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ARTICLE INFO ABSTRACT

Keywords: In recent years, coastal management has been facing new challenges: socio-economic growth and consequent
Adaptive sampling climate change impose new boundary conditions pushing coastal systems towards unseen states. For adaptation
Building with Nature and mitigation strategies as well as risk management, the resilience of systems to these projected changes
Estua.ry . must be tested and quantified using predictive tools, given the scarcity of observations. Process-based models,
Hybrid modelling

which limit the number of assumptions, are the preferred tools. However, these models are computationally
expensive and therefore unattractive for global sensitivity and uncertainty analyses. Input and model reduction
techniques, as well as behavioural empirical models, have been widely used to overcome these computational
difficulties. In this paper, we propose a process-based hybrid workflow—that combines statistical and machine
learning with a process-based numerical model—to provide sensitivity analyses on complex systems. As an
example we explore salt intrusion in estuaries. The novelty of the method presented is the implementation
of an adaptive sampling technique of numerical experiments with a process-based hydrodynamic model, and
the training of a neural network to augment the set of numerical runs executed. The first uses predictive
uncertainty to automatically explore the response of the complex system to varying environmental boundary
conditions and geomorphological configurations. The second is trained to provide system responses around
the sampled points. This exploration is closed by simulating the extremes in the output space as found by
a genetic algorithm. This scheme is shown to be highly efficient in non-linear, heteroscedastic, and highly
non-stationary systems.

Machine learning
Risk management

1. Introduction

In recent years, the effects of climate change have become more
apparent (e.g. Harley et al., 2006; Veldkamp et al., 2015; Vorosmarty
et al.,, 2000; Walther et al., 2002) and with it the need for preparing
for the unknown: Natural systems venture out to extremes often ab-
sent from the records. Examples of such extremes include the recent
droughts in northwestern Europe caused by an extremely low river
discharge in the Rhine (Toreti et al., 2022); the increased frequency of
mass coral bleaching events recorded over the past decades (Hughes
et al.,, 2018); and the so-called Black Summer of 2019/2020 during
which an exceptionally large area of Australia’s southeast coast was
consumed by wildfires (Collins et al., 2021). In addition, sea level rise
shifts whole coastlines to new territories and possible modified system
responses, as new areas might get inundated.

These changing conditions challenge risk management practices
(van Berchum et al., 2019) and require the revision of adaptation and
mitigation strategies (Haasnoot et al., 2014). Therefore, explorations
to map the impacts of these changing conditions on current land-
use as well as determining future-proof socio-ecological systems are
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necessary. Key in such studies is to achieve a system understanding.
While surveying and monitoring often provide insightful knowledge, in
this phase, numerical models are a necessity to predict system responses
to unseen forcing, socio-economic boundary conditions, and/or human
interventions.

This system understanding can be achieved by means of a sensi-
tivity analysis of the system’s response to changing conditions; this
may include the boundary conditions as well as the geomorphological
characteristics. In addition, a proper parameterisation of the physi-
cal system and processes in the numerical model is key and non-
trivial. Consequently, sensitivity analyses often require experimental
designs that rely on a large number of samples. Examples are those
following factorial sampling (e.g. Wang et al., 2020) or Monte Carlo
sampling (e.g. Saltelli et al., 1999; Saltelli, 2002).

In practice, large experimental designs could be accomplished by
running a large number of numerical simulations, often impracti-
cal if they were set-up with complex, and thus computationally ex-
pensive, hydraulic engineering numerical models, e.g. Delft3D Flexi-
ble Mesh (DFM; Deltares, 2022) or Finite-Volume Community Ocean
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Model (FVCOM,; Chen et al., 2013). Therefore, executing such analyses
would result in a computationally infeasible task (Saltelli, 2002).

Traditionally, hydraulic engineers have addressed this problem by
(1) developing a series of model reduction techniques; and (2) acceler-
ation of the direct simulations. Regarding model reduction techniques,
common practices are:

1. the use of statistical downscaling, for example, to develop pa-
rameterisations of physical processes (e.g. Bruun, 1954; Stock-
don et al., 2006), or to infer the response of coastal systems to
larger scale forcing (e.g. Anderson et al., 2018; Antolinez et al.,
2018);

2. the development of behavioural models that combine multiple of
these physics-driven statistics using basic knowledge principles,
for example shoreline models (e.g. Antolinez et al., 2019; Ashton
et al., 2001; Kragtwijk et al., 2004); and

3. the simplification of numerical models by neglecting certain
physical processes in favour of faster running times of which
the hydrostatic assumption is the most broadly used in hydro-
dynamic models (default settings in, e.g., DFM and FVCOM;
Deltares, 2022; Chen et al., 2013, resp.).

Regarding the acceleration of the direct simulations, these are often
achieved by: (1) developing acceleration techniques (de Vriend et al.,
1993; Luijendijk et al., 2019), and (2) using input reduction tech-
niques (Antolinez et al., 2016; Hendrickx et al., 2021; Latteux, 1995;
Walstra et al., 2013).

In addition to these reduction techniques, the use computation-
ally expensive models generally rely on expert judgement to decide
the limited number of simulated samples (e.g. Ralston et al., 2010;
Warner et al., 2005); the most efficient reduction technique remains
limiting the number of simulations. However, sampling based on expert
judgement limits the investigation to the expected: exploring unknown
territories is computationally too expensive and therefore discouraged.
On the other hand, simplified models limit the output to the assump-
tions made due to the simplifications (e.g. Kuijper and van Rijn, 2011;
MacCready, 1999), which might result in essential processes to be
overlooked. Ideally, process-based models can be used for exploratory
research of complex systems without skyrocketing computational costs.

Currently, hybrid experimental designs are being adopted to per-
form larger numbers of simulations (e.g. Camus et al., 2011; Bakker
et al., 2022). This so-called Hybrid Downscaling (HD) often contains
the following three phases: (1) the sampling of representative input
or boundary conditions (Athanasiou et al., 2021; Scott et al., 2020);
(2) the simulation of these samples in a numerical model; and (3) the
augmentation of the modelled output for the whole input space, which
is either achieved statistically (e.g. Rueda et al., 2019; Scott et al.,
2020) or using machine learning techniques (e.g. Athanasiou et al.,,
2022; Itzkin et al., 2022).

Most of the selection schemes deployed in HD select samples in
an input space without knowing information about the (often non-
linear) response of the system (e.g. Latin hypercube sampling [McKay
et al., 1992]; maximum dissimilarity algorithm [Kennard and Stone,
1969]; self-organising maps [Kohonen, 1982]). This turns into an inef-
ficient and costly exploration (e.g. Gramacy and Lee, 2009; Ruessink,
2006). The efficiency of the exploration is expected to improve substan-
tially when the input space considers the available information about
the output space when sampling (Gramacy and Lee, 2009). Hence, to
influence the selection of samples in the input space by a reduced
number of model simulations, a two-step approach is required in which
the input space is adaptively updated based on the known part of the
output space.

In this paper, we develop such an adaptive sampling scheme tailored
to hydraulic engineering models, such as the aforementioned hydro-
dynamic models DFM and FV-COM. In this scheme, the sampling in
the input space is influenced by the system’s response at the previous
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selected representative samples, requiring to run the model sequentially
in parallel batches, promoting a more efficient exploration.

The second phase—the numerical modelling—is executed with a
process-based model: DFM (Deltares, 2022). This ensures that the bias
of known fitted parameters is limited when exploring unknown regions
in the input space.

The last phase in HD—the augmentation—has received substantial
attention over the years. Augmentation methods range from very sim-
plistic procedures such as look-up tables or linear interpolation to more
complex regression methods based on statistical and/or probabilistic
models. In addition, machine learning is currently gaining popularity
and has shown great potential in many fields of research, as in machine
learning probability and statistics can coexist. This rise has led to
opt for the inclusion of both generative and discriminative machine
learning models (Jebara, 2004), such as a treed Gaussian process,
limiting linear model (TGP-LLM; Gramacy and Lee, 2009) and a neural
network, respectively.

Hence, the overall aim of this paper is to provide a methodology for
gaining as much information about a complex system for the lowest
computational costs. This is applied on a case study implementing
the Building with Nature-approach. In the application, we address the
question how machine learning techniques can assist in applying the
Building with Nature-approach, i.e. developing nature-based solutions.
A sensitivity analysis is at the basis of understanding the system and
machine learning tools are implemented to assist in this goal.

To answer the research question, this paper starts with a description
of the proposed methodology (Section 2) after which it is applied
on a case study introduced in Section 3: salt intrusion in estuaries.
Subsequently, the implications of this newly proposed work-flow are
presented and discussed in which the required sample size—or stopping
rule—receives additional attention (Sections 4 and 5, resp.). At last, the
pros and cons of the simulations strategy are summarised in Section 6.

2. Method

The many available techniques introduced in Section 1 have been
evaluated and distilled down to a five-step simulation strategy (Fig. 1):
(1) generate candidate samples, (2) simulate an initial batch, (3) ex-
ecute an adaptive sampling approach, (4) simulate reverse-predicted
extremes, and (5) augment the input space. These five steps are also
visualised in Fig. 1, stating the sample sizes as used in this study. Every
step and the sampling techniques used are further elaborated on in
Sections 2.1-2.5.

2.1. Candidate samples

The first step is to create a data set with candidate samples. These
candidate samples were based on predefined parameter ranges, which
reflected physically representative values. When generating the candi-
date samples, it is important to include a physical check of the samples:
although the parameter ranges make physically sense, certain combina-
tions may not. For example, a realistic river discharge of 16000 m3s~!
and a realistic cross-sectional area of 2500 m? result in an unreal-
istically high river flow velocity of 6.4 ms~!. By applying physical
checks—and subsequently using the resulting candidate samples—the
physical correctness of the parametric design is enforced.

2.2. Initial batch

The second step is to create—and simulate—an initial batch to
initiate the subsequent adaptive sampling routine. In this study, the
Maximum Dissimilarity Algorithm (MDA; Kennard and Stone, 1969)
was used to do so, as it best explores the outskirts of the input space
by choosing the most dissimilar samples from the candidate samples.
At this stage, little is known about the response of the system, thus it is
most advantageous to fully focus on exploring the input space. In this
study, the initial batch contained 100 samples.
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Fig. 1. Flowchart of the five-step simulation strategy. The numbers reflect the steps of the simulation strategy: (1) generate candidate samples, (2) simulate an initial batch, (3)
execute an adaptive sampling approach, (4) simulate reverse-predicted extremes, and (5) post-process the data. The red-coloured values indicate the sample sizes of the data sets.
MDA: Maximum Dissimilarity Algorithm; TGP-LLM: Treed Gaussian Process, Limiting Linear Model; GA: Genetic Algorithm; NN: neural network.

2.3. Adaptive sampling

The third step is most dissimilar from commonly employed sampling
techniques, as in this step we used a generative model so that the
selection of samples in the input space is based on the underlying
distribution of the output space. In this study, the adaptive sampling
was initiated by fitting a Treed Gaussian Process, Limiting Linear
Model (TGP-LLM; Gramacy and Lee, 2009) to the incomplete out-
put space resulting from the initial batch. The TGP-LLM determined
the uncertainty in the output space and suggested which samples
were most likely to reduce this uncertainty (Gramacy and Lee, 2009);
here, uncertainty is defined by either the greatest standard devia-
tion (active learning-MacKay; MacKay, 1992), or by the maximum ex-
pected reduction in the averaged squared error (active learning-Cohn;
Cohn, 1996). As simulating regions with high uncertainty provide
the highest entropy, these regions are most interesting to investigate
further. This study made use of the active learning-MacKay approach:
i.e. uncertainty was defined by the largest standard deviation.

The TGP-LLM method (Gramacy and Lee, 2009) was devised to
optimally select candidate samples for asynchronous calculations on a
supercomputer. The core of this generative method consists of fitting
Gaussian process models to the input-output relations obtained from
the available runs at a particular moment in the simulation procedure.
These models are continuously updated as more results come in. In
order to account for heteroscedasticity as well as non-linear behaviour
of the output space in different subdomains of the input space, the
Gaussian process model is combined with a Bayesian tree regression.
This subdivides the input space in several subdomains that show differ-
ent behaviour. Based on this statistical model, new candidate samples

are chosen in order to fulfil different criteria. Most emphasis is placed
on areas on the input space where the input-output variance is largest,
so as to lead to an optimal reduction of the variance (maximum
entropy approach). However, as this selection criterion may lead to
exaggerated concentration of samples in a few places only, in addition
care is taken to spread the candidate samples sufficiently over the
different subdomains of the input space identified by the Bayesian tree
regression, as well as to the sufficient spreading of candidate samples
within these subdomains, in order to conserve the exploratory nature of
the algorithm. For technical details on the method, we refer to Gramacy
and Lee (2009).

Only a limited number of samples was selected by the TGP-LLM
based on the initial batch. Subsequently, every time a simulation was
finished, the TGP-LLM was re-fitted to the updated output space to
determine the next input sample(s) with the highest entropy. This
continued until a predefined number of samples was simulated. In this
study, 1100 samples were generated and simulated using this adaptive
approach.

2.4. Reverse-predict extremes

The fourth step is to search for extremes in the output space. This
search was facilitated by means of a genetic algorithm (GA) for which
the search for the extremes is an optimisation problem.

In order to obtain a fast tool to explore these extremes, a neural
network was fitted to the available results from the MDA- and TGP-
LLM-based samples. This neural network contained three hidden layers
with 50 nodes each.

The implemented GA was designed such that a pool was created
instead of the usual singular output. This pool consisted of output
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values close to the most extreme—or optimal—value. Subsequently, a
set of samples was drawn from this pool by using the MDA on the pool’s
unique samples. These samples were subsequently simulated to better
represent the extremes in the data set.

2.5. Post-processing

The last step of post-processing the data is not as straightfor-
ward due to the absence of clear planes through the output space
that can be assessed. Moreover, the commonly used methods for
sensitivity analyses—such as Sobol’ indices (Sobol, 1993, 2001) and
ANOVA (Wang et al., 2020)—cannot be used due to the limited sample
size.

Therefore, discriminative models have to be used over generative
models that require larger data sets (Jebara, 2004). In this study we
considered a neural network with the same architecture as described in
Section 2.4 but which was retrained to the full data set, i.e., including
the GA-based samples. More details on the neural network and its
training are given in the Supplementary Information (Sec. SI-5).

3. Case study

This case study addresses the first step of developing nature-based
solutions to mitigate salt intrusion. Thereby following the Building with
Nature-approach, which is an approach to solve hydraulic engineering-
related problems from a system-level point of view by utilising the
system’s natural processes (de Vriend et al., 2015). For that reason,
the notion of Building with Nature has gained momentum in recent
years. In the so-called nature-based solutions, the system is viewed from
three perspectives: (1) physics, (2) ecology, and (3) socio-economy (van
Slobbe et al., 2013). This multiperspective approach results in a very
demanding design process.

A challenging phase in the Building with Nature-design procedure is
to properly understand the underlying physical processes of a natural
system, and how the engineering solution will utilise those to achieve
certain socio-economic and ecological benefits. This principle is at the
basis of the design procedure, and thus an essential feature (e.g. Borsje
et al., 2011; van Slobbe et al., 2013; de Vriend et al., 2015).

3.1. Physical estuarine system

The methodology described in Section 2 is applied to a highly
non-linear and non-stationary system to perform a sensitivity analysis:
the estuary. Estuaries are complex systems largely due to the inter-
action of saline seawater and fresh river water. The induced density
differences—albeit small—result in complex behaviour of the hydro-
dynamics, influencing flow structures, sediment dynamics, ecological
functioning, and many other aspects (e.g. Geyer and MacCready, 2014;
Olabarrieta et al., 2018; Whitfield et al., 2012; Zhou et al., 2020).

In this case study, the focus point is the salt intrusion length in an
estuary and how this is influenced by the forcing and the estuarine
geomorphology. The influence of the river discharge and water depth
on the salt intrusion are well-known (e.g. Chatwin, 1976; Hansen and
Rattray, 1965; MacCready, 2007; Monismith et al., 2002): negative
and positive, respectively. Furthermore, the tide enhances the mixing
of the water column and thereby influences the salt intrusion (e.g.
MacCready and Geyer, 2010; Simpson et al., 1990). Other geomor-
phological features have also been investigated separately, such as the
bottom curvature (Nunes and Simpson, 1985), tidal flats (Zhang et al.,
2012), and meandering (Pein et al., 2018). All in all, many factors
influence the salt intrusion length, generally in a non-linear fashion,
and Table 1 summarises the input space used in this study.

Furthermore, estuaries behave differently based on their class—
or type. Such classifications are often linked to the stratification of
the system, and how this changes over a tidal cycle, as this largely
determines the governing processes in an estuary (e.g. Dijkstra and
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Table 1

Input parameters including their ranges and units; based on Dronkers (2017), Leuven
et al. (2019), Savenije et al. (2008). Fig. 2 provides visual support of the input
parameters. More information about the definitions of the input parameters and the
physical restrictions are provided in the Supplementary Information (Secs. SI-1 and SI-2).

Parameter Symbol Range Unit
Tidal range a 1.0-5.0 m
Forcing Storm surge level 7y 0.0-2.0 m
River discharge Q 100-16,000 m3 s!
Channel depth d, 5.0-25.0 m
Channel width W, 500-3,000 m
Channel friction n, 0.01-0.05 m~'/s
Flat depth ratio® ry -1-1 -
Geomorphology Flat width W, 0-3,000 m
Flat friction ng 0.02-0.05 m~'/s
Convergence y 25-1.0 %1075 m~!
Bottom curvature K, 0.0-6.0 x10~> m~1
Meander amplitude A, 0-6 km
Meander length L, 0-100 km

2The flat depth is defined as the product of the flat depth ratio and the tidal range:
d; = %rda. Thereby ensuring that the tidal flats are at all times exposed and flooded
during a tidal cycle, i.e. following the definition of a tidal flat.

Schuttelaars, 2021). The mapping of estuaries by Geyer and MacCready
(2014) considers two non-dimensional variables in defining such a
mapping, which is used in this study as indication of the distribution
over the input space.

The two non-dimensional variables are a mixing parameter (M,
Eq. (1)) and the freshwater Froude number (Frs, Eq. (2)), which are in-
dicative for the balancing forces in an estuary: mixing and stratification,
respectively (Geyer and MacCready, 2014).

2
CrlU
M= (@]
,Nd?
with
_ &
= <
dal?
1 g
U =——=4/=>a
2¢/2 V 4
N = gBsy
d

where s is the non-dimensional friction coefficient [-]; u, the tidal
flow velocity [ms~!]; w, the tidal frequency [s~']; N the buoyancy
frequency [s™11; d, the channel depth; and n, the friction coefficient,
defined as Manning’s n [m~'/3s]. In addition, there are three constants
included: g is the gravitational acceleration [g = 9.81 ms~2]; § the
haline contraction coefficient [f = 7.6x10~* psu~']; and so the oceanic
salinity [s, = 30 psul.

Frp=—2 @

=V dcgﬂso

where Q is the river discharge; W, the channel width; and ¢; the
maximum frontal propagation speed, or internal celerity [ms1].

Note that not all parameters of the input space are included in
this mapping (Table 1); this mapping does not address the occurrence
of tidal flats or meandering of the estuary. Although it is not com-
plete, the M, Fr;-space by Geyer and MacCready (2014) provides good
insights into the distribution of the data over the input space. For
visual inspections, scatter plots of the distribution of input, output, and
these non-dimensional parameters are included in the Supplementary
Information (Fig. SI-2).
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Fig. 2. Parametric model design zoomed-in near the estuary mouth. (a) Plan view; (b) longitudinal cross-section; and (c) lateral cross-section. The meaning of the symbols are
presented in Table 1, except for W,: This is the total width, i.e. W, = W, + W,. The grey dots show the location of the “virtual stations” used for the output definitions (Eqgs. (3a)

and (3b)).
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Fig. 3. Sample distributions with respect to the estuarine classification diagram
by Geyer and MacCready (2014). SW: salt wedge; TDSW: time-dependent salt wedge;
SS: strongly stratified; PM: partially mixed; F: fjord; B: bay; SIPS: strain-induced periodic
stratification; WM: well-mixed; MDA: maximum dissimilarity algorithm; TGP-LLM: treed
Gaussian process, limiting linear model; GA: genetic algorithm.

3.2. Numerical experimental design

The simulations are performed using the Delft3D Flexible Mesh
hydrodynamic modelling software (Deltares, 2022), where the model
configurations are implemented by means of a parametric design.
This software is a state-of-the-art process-based model that solves the
Reynolds-averaged Navier-Stokes equations assuming hydrostatic pres-
sure and using a k — ¢ turbulence closure. Due to the focus on the salt
dynamics, the simulations are carried out in three dimensions resulting
in substantial computational costs.

The parametric design of the estuary follows an idealised geomor-
phology in which thirteen input parameters are reflected (Fig. 2): three
forcing conditions and ten geomorphological features (see Table 1).
These thirteen parameters are considered governing for the system
investigated and are based on literature, as listed in Section 3.1 and
Table 1. When a sparse factorial set of samples would have been used,
almost 1.6 million (N = 3!3) simulations would have been required for
the sensitivity analysis. In this study, approximately 1250 simulations

Salt intrusion length
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Fig. 4. Salt intrusion length with respect to the estuarine classification diagram
by Geyer and MacCready (2014). Shading of estuarine classes as in Fig. 3.

were performed, where the sample size was in part based on economic
considerations but extensively validated afterwards (see Section 5).

Because the case study encompasses a real physical system, there
are some restrictions to parameter combinations, which result in de-
pendencies between input parameters. Despite these dependencies, the
restrictions are considered relaxed enough to provide enough space
for every input parameter to move freely within its range. In essence,
the restrictions function as a reduction of the input space required to
explore. It does, however, also complicate the analyses by potential
false cause-and-effect relations by showing a relation between an input
parameter and the output space, while the real driving force is another
input parameter. Therefore, one must remain cautious when analysing
the data and keep the defined restrictions in mind.

More details on the parametric design, the physical restrictions, and
the hydrodynamic model are presented in the Supplementary Information
(Secs. SI-1, SI-2, and SI-4, resp.).

The output of the simulations is defined in two dimensions: (1) the
salt intrusion length, £; and (2) the salt variability, V. These output
variables are extracted from the model output data, which contains a
longitudinal cross-section that follows the centre of the channel (dotted
line in Fig. 2).
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Table 1.
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Fig. 6. Data fit of the neural network to both output variables: (a) salt intrusion length;
dark blue reflects a low data density and the light yellow a high data density.

The salt intrusion length is defined as the distance from the mouth
at which the depth-averaged salinity equals 1 psu, averaged over the
tidal cycle. The salt variability is defined as the variation in salinity over
a tidal cycle, i.e. the difference between the maximum and minimum
salinity during a tidal cycle. This is taken as the average over the
estuarine domain, using “virtual stations” every 625 metres (in x-
direction). These definitions of the salt intrusion length (£) and salt
variability (V) can be expressed as follows:

L£=6((s)y=1 [psul) (3a)
J
1 .
V= 7;mjgx{(s)j}—rr¥n{(s)j} (3b)

where § is the distance from the mouth [m]; (s) the depth-averaged
salinity [psul; J the number of virtual stations in the model do-
main; and T the tidal period [s]. The overbar in Eq. (3a) represents
tidal-averaging.

4. Results
The implementation of the proposed method is presented in three

parts: (1) the distribution of samples for all three sampling methods
employed (i.e. MDA, TGP-LLM, and GA; Section 4.1); (2) the skill of the

salt variability [psu]: data

and (b) salt variability. The colour-grading reflects the density of data points, where the

trained neural network (Section 4.2); and (3) the progress of sampling
in which the sample size of the adaptive sampling step is presented
(Section 4.3), hinting towards potential stopping rules for this step. This
order largely follows the work-flow introduced in Section 2 followed up
by a reflection on the method.

Although the output space is defined by two variables (see Egs. (3a)
and (3b)), the main focus is on the salt intrusion length (£, Eq. (3a))
due to its higher relevance and the correlation between the two output
variables.

4.1. Sample distribution

All three sampling methods employed functioned as expected, even
when considering their sampling selections in a different parameter
space: Fig. 3 shows the candidate samples and the selected samples
according to the different methods. Note that the GA did not make
use of the candidate samples, as it generates samples as part of its
algorithm; the MDA and TGP-LLM do create subsets from the candidate
samples.

The MDA-based samples were clearly well-distributed throughout
the whole two-dimensional parameter space and decently covered the
outlines of the cloud of candidate samples. The undiscovered regions
were subsequently well-covered by the samples from the TGP-LLM,
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Fig. 7. Progress of predictive power of neural networks based on size of data set. (a)
Randomly selected samples with average output values; and (b) samples with extreme
output values, i.e. sampled with the genetic algorithm.
which had been able to select samples in the extremes of the parameter
space as well; searching algorithms commonly tend to overlook the
extremes. At last, the GA-based samples were specifically present in
the strongly stratified estuary class, which also showed the largest salt
intrusion length values (Fig. 4). As the GA was designed to search for
the maxima in the salt intrusion length, this behaviour is as intended.
Supplementary to Fig. 3, Fig. 5 presents the distribution of the
samples per input parameter—again, discriminating between the three
implemented sampling methods. The three methods clearly show differ-
ent distributions reflecting their underlying algorithms: (1) the MDA-
based samples were clearly located at the extremes of the input space;
(2) the TGP-LLM covered almost the whole input space with samples;
and (3) the GA-based samples are located in the extremes of certain
input parameters known to be of relevance for the salt intrusion length,
such as the channel depth and the river discharge. As the GA was
designed to search for extremes in the output space, this clustering of
samples in the extremes of certain input parameters suggests a strong
relation between these input parameters and the output. However, it
is important to keep possible false cause-and-effect relations in mind
when analysing the GA-based samples in Fig. 5.

4.2. Neural network performance

The neural network as introduced in Section 2.4 was trained to
both output variables. The final neural network—as part of the last
step (Section 2.5)—resulted in a great fit: salt intrusion length has
Ri =0.9912; and for salt variability R%) =0.9582 (Fig. 6).

The neural network was trained—both in steps 4 and 5 of the
method (Sections 2.4 and 2.5)—by splitting the available data in a
training data set (80%) and a testing, or validation, data set (20%). The
neural network only used the training data set to train during which
the testing data set was never shown. Subsequently, the testing data
set was used to determine the performance of the neural network; this
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was done to prevent over-fitting of the neural network to the data. More
information on the training of the neural network can be found in the
Supplementary Information (Sec. SI-5).

4.3. Sample size

As the data set grew, more data became available to train the
neural network, hence the neural network improved its capabilities
to represent the underlying relations. However, the extent of adaptive
sampling to reach a satisfactory data set remained an open end.

To analyse the progress of system understanding as the data set
grows, neural networks were trained at intervals of 100 samples. Note
that the initial batch that contained 100 samples was drawn using only
the MDA and was the starting point of the adaptive sampling. The inter-
mediate neural networks were used to predict two types of samples: (1)
randomly selected from the first 1202 samples, i.e. excluding the GA-
based samples; and (2) the GA-based samples, reflecting the (expected)
extremes in the output space.

As shown in Fig. 7a, recording the progress of the intermediate
neural networks by means of a random selection is not informative: the
neural network trained with 100 samples (i.e. MDA only) was already
capable of predicting the simulated outputs quite well (black dots in
Fig. 7a).

However, when looking at extreme values (Fig. 7b), a neural net-
work trained on a larger data set showed substantial better predictive
power, where the predictions seem to converge after a data set of
around 800 samples. Although the predictions were not fully in line
with the ground truth (black dots in Fig. 7b), a larger data set was
better capable of indicating that there are extreme output values, while
unable to predict the variance present in the extreme output space.
The addition of the GA-based samples to the data set resulted in a
substantial improvement, which is to be expected as these samples are
representative for extremes in the output space. This improvement in
predictive power of the neural network due to the GA-based samples is
presented by the green lines in Fig. 7b—right of the grey, dotted line.

5. Discussion

This study aimed at gaining as much information about a complex
system against the lowest computational costs. The resulting methodol-
ogy provides a good understanding of such a complex system, namely
salt intrusion in an estuary, while keeping the computational costs
manageable.

For the comparison of computational efficiency, the minimum num-
ber of samples as stated by Wang et al. (2020) is used because the
sample size is clearly defined. Sample sizes for, e.g., eFAST (Saltelli,
2002) or Sobol indices (Sobol, 1993) largely depend on the number of
samples used for the Monte Carlo simulations—which are part of these
methods. This introduces subjectivity to the chosen sample size, which
makes them less suitable for such a comparison.

According to Wang et al. (2020), the number of samples for the
sensitivity analysis with thirteen input parameters equals N > 313 =
1,594,323, representing a sparse factorial input space. In contrast,
the sample size used in this study equals only N = 1,252, which
is a tremendous reduction in simulations, hence computational costs;
more precisely, it is just shy of 0.08% of the samples in the factorial
approach. Even though the application of the TGP-LLM creates compu-
tational overhead, this does not outweigh the removal of computational
costs by reducing the sample size; the most efficient computational
costs reduction remains shrinking the sample size. Furthermore, the
implementation of the MDA and GA add a negligible computational
overhead to the total costs.

Although the MDA is substantially cheaper than the TGP-LLM and
is able to explore the input space well, it has a smaller coverage
of the output space (Figs. 8b and c). It does, however, cover more
of the output space compared to, e.g., random sampling (Fig. 8a).
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Furthermore, the MDA is a non-adaptive selection method—i.e. solely
based on the input space—, while the TGP-LLM draws samples based
on the output space. This principle has benefits on itself: The aim of
the MDA is to explore the input space, while the TGP-LLM aims to
“understand” the output space.

Despite almost completely diminishing the sample size compared to
the aforementioned methods, the large coverage of the samples allows
for a good system understanding (Fig. 3). This is further enhanced by
using a neural network to augment the output space. This augmentation
step is crucial as it greatly enhances the understanding of a complex
system without the need for additional expensive numerical model
simulations.

The relevance of simulating the extremes in the output space for
the performance of the neural network becomes apparent from Fig. 7.
However, it also raises the question whether to wait for so many (ex-
pensive) numerical model simulations to apply the genetic algorithm;
especially when analysing Fig. 9. Fig. 9 shows a similar figure as Fig. 7
with the major difference being the addition of the GA-based samples
to the data set before training the intermediate neural networks. The
result is a tremendous improvement of all intermediate neural networks
in their predictive power, also for extremes in the output space.

However, analysing solely Fig. 9 would result in the misleading
conclusion that there was no need for more than 150 simulations,
i.e. the MDA- and GA-based samples. In addition to the fact that a
data fit improves with more data, training the neural network with
a small data set shows substantial inconsistencies in its predictions,
which is clearly shown in Fig. 10. The shading around the training
error represents the spreading of the root-mean-squared-error during
training, which is indicative for the inconsistency of the predictions;
the predictions become more consistent with increasing size of the data
sets used (Fig. 10).

Furthermore, the GA-based samples that cause such a performance
boost in Fig. 9b are drawn using a neural network trained with 1202
samples. However, this information is not available during the adaptive
sampling and, therefore, cannot be used.

Nevertheless, the genetic algorithm could have been employed at an
earlier stage, resulting in a similar predictive power of the final neural
network. This conclusion could also be drawn from looking at Fig. 3,
where the last 100-200 samples seem to be concentrated in already
densely populated areas in the input space; and from Fig. 7b, where
the predictions of the intermediate neural networks seem to converge
after approximately 800 samples.

Furthermore, the neural networks trained with smaller data sets
are already able to detect the regions in the input space with extreme
values in the output space. This is reflected by Fig. 11 in which the im-
plementation of the GA with the intermediate trained neural networks
all favour samples located at low values of the mixing parameter (M)
and freshwater Froude number (Fr s which result in the largest salt
intrusion length (Fig. 4).
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Fig. 9. Progress of predictive power of neural networks based on size of data set,
where the samples derived with the genetic algorithm are included at every step. (a)
Randomly selected samples with average output values; and (b) samples with extreme
output values, i.e. sampled with the genetic algorithm.

However, the GA-pools generated with smaller data sets (1) show a
wider spreading, which can be traced back to the inconsistent predic-
tions presented in Fig. 10; and (2) include samples from regions with
lower values of the salt intrusion length, as shown by Fig. 4. In addition,
the estimates of salt intrusion length determined by the intermediately
trained neural networks increases with increasing size of the data set
used (Fig. 11).

6. Conclusion

The proposed simulation strategy mainly focuses on the first and
last steps of HD—namely the sampling and the augmentation—while
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implementing an expensive, process-based numerical model for the sec-
ond step—the simulations. The strategy has achieved a major reduction
in computational costs by making informed choices in the selection of
samples to simulate. Subsequently, the augmentation is facilitated by
means of a neural network, which shows to reliably predict the highly
non-linear output space (Fig. 6).

In the case study addressed in this study, the extremes in the output
space have a substantial effect on the level of system understanding
achieved (Figs. 7 and 9). Therefore, the simulation strategy is expected
to be improved by employing the genetic algorithm at an earlier stage,
or on multiple occasions at certain intervals. However, a sufficiently
large data set is required to reliably train a neural network—or fit
another data-driven model—to be used in the objective function of the
genetic algorithm, as illustrated by Fig. 10.

Reflecting on the aim of this study (Section 1), this paper has
shown the potential of techniques from machine learning for hydraulic
engineering practices, with a special focus on enabling the Building with
Nature-approach. Sensitivity analyses are a useful method to gain in-
sights into the system’s behaviour, but generally require large amounts
of samples—i.e. simulations. Due to the complexity of models in the
field of hydraulic engineering, this often results in computationally in-
feasible studies: a challenge complicating the evaluation of adaptation
and mitigation strategies. This study has shown that hybrid downscal-
ing with techniques from machine learning enables the execution of
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enlightening sensitivity analyses to come within computational reach.
The approach facilitates exploratory studies essential for the devel-
opment of future-proof socio-ecological systems, especially in light of
unknown system states resulting from climate change.

Software availability

The trained and implemented neural network is open-access, named
ANNESI (Artificial Neural Network for Estuarine Salt Intrusion; Hen-
drickx, 2022).
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