint of the evolution period. 

5.5 13 C double quantum frequencies used for assignment 

13 Assignment in C spectra can sometimes be very difficult and require a 

knowledge of isotope substitution effects or of the interpretation of longi

tudinal relaxation times. Quite a few false assignments have been made in the 

past. In this paragraph an assignment method is presented which uses the 
13 13 . double quantum frequency of directly coupled C - C pa~rs for assignment 

purposes, identifying adjacent carbons in an unambiguous manner. 

Each carbon may be directly coupled to as many as four other sites, and 

since the coupling constants are of ten very similar in magnitude, assignment 

to specific pairs of resonances cannot always be made on the basis of coup

ling constants alone. However, the couplings can be identified by 

means of a different criterion - the frequency of the double quantum coherence, 

which is equal to the sum of the chemical shifts of the two carbon sites, 

measlJ.red with r.espect to tlle transmitter frequency (section 4.2.3). Each pair 

'of caroon spins has in 'most cases a unique double quantum fiequency, since 

the double quantum frequerrcies are spread over aspectral regiori, almost 

twice as wid~ ' as the convent ioti.al , 13C spectra'l , width. 50 the problem remai-
. . hd ' . 13 13 . h' 

n~ng ~s t e etect~on of the C C double quantum frequenc~es. T ~s can 

be easily d9ne in a two-dime~sion~1 experiment, using the pulse sequence of 
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the Inadequate experiment, but letting the delay ~ now become the evolution 

period tI (Fig.5.1 la). The delay T is optimized for the detection of direct 

couplings (T = 6 msec.). The satellite spectra obtained for each value of tI 

will now be modulated in amplitude with respect to tI by the double quantum 

frequencies. An explicit density matrix calculation, showing this, is given 

in Appendix I. A Fourier transformation with respect to tI will then produce 

a two-dimensional spectrum with along the FI-axis the double quantum frequen

cies, and along the F2-axis the satellite spectra as obtained with the Inade

quate experiment. This method has been used to establish the connectivity of 

the carbon atoms of 5a -androstane (12). Since the signals are purely ampli

tude-modulated, sensitivity can be improved by performing a real Fourier 

transformation with respect to tI' of the absorption part of the spectra ob

tained af ter the first Fourier transformation with respect to t 2 (section 

1.5.2). A disadvantage of the amplitude modulation is th at the sign of the 

double quantum frequency cannot be determined. This problem can readily be 

circumvented by placing the transmitter frequency at either the high-field 

or low-field side of the spectrum, ensuring that all double quantum frequen

cies have the same sign, but this increases the size of the data matrix re

quired by a factor four. Since lack of digitization in the two-dimensional 

spectrum will be a problem anyway, this is not permissible. 

As explained in section 4.4.3, the amplitude modulation by the double quan

turn frequency can be converted into phase modulation if either the coherence 

transfer echo or the antiecho is detected selectively. This can be done by 

combining the results of the experiment of Fig.5.lla with another similar 

experiment which has an extra (n/4)z pulse in the evolution period (Fig.5.llb). 

The composite (n/4)z pulse consists of a (n/2>-x - (n/4)_y - (n/2)x (13,14), 

and increases the phase of the double guantum coherence by n/2 (section 4.4.3). 

As the scheme of Fig.5.1 la detects the imaginary component of the double 

quantum coherence (App.I), the scheme of Fig.5. Ilb detects the real component. 

If the receiver phase in the sequence of Fig.5.11b is decremented by 900 com

pared with sequence 5.lla, adding the two amplitude-modulated signals gene

rates a phase-modulated signal, representing the coherence transfer echo and 

allowing the sign of the double quantum frequency to be determined (section 

1.5.1). This is analogous to the tricks used in homonuclear (15) and hetero

nuclear (16) shift correlation and described in sections 2.2.3 and 2.3.2. It 

is convenient to insert the composite three pulse (n/4) sequence immediately 
z 

af ter the second n/2 pulse in the experiment, which creates the double quan-

turn coherence. This allows four pulses to be consolidated into two: 



(7rI2~, 

a) 

(7rI2 )"" 

b) 

I 

I 
I" T 

(7r)~ 

I1 

" 11 

" -it- T 

171 

(7r/ 2 )"'3 

; (7r/4}z (7r/21. 
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Fig.S.1 I Two stages of the sequence used to detect carbon- 13 satellites in 
carbon-13 spectra while relating them to the characteristic double 
quantum frequencies . The phase angles ~j, ~ 2' ~ 3' ~ and the receiver 
phase 'I' are cycled according to Eq. [S . 2J. The basic pulse sequence 
(a) is modified in (b) by the insertion of a (TI /4)z pulse, together 
with a 900 clockwise shift of the receiver r eference phase, in order 
to determine the s i gn of the double quantum frequency . 

(TI/2) - (TI/2) - (TI/ 4) - (TI/2) = (TI/4) - (TI/2) . x -x -y x - y x ls .81 

In each sequence (a) and (b) of Fig. S. I I, phase cycl ing according to Eq. [S. 21 

~s used to cance l unwanted signal components from isolated 13C spins, so that 

before the quadrature components are combined, they contain negligible con

tributions from molecules with isolated 13 C spins . The combination then re

sults ~n a series of c l ean satellite spectra for dif fe rent values of tI' 

which are modulated in phase. As the sensitivity of the method is a critical 

problem, the acquisition time along the t
2
-axis has to be at least I. S times 

* the decay cons tant T2 of the signal. This generally corresponds to a large 

number of data points (>2000) along the t 2-axis, and therefore limits the 

allowed number of increments for tI to less than 100, giving a rather poor 

resolut ion in the FI dimension. Since s i gnals in the FI dimension are usually 

weIl dispersed, this ~s no c ru c i al problem. 

As an illustration of the method the carbon-1 3 satel lit es of the carbon-

13 spectrum of sucrose (Fig . S. 12) were investiga ted . The Varian XL 200 spec

tromete r was operating at SO MHz with a 16mm sample at 700 C, and the total 

experimental time was II hours . The t wo -dimensional spectrum S(w
l 

,w2) is dis

played i n the fo r m of an int ensi t y contour plo t. The F
2 

dimension co rresponds 
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Fig.5.12 The two-dimensional carbon-13 spectrum of sucrose obtained as described in the text. The AX- or AB-type 
satellite spectra are the four-line patterns joined by broken lines; their centres of gravity lie on a 
line with ~FI/~F2= 2. The conventional carbon-13 spectrum running along the top of the diagram has been 
assigned by noting which resonances have a direct carbon-carbon spin coupling. The double quantum fre
quencies appear in the FI dimension. From r e f.(13). 
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to the conventional carbon-13 spectrum except that the strong lines from 

isolated nuclei are suppressed, leaving only the weak satellite signais. 

Since the proton resonances are broad-band decoupled throughout, these are 

four-line spectra of the AX or AB type. Ten such spectra are visible in Fig. 

5.12, marked by the broken lines; four of them show the characteristic AB 

intensity pattern. The Fl dimension separates these spectra aCGording to 

their individual double quantum frequencies, thus identifying them unequi

vocally. Since the double quantum frequency is equal to the sum of the ap

propriate carbon-13 shifts, the centres of gravity of all AX or AB spectra 

lie on a diagonal with ~Fl/~F2 = 2. This addi tional constraint could be use

ful for identifying artifacts due to incompletely suppressed signals from 

isolated carbon-13 nuclei. 

The resonance of the quaternary carbon of sucrose (F2) was identified by 

its long spin-Iattice relaxation time. 

Inspection of Fig.5.12 reveals th at this resonance is directly coupled to 

two others, which may then be labelled Fl and F3. Fl shows no other direct 

coupling, but F3 is clearly coup led through a single bond to another reso

nance, now labelled F4, and hence to F5 and F6. None of the glucose ring (G) 

resonances are involved in this coupling scheme. However, the three CH2 sites 

are readily identified by their multiplicity and since Fl and F6 have been 

assigned to the fructose ring, G6 can be identified. The chain of linkagcs 

G6-G5- G4-G3-G2-Gl may then be deduced from Fig.5.12 by inspection; the fact 

that three AB quartets fall close together presents no particular difficulty 

if a larger plot of that region is made. The assignment agrees with that of 

Pfeffer et al. (17) . 

The double quantum technique provides a simple but powerful procedure for 

determing the connectivity of the carbon atoms in an organic molecule. (In 

principle C-N-C or C-O-C linkages could be bridged by searching out the long 

range C-C couplings by an extension of the method, using longer delay periods 

T.) For materials with natural isotopic abundance the sensitivity is neces

sarily low, but the technique has the advantage of great simplicity because 

it examines isolated pairs of carbon-13 spins, and thus builds up a picture 

of the carbon skeleton in very simple steps. 
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6 PROBLEMS AND METHODS 

6.1 Introduction 

As mentioned before, two-dimensional NMR spectroscopy has turned ou t to be 

a very helpful tooI in solving chemical problems. In many respects it can be 

seen as an alternative to the more familiardoubl e resonance experiments. 

However, the sensitivit y and ease of operation(after automatization of the 

spectrometer sys t em~ of the new methods are generally better , and the practi

cal limitations are of t en less severe. In order to be able to use two-dimen

sional spectroscopy, a modern NMR spectrome ter with a flexible con trol system 

and a large amount of two-dimensional processing software is needed (see 

chapter 7) . 

Because of the abundance of two-dimensional methods and the large number 

of different appl i cations for certain methods, in this chapter a survey will 

be given of possible problems and the corresponding two-dimens ional methods 

to so l ve them. In Table 6 .1 the information which can be obtained with va

rious methods is tabulated. In the following paragraphs these topics will be 

discussed in more detail. 

Only protons and carbon-1 3 nuclei are mentioned in this table . However, 

the methods can also be used in the studies of all other kinds of ab und ant 

or rar e nuclei, although not many practical applicat i ons have yet been shown . 

6.2 Methods for solving assignment problems 

Assignment probl ems can be subdivided into two categories : spectra of abun

dant nu c l ei and spectra of rare nuclei. The commonest examp l e of assignment 

problems in spectra of abundant nuc lei is found in proton spin systems . There

fore in the next section attent i on will be focussed on assignmen t in proton 

spec tra . 

The most common methods used in assigning proton spectra are the looking 

for identical multiplet spl ittings (matching of coupling constants) and se

lective homonuclear decoupling . The first method br eaks down if couplings 

are not resolved, if many couplings have similar magnitude or if multipiets 

are overlapping in a very crowded spectrum. The second method, homonuclear 

decoupling , also breaks down in the case wher e resonances are broad compared 

with the J-splitting and in the case of strong coupling. There are several 

two-dimensio-nal methods which can be useful alternatives or complementary 
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Table 6.1 A brief survey of problems and methods which can be used to 
solve them. 

Assignment section 

proton spectra homonuclear shift correlation spectroscopy 2.3, 2.4 

13C spectra 

Spectral parameters 

shift insensi
tive nuclei 

hornonuclear coup
ling constant 

heteronuclear shift correlation spectroscopy 2 . 2 

cross-relaxation based shift correlation 2.4 
spectroscopy 

homonuclear J-spectroscopy 3 . 3 

heteronuclear J-spectroscopy 3.3 

heteronuclear shift correlation spectroscopy 2.2 

13c _ 13C double quantum spectroscopy 5.5 

heteronuclear shift correlation spectroscopy 

homonuclear J-spectroscopy 

homonuclear shift correlation spectroscopy 

the Inadequate experiment 

indirect J-spectroscopy 

2 . 2.5 

3.3 

2 . 3 

5.2 

2.2.6 

heteronuclearcoup- heteronuclear J-spectroscopy 3 . 2 
ling constant 

spin - spin 
relaxation rate 

heteronuclear shift correlation spectroscopy 

J-spectroscopy 

zero quanturn spectroscopy 

multiple quantum J-spectroscopy 

exchange and cross- exchange and cross-relaxation based shift 
relaxation rate correlation spectroscopy 

2.2 

3.2, 

4.5 

4.5 

2.4 

3.3 



177 

too1s in so l ving the assignment prob1em. 

Homonue~ear shift eorre~ation speetroseopy 

Homonuclear shift correlation spectroscopy as presented in paragraph 2.3 

is a very simple and useful method to map out the connectivity pattern in 

a homonuc1ear coupled spin system. Depending on the sensitivity it is pos

sib1e to show the presence of coup1ings which are up to ten times smaller 

than the natura1 1ine width. To ge t a first impression of the coup1ing pat

tern a good approach is to perform an experiment with short acquisition times 

(~ 0.2 sec.), along both time axes. For the mixing pulse a in the TI/2-t
l
- a -t

2 
sequence a width of TI/3 or slightly larger can be chosen. A smaller mixing 

pulse will give relatively 1arger diagona1 peaks but can make it possible to 

detect strong1y coupled re sonances unambiguous1y (section 2 . 3.3) . In order 

to detect sma11 coup1ings « 2 Hz) 10nger acquisition times .a10ng both time 

axes are required. If this is not possib1e because of the limited s~ze of 

data storage space available, de1ays can be introduced just before the evo

lution and detection periods (section 2 . 3.5) . If strong overlap between the 

multiplets occurs, the broad-band decoupled variation of the lat ter experi

ment (section 2 .3.6) can be usefu1. 

Hetero~uc~ear shift eorrelation speetroscopy 

. f h 13. . In the case where the ass~gnment 0 tee spectrum ~s known, and sens~-

tivity permits 13e detec tion, a simp1e and straight forward determination 

of the proton shifts is obtained using heteronuc1ear shift corre1ation spec-
. . . 2 2 . 13. 1 troscopy as d~scussed ~n sect~on . , det ec t~ng the e s~gna . 

These indirectly obtained proton shift s can be used in the assignment of 

the individua1 resonances of the one-dimensiona1 proton spectrum, which 

usual1y shows higher resolution. 

Cross-re~axation based shift eorre~ation speetroseopy 

In the case of large molecules where homonu c 1ear coup1ings are not re

solved and the 10w sensitivity of 13e doe s not permit the use of the pre

vious method shift corre1ation spectroscopy based on cross -re1axation (sec

tion 2.4) can be used for solving the assignment problem . Practical examp1es 

of this application have been shown for the assignment in proton spectra (I). 

Especia11y at high field strength ( > 7 Tes la) where 10ngitudina1 re1axation 

times tend to be long, whi1e transverse re1axation times are short, this can 

be a very attractive method. 
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HomonucLear J- spectroscopy 

Homonuclear J - spectroscopy (section 3.3) has initially been proposed as 

the ideal tooI in the assignment of complicated spectra . However, the re

quired weak coupling and the phase-twisted line shapes are problems ~n using 

the me thod . lts main use is probably limited to unrave ling patterns of over 

lapping but individually well-resolved multiplets. Results are of ten rather 

disappointing i n pract ical cases. 

6.2 . 2 

The most familiar rare nucleus i s carbon-1 3, which will be used throughout 

this sec tion as an example. However, mos t methods dis cussed are in principle 

also app licabl e to other kinds of rare nuclei. 

h . . 13. f T e most common way of ass~gn~ng C spectra ~s the use of large tables 0 

chemical shifts available for 13c nuclei in a certain environment. Combined 

with the knowledge about substi tuent effec ts it is of t en possible to predict 
13 h ' . . . . a C c em~cal sh~ft w~th an accuracy of a f ew ppm., allow~ng the d~rec t as -

13 
signment of record ed pro ton-d ecoupled C spectra if the resonances are in-

dividually separated by a few ppm . 

Remaining probl ems can sometimes be so lved with the followi ng methods : 

HeteronucZear J- spectroscopy 

The multi plicity n of a certain CH group can be obtained in a simp le he-
n 

teronuclear J-spectrum as described in section 3.2.4. New one-d i mensional 

exper i men t s, derived from two-dimensional spec tros copy offe r the same pos

sibilit i es (2,3,4). 

HeteronucZear shift correZation spectroscopy 

Byperforming the heteronuclear shift correlation experimen t as described 

in section 2 . 2 , the shifts of prot ons directly bonded t o a carbon-1 3 a r e 

measured . lf the a ss ignment of the pr oton spectrum is known this c an direct -

I . . 13 13. Y ~dent~fy the C. If the ass i gnment of the proton or C spec trum ~s 

partly known, the heteronuclear shift corre l ation spect rum will give addi

tive information which can facilitate the assignment considerab l y . 

13C _ 13C Double quantum spectroscopy 

d . 13 13 ... . By eterm~ng the C - C double quantum frequenc~es ~n a t\.IO-d~mens~onal 

experiment as described in section 5.5 it i s possible to determine the con

nec tivity pattern and hence the assignment in the 13C skeleton of a molecule 

in a s traight forward and unambi guous way . The r equirements for sens itivity 



179 

and data storage space in this experiment are high. 

6.3 Methods for extracting spectral parameters 

Two-dimensional spectroscopy can be important for the determination of all 

kinds of spectral parameters like coupling constants, chemical shifts, relaxa

tion rates, cross-relaxation rates and exchange rates. Below, the practical 

relevance of the different methods for measuring these parameters will be 

briefly discussed. 

As expla~ned in section 2.2.5 the indirect detec tion in a heteronuclear 

shift correlation experiment of nuclei with a low magnetogyric ratio can be 

advantageous because of sensitivity reasons. Probably the most important ap 

plication in this case is the determination of 15N shifts, where in principle 

a sensitivity gain of a few orders of magnitude is possible. However, this 

technique has not yet been fully developed due to experimental difficulties 

(section 2 . 2 .5 ) . 

6.3.2 

In some cases homonuclear coupling constants cannot be extracted easily 

from a conventional one-dimensional spectrum. This is for instance the case 

in crowded spectral regions, in the case of a nearby much larger signalor 

just because of poor resolution. 

HomonucZear J- spectroscopy 

The two main advantages in using homonuclear J - spectroscopy in determing 

homonuclear coupling constants are the removal of overlap between the diffe

rent multiplets, and the natural line widths in multiplet cross-sections 

(section 3.3). This latter effect is of ten not very important, provided that 

the field has been carefully shimmed. Only in the case of carefully degassed 

samples of small organic molecules can an improvement over line-narrowing by 

the use of digital filtering in one-dimensional spectroscopy be expected. In 

that case it is recommended to use the multiple refocussing technique as de

scr ibed in section 3.5.1. 

HomonucZear shift correZation spectroscopy 

If one is only interested in whether or not a (small) coupling between two 

nuclei does exist, the homonuclear shift correlation based on scalar inter

action as discussed in section 2.3.5 is a very sensitive method to ge t the 

answer . 
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The Inadequate expepi ment 

If coupled resonances are obscured because of the presence of a nearby 

much larger signal, as it is the case in natural abundance carbon-13 spec

troscopy, the double quantum transfer Inadequate experiment, described in 

section 5.2, can be used to eliminate the large uncoupled resonance. 

Indipect J- spectposcopy 

Proton-proton coupling constants can be detected indirectly, e.g. via the 

carbor.-13nuclei (section 2.2.6) in a hete~onuclear shift correlation experi

ment from which the proton shifts are removed. This offers the possibility 

to separate multiplets of protons which have exactly the same chemical shift, 

provided that the shifts of the directly coupled carbon-13 nuclei are dif

ferent. The requirement of weak coupling among the protons remains in using 

this experiment. 

6.3.3 

Hete ponucleap J- spectposcopy 

Sometimes the need exists to determine direct heteronuclear coupling con

stants with high accuracy, e.g. to detect the effect of a change in conforma

tion or of a substituent. Since overlap in proton-coupled carbon-13 spectra 

is a commonly encountered problem, heteronuclear J-spectroscopy (section 3.2) 

can be fruitfully used. 

Because of the natural line widths obtained with most methods, accurate 

results can be expected. Heteronuclear J-spectroscopy can also be used for 

the measurement of long range couplings. However, since long range couplings 

are of ten unresolved becaus e of short transverse relaxation times and the 

fine stru cture of the multiplet is of ten very complex and the sensitivity in 

this appli cation will be rathe r poor, of ten no satisfy ing results can be ob

tained. To avoid confusion due to strong coupling effects it is recommended 

to use the gated decoupler experiment with decoupled acquisition (section 3.2.2). 

Heteponucleap shift coppelation spectposcopy 

The presence of a long range coupling can be shown, in analogy with homo

nuclear couplings, by performing a heteronuclear shift correlation experiment 

with proton-coup led evolution and detection. Nevertheless, this experiment 

remains rather difficult because of the poor sensitivity due to the fact that 

the spectrum is in the coupled mode along both frequency axes. 
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6.3.4 

Aue et al. (5) pointed out that axial peaks in a homonuclear shift correla

tion spectrum contain information about the longitudinal relaxation rates. 

In practice, however, this does no~ appear to be very useful. 

A ni ce example of the application of 2D spectroscopy for the derermination 

of longitudinal relaxation times in complex overlapping proton spectra has 

been given by Avent and Freeman (6). An experiment proposed by Morris (7), 

using the Inept sequence (8) offers the same possibilities, but in a much 

simpier one-dimensional fashion. 

6.3 . .5 

Two-dimensional spe c. troscopy can be useful in the determination of trans

verse relaxation rates. Not only s ingle quantum relaxation rates but also 

zero- and multiple quantum relaxation rates are ac.cessible. 

J-spectroscopy 

Sinc.e in principle natural line widths can be obtained with J-spectroscopy 

(sections 3.2 and .3 .3 ), these widths can be useà directly for obtaining a 

value for the relaxation time if the line has a Lorentzian shape. 

Zero quantum spectroscopy 

Multiple quantum spectroscopy gives natural line widths for homonuclear 

zero quantum transitions, enabling the determination of the relaxation rates 

directly and with high accuracy (section 4.5). 

Multiple quantum J- spectroscopy 

Multiple quantum J-spectroscopy as discussed in section 4.5 makes it pos

sible to determine the relaxation rates of all detectable multiple quantum 

transitions via line width determination. 

6.3.6 

Exchange a'nd cross-relaxation spectroscopy as developed by the groups of 

Jeener and Ernst (9, 1) and briefly presented ~n section L. 4,is a powerful 

tooI to show the presence of cross-relaxation and exchange . The exact measure

ment of the rates using these methods is rather difficult. An estimate for 

the order of magnitude can be obtained by varying the length of the mixing 

period in consecutive experiments or by comparing the amplitudes of diagonal 

and cross peaks. 
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7 SPECTROMETER- AND COMPUTER REQUIREMENTS 

7. I Introduction 

In this chapter it wil 1 be briefly discussed in a qualitative way which 

spectrometer capabilities are more critical for two-dimensional experiments 

than for the common one-dimensional experiments. It will appear that a modern 

NMR spectrometer needs onlya relatively small extension of software and 

possibly upgrading of plotting and background storage facilities. The main 

hardware requirements for two-dimensional spectroscopy also apply to per

forming sophisticated one-dimensional experiment s . The main purpose of this 

chapter is to give an impression to which extent a modern NMR spectrometer 

has to be modified ~n order to be suitable for 2D spectroscopy . 

7.2 Hardware 

In this section the analog and the con trol hardware will be discussed. 

Many of the normal requirements for the analog hardware of NMR spectro-

meters are quite critical for 2D spectroscopy. These requirements are: 

(a) Field frequency lock system 

A change in field frequency ratio during the 2D experiment can give 

rise to tl-noise (section 1.8), line shape distortions, and loss of sen

sitivity. Since 2D experiments usually last several hours, optimization 

of the lock system is important. 

(b) Constant field homogeneity 

A change in homogeneity will again result in tl-noise, line shape dis

tortion, and possibly extra spurious resonance lines . 

(c) Sp inning sidebands 

The effect of sp inning sidebands in two-dimensional spectroscopy (I) 

is generally even more confusing than in a one-dimensional spectrum. 

Since the range of different intensities in 2D spectra can be large, it 

can be difficult to distinguish between real peaks and spinning side

bands purelyon the basis of the ir magnitude. 

(d) Homogeneous r.f.fields 

Inhomogeneous radiofrequency fields generated by pulses can cause arte

facts in the 2D spectrum. For the observing channel on modern NMR spectro

meters, the r.f.field homogeneity is usually sufficient, however, also for 

the heteronuclear channel a homogeneous r.f.field is needed. Demands for 

r.f.field homogeneity can be weakened by the use of composite pulses (2). 
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(e) Homogeneity destroy pulse 

A homogeneity destroy pulse (homospoil) is a handy and sometimes required 

tool in 2D NMR experiments (sections 2.3.2, 2.4, 4.4.2). If this homo

spoil pulse does affect the field frequency lock system, or if the timing 

of the pulse is bad, t)-noise, artefacts and loss of sensitivity can 

occur. 

The demands for control hardware of course depend largelyon the available 

control software (3). Apart from that a number of requirements can be named 

which the combination of control hard- and software must be capable to fulfil: 

(a) Pulsing on the hetero-channel 

For many experiments it must be possible to apply pulses to the hetero

nuclei. Not only should the length of this pulse be selectable within a 

few percent of the desired value, but also the phase should be settable 

to an integer multiple of 900
• 

(b) Accuracy of timing 

The timer of the spectrometer should be capable of generating intervals 

between pulses with any length tetween a few microsec. and several seconds 

with a high absolute accuracy of a few microsec. If the accuracy of timing 

is insufficient, t)-noise and extra lines can appear in the 2D spectrum. 

(c) Flexible acquisition settings 

In order to economize on the size of the data matrix it is necessary to 

be able to select aspectral width and an acquisitiol! time close to the 

desired values. Of course, a suitable analog filter must be available 

for any bandwidth chosen. 

(d) Transmitter frequencies 

In order to economize on the size of the data matrix it should a lso be 

possible to set the observing transmitter anq the heteronuclear transmit

ter close to the centre of the spectrum. 

(e) Pulse calibration 

If the flip angle of r.f.pulses cannot be calibrated accurately to TI/2 

or to TI radians artefacts in the 2D spectrum can occur. 
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7.3 Software 

7.3 • I 

Of course, the specifications for control software depend on the capabili

ties of the control hardware (3). Generally, however, it can be stated that 

the combination of control hard- and software should be capable of creating 

any pulse sequence with a number of up to some IS puls es in a flexible 

fashion, i.e. the time intervals between these pulses should be freely 

selectable, the puls es can be applied to the observe and/or hetero channel, 

and the phases of the pulses are selectable. In order to perform a two-di

mensional experiment it is necessary that the delays between puls es can be 

incremented (or decremented) in successive experiments by a selectable length, 

while the corresponding data are stored separatelyon a background storage 

device. The possibility should exist to perform a certain experiment (for 

a single tl-value) an arbitrary number of times, while phases of the puls es 

and receiver are programmabIe for these repetitions. In this case the data 

should be directly averaged to the previously acquired data for the same 

length of tI. During all intervals between puls es it shou ld be selectable 

whether or not to apply heteronuclear decoupling. 

7.3 . 2 

As mentioned in section 1. 8, the extra amount of data processing soft

ware for performing 2D experiments 1S rather limited. In fact, only an 

extra matrix transposition routine is needed. However, a few extra demands 

are made on the individual processing programs to facilitate the actual 

operation . 

(a) The original data should not be overwritten by the processed data, in 

order to allow reprocessing with different parameters . 

(b) The processing should be fast. Since the data matrices are usually 

fairly large, processing should be fast i n order to limit the amount of pro

cessing time. Not only the computer calculation speed, but also a minimum 

number of disc accesses is of importance in this case . 

(c) It should be possible to define all processing operations 1n advance 

(queuing) to avoid a cumbersome and time-consuming operator interaction. 
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The display of two-dimensionalspectra is usually a time-consuming process 

because of the large amount of data involved and because of the complicated 

arithrnetic needed for white-wash or contour calculation procedures, and even 

more the usually fairly slow mechanical plotting device. 

In order to minimize plotting time it is necessary to get a (crude) pre

view of the two-dimensional spectrum on a fast display unit (e.g. storage 

scope or C.R.T. terminal) as it would appear on the plotter, with the option 

of changing the display parameters. This avoids the making of useless plot 

tings. A proper contour plotting program is for many 2D experiments absolute

ly necessary, while also a stacked-trace plot program can in some cases be 

very useful. Further on, it is nice if the selection of cross -s ec tions which 

contain resonances is automated. This is for instance useful in heteronuclear 

shift correlation (section 2 . 2) and in homonuclear J - spectroscopy (4) (sec

tion 3.3). 

7.4 Computer and peripherals 

The computer specifications required for being able to perform two-dimen

sional spectroscopy, do not differ much in principle from the requirements 

which are made anyway on a computer controlling a modern HR - ffi1R spectro

meter. It must be capable of controlling the spectrometer and acquiring, 

processing and storing the data. The computer - spectrometer system must be 

capable of generating the pulse sequences of the various 2D experiments and 

acquiring the data for a large number of different lengths of the evolution 

period. The major difference with respect to the computer requirements be

twe en one- and two-dimensional spectroscopy is caused by the very large 

amount of data usually involved. Therefore a large background storage de

vice (magnetic disc) is needed with at least storage space for a number of 

data points of the order of 10
6 . In order to limit the processing time of 

the large amount of data it is preferabie, although not a prerequisite, if 

the following features are available : 

(a) fast instruction execution time, possibly by using an array processor, 

(b) fast access to the background storage, 

(c) large computer memory to minimize the number of accesses to the background 

storage device. 

With respect to the peripherals, a fast plotting device is needed, which is 

capable of making contour- and stacked-trace plots (section 1.6.2). A fast 
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display unit for displaying the 2D spectrum before it is plotted is attrac

tive in order to limit the number of replottings of the final spectrum. For 

interactive phasing of the two-dimensional spectrum (5) a fast display unit 

is essential. 
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APPENDIX I 

Example of a density matrix calculation 

In this appendix an example will be given how the theory of section 1.2.3 

can be used to calculáte the behaviour of .the spin system explicitly. The 

effect of the pulse sequence of Fig.I.I, used in section 5.5 on a homonuclear 

AX spin system in thermal equilibrium will be analyzed. 

The rotation operators for a (n/2) , a (n) and a (n/2) pulse, as derived 
x y y 

by schäublin et al. (I), are given below. 

[ -: -i -i -'] { 
i i 

] a-I (n/2) 
-I -~ -I 

! . -I -i ft. (n/2) -I x -~ x 

-( -i -i ( -( i i 

[~ 
0 0 

~J R- I (n) 
0 -I 

R (n) 
-I 0 

[1.1] y y 

0 0 

[' :] V·/2) - I l: 
-I -I 

-:J 
ft-I (n/2) 

-I -I -I 

=! -: -I -I Y 

-I -I 

The notation used for the density matrix at certain times is indicated in 

Fig.I.1. 

The energy level diagram of the AX system is sketched in Fig.I.2. The ener-

gies of the different levels are indicated too. 

T 
('I), (nl2)x {n/2)x" 

I I ~~6ÖO ••• "" o 

~ >i~ «:)15 «.rIO 03 
c(.: V ij V vvVvvo 0 

I " " :: u, 
I I1 'I " 100 -Ij. .I~ -tI • T T t, t2 

Fig.I.1 Pulse sequence of which the effect on an AX spin system is calculated. 
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lIe51 +Q +TTJ)/ 2 
1 A B 

-t.en + 51 -TTJ)/ 2 
4 A B 

Fig .1.2 Energy level diagram and energies in an AX spin system. 

The density matrix at thermal equilibrium is given by 

l'f 
0 0 

JU • ! 1 • p/4 [~ 
0 0 

~l 0 0 0 
0 = 1 

0 0 
[1.2] eq 4 0 

0 0 0 0 -I 

where p = t nA/kT. nA is the angular Larrnor frequency of spin A, and nA/nB ~ I. 

Since all rotation operators commute with the unity operator ft, this part of 

the density matrix remains unchanged during the experiment and will be omitted 

in the expressions below. 

One finds: 

~-I ~ 
R (TT/2) 0 R (TT/2) x eq x [

0 

-I 

p/Si _~ 
o 
o 

-I 

02 follows using Eq. [I.S] : 

0 eiWI21 e iW131 

_eiw211 0 0 

°2 p/Si 
_eiW311 0 0 

0 _eiW421 _eiW431 

o 
o 

-I 

:

iW

24' 1 
e~W341 

0 

p/4 F 
Y 

wlth wmn= (En Em)/h, and the values for En given in Fig.I.2, e.g. 

W 1 2 = -nA - TT J, w21 = nA + TT J . 

[1.3] 

[1.4] 



190 

For 03 one finds: 

0 eiW43T eiw42T o 

~-I ~ 
_eiw34T 0 0 

°3 R (1I)02R (11) p/Si 
_eiW24T y y 

0 0 
. [r.S] 

0 _e i W13T _eiW12T o 

Using Eq. [I.S] again gives 

la 
a a 

~: ] x 
-a 0 0 

°4 p/Si x 
0 0 -a 

0 -a -a 

[r.6] 

with a exp (-i211JT) . 

Using the arguments given in seetion 1.2.3 (Eq. [1.22]) about an average 

Hamiltonian H, would have given 0
4 

direetly from al' 

The seeond (11/2) pulse ereates the double quantum eoherenee, as ean be 
x 

seen in the form of 05' whieh eontains elements 0 14 and 04 1' not equal to 

zero: 

[ -,o,(W,) 0 0 i,in;,,",] 

-I ~ 
0 0 0 

aS ~ (1I/2)04R (11/2) p/4 0 0 0 o . [r. 7] x x 

-cisin(211JT) 0 0 eos (21TJT) 

-I 
Assuming that T has been ehosen to be equal to (4J) ,only double quantum 

eoherenee will be present during the time ti' and 05 simplifies to 

Using 

0'6 

Eq. [1. S] 

0 

0 

p/4 
0 

o 
o 
o 
o 

again, 

_ieiw41 tI 

o 
o 
o 
o 

one finds 

0 0 . iW]4 t ] l.e 

0 0 0 

0 0 0 

0 0 0 

[r.S] 

[r.9] 
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In the case where the last n/2 pulse is applied along the x-axis one finds 

for 07 : 

c c 

-51 -c 

-c 

5 

[1.10) 
-5 -s 

-s -s 

-c - c 

with s = sin(wI4 t I ) and c = cos(w24 t I ). 

In the case where the last n/2 pulse is applied along the y-axis one finds 

for 0
7

: 

l-' 
-ic -ic 

:: J ie s s 
0 7 = R-I(n /2) 06R (n/ 2) = p/8 . [1. 11) 

Y Y ~c s s ~c 

-s -ic - ic -s 

For the magnetization component Mtr l2 which corresponds with coherence be

tween the levels land 2 one finds, using Eq. [1.26) , 

[1.12) 

In the case of a final (n/2) pulse it follows from Eqs. [1.10) and [1.12): 
x 

[1.13) 

In the case of a final (n/2) pulse it follows from Eqs. [1.11) and [1.12): 
y 

[1.14) 

Note that Eq. [1. 13) represents a signal along the x-axis while Eq. [1. 14) is 

a signal along the -y-axis. This agrees with the results given in Table 5.1. 

During the time t
2 

the magnetization compQnent will precess with angular 

frequency wl2 and give a signal 

in the case of a final (n/2)x pulse, and 

in the case of a final (n/2) pulse. 
y 

Reference 
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[1.15b) 
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APPENDIX 11 

Magnetization transfer in 13 CH and 13 CH groups 
~~-~~~~~~~~~~~--~=2 3~~~~ 

In this appendix the effect of the heteronuclear shift correlation experi-

ment (F · 2 2) h·l·· . f 13C ·11 b 19.. on t e slgna s orlglnatlng rom a H2 group Wl e analyzed. 

Af ter that the effect of heteronuclear decoupling as described in section 
13 2.2.2 will be treated. The derivations for a CH

3 
group are completely ana-

logous and only the final results will be given. 

The energy level diagram of an isolated 13 CH2 with equivalent protons is 

given in Fig.II.I. The corresponding wave functions and energies are given 

in Table Il.I. 

Table 11.1 Wave functions and energies corresponding to the different ener
gy levels in the diagram 11.1. The first spin in the notation 
used denotes the 13C-nucleus with chemical shift frequenc y ~2; 
nl denotes the proton chemical shift frequency. 

Energy Wave function Energy 
level 

I SSS !t(~2 + 2~ 1 + 2'TTJ + 'TT J HH ) 

2 aSS ~h(-~2 + 2~ 1 - 2'TT J + 'TTJ HH ) 

3 j/2 S(aS + Sa) ~h(~2 + 'TTJ HH ) 

4 !/2 a (aS + Sa ) !h(-~2 + 'TTJ HH ) 

5 Saa !h(~2 - 2~ 1 - 2'TTJ + 'TT J ) 
HH 

6 aaa lh(-~ - 2~ 
2 2 1 - 2'TT J + 'TTJ HH

) 

7 ~/2 S(aS - Sa) ~h(~2 - 3'TT J HH ) 

8 ~/2 a (aS - Sa ) ~t( - ~2 - 3'TTJ HH ) 

--r 1 

2 I 
I 
I 
I 
I -+-3 ____ 7 

4 --__ 8 

I 

~5 
6 

Fig.II.1 Energy level diagram of a 13CH2 spin system. The corresponding 
energies and wave functions are given in Table 11.1. The broken 
and drawn transitions correspond to the proton doublet lines 
with frequencies ~ I+'TTJ and ~ l-'TTJ. 
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As expected, and as can be deduced from Table 11.1, only two different pro

ton resonances exist, at frequencies n l ± TIJ if n l is the IH chemical shift 

frequency and J the heteronuclear coupling constant. 

In Fig.II.1 the transitions with resonance frequency n
l 

- TIJ and n
l 

+ TIJ 

are indicated by the drawn and broken lines respectively. 

The effect of the pulse sequence of Fig.2.2 on the magnetization Ln the 

13CH2 spin system will now be explained. The first (TI/2)x pulse applied to 

the protons will create two transverse magnetization vectors (Fig .2.3a), cor

responding to the drawn and broken lines in Fig.II.I. The second (TI/2)x pulse 

applied to the protons will create longitudinal IH magnetization components, 

analogous to Eq. [2.2] given by 

M 
z-

I 
-Mo ( H)COS{(n

l 
+ TIJ)t

l
} 

I -Mo ( H)cos{(n l - TIJ)t
l

} 

[11. Ia] 

[Il.lb] 

where M
z

+ and Mz_ denote the longitudinal proton :agnetization corresponding 

to the broken and drawn transitions in Fig.II.1 M (lH) is the thermal equi
o 

librium magnetization of the protons corresponding 

broken transitions. Since the two proton pulses do 

the sums of the populations of the levels with the 

to the drawn and to the 
13 . 

not affect the C spLn 
13 .. h C spLn Ln te a -state 

(or B-state) remains unchanged during the pulse sequence applied to the pro

ton. This gives the relations 

3(1 - p) [Il.2a] 

[11. 2b] 

using the thermal equilibrium populations as given in Table 11. 2 . Equation 

[Il.2] is the equivalent of Eq. [2.3] in section 2.2. 1. It can be derived 

that the individual longitudinal magnetization components corresponding to 

each of the drawn (or broken) transitions are equal af ter the second proton 

pulse. This imp lies that 

[Il.3a] 

[Il.3b] 

From Eqs. ~I.I], ~I.2] and ~I.3] it then follows that the new populations 

af ter the second proton pulse are as given in Table 11.2. 
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Table 11.2 Populations of the different energy levels in Fig.II .1 at ther
mal equilibrium (Pn), and af ter a (n/2)x - tI - (n/2)x pul se 
sequence applied to the prot ons {Pn(tl)} . The constant p equals 
y 13CHoh/2kT. 

Level P Pn(t l ) n 

I I - 9p I - P + 8p cos{(&1
1 

+ nJ )t
l

} 

2 I - 7p I + P + 8p cos{(&1 1 - nJ )t l } 

3,7 I - P I - P 

4,8 I + P I + P 

5 I + 7p I - P - 8p cos{(&1
1 

+ nJ)t
l
} 

6 I + 9p I + P - 8p cos{(&1 1 
- nJ) t l } 

In thermal equilibrium the magnetization M corresponding to a single 13 C 
o 

transition (e.g. 1-2) corresponds to a difference in population of 2p of the 

two levels involved. Using the new populations of Table 11.2 one finds for 

1 . d' 1 13 ., the new ongltu lna C magnetlzatlons: 

[II.4a] 

[II.4b] 

[II.4c] 

A 13C n /2 pulse, applied immediately af ter the second proton pulse , will cre

ate transverse magnetization which induces a signal given by 

s(t l ,t 2) = MZ I2(tl)exp{i(&12 + 2nJt l )} + 2Moexp(W2t l ) + MzS6 (t l ) x [11.5] 

x exp{i(&12 - 2nJt
l
)}, 

where &1 2 denotes the 13 C chemi~al shift frequency. 

From Eqs. [11.4] and [11.5] it follows that the peak positions ln a two

dimensional spectrum are given by 

(WI , W2) = (0,&12 - 2nJ) , (0,02)' (0,n2 + 2nJ), (&1 1 + ~J,&12 - 2nJ) , 

WI + nJ ,&1
2 

+ 2nJ), (n I - nJ , n
2 

- 2nJ), (nI - nJ , &1 2 + 2nJ). 

The relative intensities of these peaks are 1:2:1:4:-4: -4:4. 

If broad-band proton decoupling were started at an arbitrary time ~2 af ter 

the 13C n/2 pulse one finds, analogous to Eq . [2.71,for the detected signals: 

s(t l ,t 2) = 2Mo{1 + cos(2nJ~2)}exp{in2(t2 + ~2 ) } - 8iMosin(2nJ~2) x [11.6] 

x [cos{(n l + nJ)t
l
} - cos{(&1 1 - nJ )tl}J x exp{i&12 (t 2 + ~2)} 
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13 For a CH
3 

group it can be derived 1n a similar way that the detected signal 

is given by 

- IZiMo{sin(TIJAZ) + sin(3TIJAZ)} kos{(OI 

- cos{(OI - TIJ)tl}]exp{iOZ(tz + AZ)} ' 

+ TIJ) t } -
I 

[Ilo 7] 

The amplitudes of the signals that are modulated as a function of tI is pro

portional to sin(ZTIJA
Z

) and (s in(TIJA
Z

) + sin(3TIJA
Z

)} in the case of 13cHZ 

and 13 CH3 groups respectively. A graphical presentation of this behaviour is 

given in Fig.Z.9. 

Comparing Eqs. [11.6] and [11.7] with Eq. [Z.7] shows that the modulation of 

the signals as a function of tI is identical in the cases of a 13cH , 13cHZ 
13 and a CH

3 
group. Of course, this should be expected, since the proton spec-

trum is in all three cases a doublet with splitting J. 

13 C Decoupling during the evolution period can thus be performed in exact

ly the same way as described in section Z.Z . Z, with the optimum value of AI 

. 1 to (ZJ) -I. aga1n equa 
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APPENDIX III 

The effect of a single selective pulse 

In this appendix the effect of a single line-selective pulse (see 

footnote section 1.2.3), applied to a coup led spin system, will be analyzed. 

First an uncomplete and very simple approach to the problem will be made 

not taking into account the phase of the selective pulse; the second part 

of this appendix deals with the mathematical calculation, using fictitious 

spin-! operators. 

Consider a set of isolated spin-! nuc lei in a magnetic field. The two ei

genstates are la> and 18>. The populations of the two levels are written as 

Pa and PB" 

The longitudinal magnetization Mo in the spin system is given by 

M = NYhep - P ) 
o a 8' [lIL I] 

where N is the number of spins in the sample. Suppose for reasons of con

venience that all spins are in state la>, l.e. M = Nyb. If a pulse with flip 
o 

angle e is applied along the x-axis, this will rota te the magnetization over 

an angle e about the x-axis. The new longitudinal magnetization is then equal 

to Nyhcos 8. The new occupations of the energy levels are then given by 

cos
2 e8/2) 

sin
2e8/2). 

[III.2] 

In the quantum mechanical formalism the wave function W of a certain spin is 

written as W = cala> + c818>. 

The population of the energy level corresponding with state a is equal to 

Fa l
2

Hence, the effect of a pulse with flip angle 8 on a spin in state la> 

* ew = lla> + 018» is to alter the wave function according to 

[lIL3) 

This is the central equation in the simple approach which can be used to 

visualize the effect of a selective pulse in a coup led spin system. 

Consider for example a part of an energy level diagram of a coupled spin 

system, as sketched in Fig.III.l. Assume that a coherence is present be-

* A more detailed quantum mechanical analysis shows that the phase of state B 
is generally not zero as assumed in Eq. [111.3] , but depends on the phase 
bf the pulse. 
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Ik> 

Fig . l Il. 1 Part of the energy l evel diagr am 
of a coupled spin system. 

tween the stat es k and 1. This coherence is described by density ma trix ele

ment OkI (and its complex conjugated alk): 

[III.4] 

Change in coherence kZ 

Due to a selective pulse with flip angle 8 on transition km {a 8 (km) pulse}, 

the magnitude of ck changes according to Eq. [111.3] by a factor sin( 8/2), 

and using Eq. [III.4] th is implies that a factor cos( 8 / 2) of coherence be

tween the stat es Ik> and 11 > is left. 

Trans f er to coherence Zm 

Suppose for reasons of convenience that the occupation of level m before 

the selective 8 (km) pulse equals zero (i.e. c
m

= 0). Immediately af ter the 

8 (km) pulse the coefficient cm of an individual spin is related to ck by 

Eq.[III.3] : 

[III.S] 

Therefore, if an ensemble averaged phase coherence 0kI= c~ ck is present 

before the 8 (km) pulse, a phase coherence a' = ~ will be· created, relamI 1 m 
ted to akI by 

[III. 6] 

an amount proportional to sin(8 /2) is transferred from coherence between the 

levels k and 1 to coherence between the states 11 > and Im>. 
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A more exact treatment of the effect of a selective pulse can be obtained 

if the fictitious spin-! arithmetic is used. First a description of the for

malism will be given and then the relation with physics will be shown. 

The definition of fictitious spin-! operators as given by Wokaun and Ernst 

(1,2) will be used here. For any coherence between two eigenstates Ir> and 

Is> a set of fictitious spin-! operators rrs (a = x,y,z) is defined in the 
a 

following 'way: 

Ho. o. + o. o. ) 
l.r J s l.S J r 

! i( -0. O. + O. O. ) 
~r J s ~s J r 

[IIl. 71 

From this definition it follows that 

r
sr rrs 
x x 

r sr _rrs 
y y 

[IIl.8] 

r sr _rrs. 
z z 

The operators obey the conventional commutation rules: 

[rII.9] 

where (a,B,y) is a cyclic permutation of (x,y,z). 

For two operators, defined for two connected transitions rt and st, one 

finds 

[rrt r st] 
x ' x 

[rrt r st] 
y , y !iI

rs 
y 

[rrt r st] 
z ' z 

0 

[rrt r st ] Hr
rs [IIl. 10] 

x ' Y x 

[rrt r st] 
x ' z 

_!irrt 
y 

[rrt r st] l' rt 
y , z 2 l. r X 

Operators defined for non-connected transitions rs and tu always commute, 

[rrs r tu] 
a ' B 

0 a} 
B 

x,y,z. [IIl.ll] 
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The mathematical forms[III.7]-[III.II] can be used for describing the effect 

Of a selective pulse. A selective pulse 6x (rs) with flip angle 6 applied 

along the x~axis on a transition rs is analogous to Eq. [1.23] described by 

a rotation operator Rrs
(8), given by 

x 

[lIl. 12] 

A coherence present between eigenstates Is> and It> only, is described by 

a density matrix a which contains non-zero elements for ast and ats' and 

can always be writen as 

a = C I st 
+ C I st 

x x y y , [lIl. 13] 

where C and C are complex constants. 
x y 

The 6x (rs) pulse now creates a new density ~atrix a ', given by 

a' = exp(i6Irs )a exp(-i6Irs ) = 
x x [lIl. 14] 

'" ( . 6 rs) st (· 8 rs) '"' C exp ~ I I exp -~ I . Ct=x,y Ct x Ct x 

Since it follows from Eq. [111.9] that 

cos(8/2)Ist - sin(6/2)I rt 
x y 

[lIl. IS] 

and 

, 
the new density matrix a (Eq.[III.14]) can be written as 

a' = cos(8/2)a + sin(6/2)a" [lIl. 16] 

with a" being a density matrix describing the newly created coherence be

tween states Ir> and It>: 

a" = -C Irt + C Irt. 
x y y x 

[lIl. I?] 

Comparing the new density matrix a' (Eq. [111. 16]) with the initial density 

matrix a (Eq.[III.13]) shows that a factor cos(8/2) of the initiál coherence 

is still present, while new coherence rt is created with a magnitude propor

tional to sin(6/2). 
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Permutation of the opdep of seLective puLses 

In a weakly coupled N spin-! system the operator for a non-selective pulse 

with flip angle 8, applied along the x-axis is given by 

R (8) 
x 

Since F x 

R (8) 
x 

exp(-i8F ). x N _ __ 

E Ix and [I~ ,Ix] 
n=1 n n m 
N 
TI exp(-i8Îx ), 

n=1 n 

[lIL IS] 

o for n * m, 

[lIL 19] 

-where the order of the product is arbitrary. IXn is the spin angular momen-

turn operator along the x-axis for spin n, and is the surn of 2(N-I)fictitious 

spin-! operators I rs , all working on different non-connected single quantum 
x 

transitions, each corresponding to one of the multiplet components of nucleus 

n. These operators are labelled Ix where m = 1 •. 2(N-I). Since all of these nm 
operators commute (Eq. [IlLIl] ), Eq. [lIL 19] can be written as 

R (8) = 
x ' 

N 
TI 

n=1 

2 (N-I) 
TI 

m=1 
exp(-i8Îx ). 

nm 
[IIl.20] 

Each of the terms of Eq. [111.20] denotes a selective pulse, affecting only 

a single transition. The order of the selective pulses on nucleus n, deno

~ed by exp(-i8Îxnm) can be randomly permuted since the operators Îx~ and 

Ix commute. 
np 
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