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ABSTRACT

The high-tech industry is pushing the motion system technology towards faster, more precise and more ro-
bust system. One of the keys to this growing demand is the advancement of motion control. To this day,
Proportional-Integral-Derivative (PID) has been the workhorse for the industry system control. This is be-
cause PID is simple to design and implement and adapt to industrial loopshaping method. Nevertheless, PID
suffers fundamental limitations of linear control. To deal with this, a nonlinear control should be utilized.
Reset control is a nonlinear control that is still easy but can overcome the limitation of linear control and
more importantly, loop shaping method can be used to reset control by using describing function analysis
which is pseudo-approximation of nonlinear system that based on the first harmonic. However, reset control
also introduces higher order harmonics into the system that can negatively affect system performance. This
is because these harmonics may cause some unwanted dynamics present in system response. Describing
function which is the common tool to analyze and design reset control is not accurate enough since higher
order harmonics are not considered. Recently, a tool to visualize higher order harmonics in frequency do-
main is developed. This open the possibilities to study the behavior of higher order harmonics and its effect
to system performance.

This thesis focuses on a performance analysis and tuning of a novel reset element called ’Constant in
Gain,Lead in Phase’(CgLp). It is shown by the literature that reset control is often utilized to provide phase
lag reduction but CgLp has shown the use of reset control to provide phase compensation and this improves
system performance. Since its introduction, no guidelines available in the literature to design and tune CgLp.
Looking at its potential to be industry standard for motion control, finding guidelines to tune CgLp is an
important step to achieve this goal. To do the optimal tuning of reset element, higher order harmonics should
be considered so that the effect of unwanted response can be minimized while maintaining the advantage of
reset control. Therefore, the work in this thesis is performed by doing performance analysis of CgLp through
describing function and HOSIDF.

It is shown that while there is an improvement in tracking and steady state precision performance by us-
ing CgLp compared to normal PID, there is deterioration of the performance although describing function
predicted an improvement. This is because there is a trade-off between improvement by CgLp and the rise
of higher order harmonics gain. In this work, the higher order harmonics was considered at the bandwidth
frequency and normalized over its first harmonic. It was observed that the optimal performance is achieved
when the highest gain value of normalized 3r d harmonic is around half of maximum possible value of nor-
malized 3r d harmonic.

v





CONTENTS

1 Motivation 1

2 Literature Review 3

3 Objective 11
3.1 Problem Definition . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 11
3.2 Research Goal and Question . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 11
3.3 Thesis Outline . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 11

4 Tuning of ’Constant-Gain Lead-Phase’ with Describing Function and HOSIDF 13

5 Conclusion 23
5.1 General conclusion . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 23
5.2 Recommendation . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 23

5.2.1 Use different precision motion setup . . . . . . . . . . . . . . . . . . . . . . . . . . . 23
5.2.2 Use different class of reset control for performance analysis . . . . . . . . . . . . . . . . 23
5.2.3 Closed loop system frequency analysis. . . . . . . . . . . . . . . . . . . . . . . . . . . 23

A Optimal tuning formulation 25

B Experiment Overview 27
B.1 Plant . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 27
B.2 Experiment setup . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 28
B.3 System identification . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 28

C Simulation Results 31

D MATLAB and SIMULINK CODE 37
D.1 identification.m. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 37
D.2 main.m . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 38
D.3 trajectory.m . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 42
D.4 descFunc.m . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 43
D.5 bodeData.m. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 43
D.6 freqPlot.m. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 43
D.7 Simulink for real-time simulation . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 44

Bibliography 45

vii





1
MOTIVATION

Motion control plays an important role in the high tech industry. Be it semiconductor manufacturing, optical
scanning or precision machining, high speed positioning system with nanometer precision is a necessity. To
achieve this, high performance motion control is required. Good motion control ensures that the overall sys-
tem has a high bandwidth, tracking and precision while maintaining stability and robustness. The improve-
ment of these performances allows the industry to deliver a higher quality product with reduced production
time. For instance, better tracking and precision performance of a wafer stage in lithography machine as
shown in Fig.1.1 can increase the number of integrated circuit(IC)s made on a single wafer. This is because
with a better tracking, the error during motion is reduced and better precision yields to less error at steady-
state. Furthermore, higher bandwidth enables the wafer stage to move faster so the production time can be
reduced.

Figure 1.1: Wafer stage in lithography machine [1]

Proportional-Integrator-Derivative(PID) is the industrial standard for system control [2] and has been
used for several years even in high-tech precision industry like semiconductor manufacturing. It has been
widely used due to its simplicity and ability to provide high bandwidth and robust control. During the design
of PID controller, the engineer uses the so-called loop shaping technique in which the open loop frequency
response of the system is shaped in such a way that the gain at frequencies before bandwidth is higher to get
better tracking and lower at the frequencies after bandwidth to get better precision. While at the same time
the phase at the bandwidth should be sufficient to ensure system robustness.

Nevertheless, as suggested by Moore’s Law, the size of transistors on ICs is exponentially getting smaller
so the industry are always challenged to make the IC smaller and faster as well to maintain productivity.
PID suffers fundamental limitations of linear control in which there is a trade off between precision and
stability[3]. Because of this, one cannot improve the shape of the gain of open loop frequency response
without lowering the value of phase and hence sacrificing stability and robustness. A solution for this is to
utilize nonlinear control. However, nonlinear controllers are often too complex and are not accepted by the
industry. In reality, the simplicity of controller design and implementation is preferred in industry. Moreover,
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2 1. MOTIVATION

loop shaping which enables complete system performance analysis in the frequency domain is preferred as
well.

Reset control is one of the nonlinear controllers that is easy to implement. In 1958, Clegg [4] introduced
the first reset control by resetting the integrator state when the input crosses zero. This results in less phase
lag than a normal integrator while the gain behavior is the same. This is desired since this overcomes the
Bode’s gain phase relationship which is one of the fundamental limitations of linear control. In addition,
loop shaping technique can be employed with reset control by using a pseudo-linearization technique called
describing function. Hence, reset control has been applied in several applications [5–15]. Considering the
needs of advancement of motion control in the high-tech industry, reset control has the potential to be the
new standard. The work in [16] presented the application of reset control for precision applications and
shows that reset control can provide significantly improved performance compared to PID. However, the
tuning of these newly developed reset controllers still remains unexplored.

Being nonlinear due to resetting action, reset control also introduces higher order harmonics which can
cause some unwanted dynamics such as limit cycle. This is not desired in precision systems since this can
affect tracking and precision. From this context, the tuning of reset controllers to ensure that we obtain the
advantages of the resetting action and avoid the disadvantages of higher order harmonics becomes impor-
tant. Recently, a new analysis tool known as ’high order sinusoidal input describing function’(HOSIDF) was
developed in order to see the frequency behavior of higher order harmonics. It is the extension of describing
function which only considers the first harmonic of nonlinear system. HOSIDF allows for a more accurate
representation of reset system dynamic [17]. With the information of higher order harmonics, HOSIDF may
be useful in the design and tuning of reset systems taking it one step closer towards becoming the next indus-
try standard for controls.



2
LITERATURE REVIEW

This chapter gives the literature review of this thesis which mainly discusses the problem of unwanted dy-
namics in the reset control application. This chapter is presented in a literature review paper format. In this
paper, reset control is first introduced. Secondly, the problem that higher order harmonics create in motion
control is addressed. Finally, state of the art of reset strategies developed to handle this problem are reviewed
and analysed.
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A Review on the Application of Reset Control
for Precision Systems

Yusuf Salman
Precision and Microsystem Engineering, TU Delft

Abstract—Proportional-Integral-Derivative (PID) controller is
the industrial work horse even to this day. However, it has fun-
damental linear control limitations that inhibit improvement in
system performance. Reset control can overcome these limitations
while maintaining compatibility with the industry standard loop
shaping method. However, it introduces higher order harmonics
into the system which might lead to unwanted dynamics such as
limit cycles. This phenomenon is a problem in precision systems
because it affects tracking and steady-state performance. This
paper addresses this issue affecting in reset control systems
and discusses the state of the art reset strategies and how they
compare from this perspective.

Index Terms—Reset control, Limit cycles, Precision

I. INTRODUCTION

P ID is being dominantly used in the precision industry to
this day. It can be easily tuned and implemented and also

adapts to industry standard loop shaping method and hence
allows for broad application. However, there is an increasing
demand for higher precision, bandwidth, and robustness from
the industry. PID and other linear controllers have fundamental
limitations such as the water-bed effect and the Bode’s gain-
phase relationship [1]. With water-bed effect, improvement of
disturbance rejection or noise attenuation in one frequency
range results in worsening in another range. As for Bode’s
gain-phase relationship, the phase is linearly dependent on
the slope of gain which inhibits improvement in tracking and
precision performance without compromising its stability and
robustness.

Nonlinear controllers can overcome these fundamental lim-
itations. Nonetheless, most nonlinear controllers are often
complicated. Reset controller is a nonlinear controller where
the states are reset when some conditions are satisfied. Apart
from its simplicity, reset can be analyzed in the frequency do-
main using a pseudo-linearization technique called describing
function. Hence the loop shaping method can be used with
reset control.

The first reset controller was a reset integrator introduced
by Clegg in 1958 [2]. Fig. 1 shows reset implementation on
an integrator with sinusoidal input. The state of the integrator
is reset to zero whenever the input of the integrator crosses
zero. The advantage of reset can be shown using describing
function in Fig. 2. For reset integrator, the phase lag is 51.9o

less than the linear integrator, but the magnitude is similar.
This advantage of reset controller has been now popularly used
in many applications, from process control to motion control,
as can be found in [3]–[14].

Although reset controllers have reduced phase lag, the
resetting action introduces higher order harmonics into the
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Fig. 2: Frequency response of integrator and CI

system that lead to unwanted dynamics such as persisting
oscillations called limit cycles. This downside of the reset
controller affects steady-state precision performance and also
tracking performance which is crucial in precision systems.
Some works in [6], [15], and [16] have been proposed to cope
with the problem.

This paper provides an overview of reset control along
with the problem that comes with its application and the
reset strategies that are currently available to overcome this
problem. The preliminaries of reset control are provided in
Section II. Section III explains the different types of reset
elements present in literature. In Section IV, the problem of
unwanted limit cycles is discussed along with recent reset
strategies developed to deal with it. Section V presents some
alternative approaches of reset strategy, followed by conclu-
sions in the last section.
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II. PRELIMINARIES

A. Definition
Reset control can be generally defined by Impulsive Differ-

ential Equation (IDE) as follows.

Σr :=





ẋr = Arxr(t) + Bre(t) if (xr(t), e(t), tk) /∈ M
xr(t

+) = Aρxr(t) if (xr(t), e(t), tk) ∈ M
ur = Crxr(t) + Dre(t)

(1)

Where Ar, Br, Cr, and Dr are the state matrices of the
base linear system, xr is the state vector, e(t) and ur(t)
are the input and the output, respectively. The first and the
third equation of (1) represent the base linear system of the
controller while the second is the reset mechanism. Reset is
triggered when the given condition is satisfied. The after reset
value of the states is determined by the resetting matrix Aρ
which is a diagonal matrix. In general, e(t) = 0 is the most
popularly used condition to determine reset in (1).

B. Describing function analysis

Describing function is a pseudo-linearization method used
to approximate the frequency response of the nonlinear reset
controller. Only the first harmonic of the output is considered
and used to obtain the magnitude and phase. Since zero-
crossing reset i.e., resetting when input e(t) crosses zero is
the most popular and applied form of reset control, we focus
on this type. The describing function of reset element in (1)
if the reset condition is e(t) = 0 can be obtained as [17] .

G(jω) = Cr(jωI −Ar)−1(I + jΘD(ω))Br +Dr (2)

where,

ΘD(ω) , −2ω2

π
∆(ω)[ΓD(ω)− Λ−1(ω)]

with,




Λ(ω) , ω2I +A2
r

∆(ω) , I + e
π
ωAr

∆D(ω) , I +Aρe
π
ωAr

ΓD(ω) = ∆−1
D D∆−1(ω)Λ−1(ω)

For other reset systems that do not use reset condition of
e = 0, the method in [18] can be used to obtain the describing
function.

C. Stability of Reset

The stability of the closed loop reset control system which
has reset condition of e(t) = 0 can be checked by using
stability condition given in [1]. The following condition should
be checked to ensure asymptotic stability.

Theorem 1: Let V : Rn → R be a continuously differen-
tiable, radially unbounded function, and positive-definite such
that

V̇ (x) :=

(
∂V

∂x

)T
Aclx < 0, for x 6= 0 (3)

δV (x) := V (ARx)− V (x) ≤ 0, for x ∈M (4)

Then the reset control system is asymptotically stable.

Acl and AR are closed loop A-matrix and reset matrix re-
spectively. x =

[
xTR xTp

]T
is the state vector. Furthermore,

(3) and (4) must satisfy V (x) = xTPx with P > 0 to ensure
quadratic stability of the system. Following proposition is used
to ensure quadratic stability:

Theorem 2: There exists a constant β ∈ Rnr×1 and Pρ ∈
Rnr×nr , Pρ > 0 such that the restricted Lyapunov equation.

P > 0, ATclP + PAcl < 0 (5)
BT0 P = C0 (6)

has a solution for P , where C0 and B0 are defined by

C0 =
[
βCp 0nr×nnr Pρ

]
, B0 =




0nr×nr
0nnr×nr
Inr×nr


 (7)

where nr and nnr are the number of reset and non-resetting
state of the controller respectively. Cp is 1×np with np is the
number of plant states.

III. RESET ELEMENTS

A. Clegg Integrator

Clegg or reset integrator (CI) [2] is the first reset element
introduced. It utilizes only an integrator as its base linear
system. For CI, the parameters of (1) becomes

Ar = 0, Br = 1, Cr = 1, Dr = 0, Aρ = 0

In Fig. 2, describing function of CI shows CI has a phase
of -38.1o compared to a linear integrator which has phase of -
90o. The phase lag of CI can further be controlled by choosing
Aρ to be a non-zero value γ ∈ [−1, 1]. This is also known
as generalized Clegg integrator (GCI). Fig. 3 shows phase lag
obtained with GCI for different values of γ.
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Fig. 3: Generalized CI

B. First Order Reset Element

Horowitz extended CI to a first-order reset element (FORE)
that resets the state of a first order low pass filter [19]. The
base linear system of FORE is as follows.

G(s) =
1

s
ωr

+ 1
(8)

Hence, the parameters of Eq. 1 becomes.

Ar = −ωr, Br = ωr, Cr = 1, Dr = 0, Aρ = 0
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Fig. 4: GFORE

FORE has more design flexibility than CI because of the
additional control parameter ωr. While CI reduces phase lag
over entire frequency, FORE behaves similar to its linear
counterpart before ωr and the advantage can mainly be seen
after ωr. Similar to GCI, FORE can also be generalized to
Generalized FORE (GFORE) [17]. Fig. 4 shows the describing
function of GFORE with different values of γ.

C. Second Order Reset Control

Second-order reset element (SORE) resets a second-order
element such as second-order low-pass filter or notch fil-
ter [10]. Consider a base linear system as given below.

G(s) =
ω2
r

s2 + 2βrωrs+ ω2
r

(9)

The parameters of 1 are obtained as.

Ar =

[
0 1
−ω2

r −2βrωr

]
Br =

[
0
ω2
r

]

Cr =
[
1 0

]
Aρ =

[
0nr×nr

]

SORE gives more degree of freedom to design a reset
element compared to FORE with the addition of damping ratio
βr. Different from the damping ratio of linear second-order
element (when Aρ = 1), change in βr of SORE affects change
in phase behavior with very little effect on gain behavior. To
show this is the case, the frequency response of SORE for
different values of βr is shown in Fig. 5. It can be seen that
adjusting βr allows for shaping of the phase behavior with
minimal effect on gain.

SORE can be generalized with the relaxation of default reset
matrix Aρ. The Generalized SORE (GSORE) takes Aρ to the
following form.

Aρ = γ

[
1 0
0 1

]

D. Generalization of reset controller

The reset element of first and second order has been pre-
sented in the previous subsection. It is seen that generalization
of these reset elements are mainly made by relaxing the after
reset value matrix Aρ. Furthermore, a reset controller of any
nth order element of Eq.1 can be generalized such that Aρ is
in the following form [20].
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Fig. 5: SORE with different βr

Aρ =




γ1 0 . . . 0 0
0 γ2 . . . 0 0
0 0 . . . γnr 0
0 0 . . . 0 Innr×nnr




In which nr and nnr are, respectively, number of resetting and
non-resetting states of overall controller with nr + nnr = n.
By this form of generalization, one can vary the behavior of
reset control by adjusting the value of γi (i = 1 . . . nr).

IV. LIMIT CYCLES AND LOSS OF PRECISION WITH RESET

A. Limit cycles in reset control system

Reset control provides better performance than linear con-
trol by overcoming the limitation of linear controller [1], but
on the other hand unwanted dynamics may occur due to the
nonlinearity of reset [21]. To show that is the case, consider
a closed loop system in Fig. 6
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Fig. 6: Closed loop system
where the plant is given as follows

P (s) =
1

s+ 1
(10)

and the controller is a PI controller, C(s) is given below.

C(s) :=

{
ẋ(t) = e(t)
u(t) = 0.5x(t) + 5e(t)

(11)

A P-Clegg integrator (PCI) can be designed by introducing
reset into this PI controller such that the after reset equation
is provided as x(t) = 0 every time e(t) crosses zero. Fig. 7
shows the open loop frequency response of the system in Fig. 6
controlled by PI and PCI.

It can be seen that higher phase is obtained by PCI controller
compared to PI controller at bandwidth frequency ωc. As a
result, the system with PCI results in less overshoot in step
response since its phase margin is higher, as shown in Fig. 8.
However, there is a persistent oscillation near the set-point
for the PCI system so that the steady-state condition is not
achieved. This persisting oscillation is what referred as limit
cycles.
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Some reset control design strategies have been developed
to handle this since this can affect overall performance of the
system. In this section, a brief overview of these state of the
art reset control strategies is given and discussed.

B. Reset strategies

1) PI+CI: PI+CI controller combines a proportional gain,
a linear integrator and a CI in parallel. The structure of
the controller is shown by Fig. 9. The configuration remains
simple for tuning since pr is the only additional parameter.
pr ∈ [0, 1] determines the weight of linear integrator over the
CI. This reset strategy reduces the limit cycle while at the
same time reducing phase lag compared to a linear controller.
This is done because the linear integrator compensates for the
steady state error while CI provides phase lag reduction.

To illustrate how PI+CI performs, consider a system in
Fig. 6 with the plant of Eq. 10 controlled by PI+CI controller
with kp = 5 and τi = 0.1. The step response of the system for
different values of pr is shown in Fig. 10. It can be seen that
limit cycle is reduced as the value of pr decreases. For lesser
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values of pr, more overshoot is seen since phase lag reduction
is less.

One can see that by adjusting pr, the controller becomes
more like PI or PCI, and as a result, pr is the parameter to
determine the nonlinearity of reset control. In other words,
the PI+CI controller only provides a trade-off between PI and
PCI. This translates to a trade-off between robustness and limit
cycles such that this strategy does not use the full advantage
of reset control. It must be noted that PI+CI approach provides
a similar trade-off that value of γ in Aρ provides.

2) Reset with band: Reset with band is a type of reset
control in which reset action is applied when input enters
a reset band. Reset control with band is expressed by the
following equation.





ẋr = Arxr(t) +Bre(t) if (e(t), ė(t)) /∈ Bδ
xr(t

+) = Aρxr(t) if (e(t), ė(t)) ∈ Bδ
ur = Crxr(t) +Dre(t)

(12)

where,

Bδ = (x, y) ∈ (R)2|(x = −δ ∧ y > 0) ∨ (x = δ ∧ y < 0)

and δ is a non-negative real number that determines the region
of reset band.

The use of band compensates more phase than that of zero
crossing reset condition, hence reset band controller has more
robustness, and improves performance, especially for systems
with delay [16]. To see how reset band reduces limit cycle,
let a system as shown in Fig. 6 have plant of P (s) = 1

s+1 and
controller of Eq. 12 with [Ar, Br, Cr, Dr] = [0, 1, 0.5, 5] and
δ = 0.2. In Fig. 11, the limit cycle does not appear in the step
response of the system.
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This reduction of limit cycles, however, depends on the
value of band δ. For instance, with a different value of δ,
the same system suffers limit cycles around its band line, see
Fig. 12. Thus, reset band controller is not a robust solution
for a practical system with model uncertainties. Besides,
there is no literature which provides the specific procedure
to determine the reset band.

3) Fixed reset instant: In fixed reset instant strategy, reset
action is executed at pre-specified fixed time instant, tk, (k =
1, ..), see Fig. 13.

Guo et. al. [6] developed a reset control that incorporates
fixed reset instant with the addition of non-zero after reset
value. In [6], the limit cycles are almost reduced since the
after reset state is set based on tracking error minimization.
While the time instant parameter is presented as trivial in [6],
the overall system performance is significantly determined by
these reset instants. Nonetheless, in [6], tk value is defined
arbitrarily and the after reset values xr(t

+
k ) is determined

based on system model and the determined tk. Consequently,
this reset strategy is not robust to model uncertainties and
besides there is no procedure to determine ∆tk.

4) Feedforward controller: Based on the final value theo-
rem analysis in [22], a closed loop system in Fig. 14 with a
plant of P (s) and feedback controller of R(s) and feedforward
controller of FF (s) can achieve a steady-state condition if the
value of FF (s) is chosen to be inverse of P (s). Note that
in the case of limit cycles, the steady-state condition is not
achieved. Therefore, a feedforward controller can be added to
avoid limit cycles. Zaccarian et. al. [23] has shown the use
of feedforward, as a set-point regulator, enables the system to
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avoid limit cycles.
However, in the event of external disturbances or model

uncertainty, the feedforward controller is not able to maintain
the steady-state condition. Reset strategies such as adaptive
feedforward [24], [25] and iterative learning control (ILC) [26]
were proposed as modification of basic feedforward controller
in order to adapt system uncertainty. While these approaches
are promising, adaptive techniques require time to adapt and
fail in case of sporadic disturbances and iterative learning
strategies require repetitive trajectories and disturbances.

V. ALTERNATIVE APPROACHES WITH RESET

Most of the work in reset control has focussed on the phase
lag reduction advantage seen with reset. More importantly,
most of the work has also only focussed on the integrator.
However recent works in [8], [27]–[29], show the use of reset
in other parts of the controller with the idea of using reset for
phase compensation rather than phase lag reduction. Li et. al.
[8] used reset control in a narrow-band filter to compensate
for the phase lag seen with the use of an anti-notch filter. The
result is a robust disturbance compensator in a narrow band.

Works in [28] and [29] employ reset control to design
a new controller within fractional and integer order of PID
framework. As a result, more improvement in performance
than PID is achieved. A PID transfer function is given as
follows.

C(s) = kp (1 +
ωi
s

)
︸ ︷︷ ︸

Integrator

(1 + s
ωd

)

(1 + s
ωt

)
︸ ︷︷ ︸

Tamed derivative

1

1 + s
ωf︸ ︷︷ ︸

Low pass

(13)

Where ωi, ωd, ωt, and ωf are the cut-off frequency of
integrator, lead, lag and low pass element of PID, respectively.

Instead of purely focusing on resetting the integrator as is
done in prior work, research in [29] looked at introduction of
reset in different parts of PID for improved performance.

Similarly in [28], Chen et. al. introduced reset mechanism
into the framework of fractional order controllers obtained
through CRONE methodology. Reset applied to different parts
of the controller was explored. From the results of [28] and
[29], it is seen that the higher order harmonics deteriorate
overall performance mainly when reset is used in the integrator
part.

While the use of good feedforward helped in [28] and
[29], these works provided robust solutions for using reset
with significantly reduced effect of the higher order harmonics
compared to the other techniques presented in Section IV. The
work in [29] was extended in [20] in the form of a novel
reset element termed ’Constant in gain Lead in phase (CgLp)’
which uses a linear lead with a GFORE element. This element
was used with PID to provide broadband phase compensation
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and was shown to improve performance significantly. However
it was also seen that the improvement seen was dependent
on the tuning of this reset element and PID. Unfortunately,
no literature exists currently for the tuning of these reset
elements.

VI. CONCLUSION

Reset control is gaining popularity because it outperforms
PID. However, the nonlinearity of reset control introduces
higher order harmonics to the system such that unwanted
dynamics like limit cycles may be present in the system
response. The unwanted dynamics problem in reset control
is crucial in precision systems because it affects tracking and
precision.

PI+CI, reset band, fixed reset instants and feedforward are
the strategies that can be used to avoid or reduce limit cycles.
Nevertheless, these strategies have significant drawbacks and
are not robust. PI+CI is actually a trade-off between linear
and nonlinear control, so it does not use complete potential
of reset control. Whereas reset band, fixed reset instant, and
feedforward are less robust against model uncertainties, since
the value of band δ, reset time instant tk and feedforward
depends on system characteristics.

While most literature has focused on implementing reset
in integrator. Some works have implemented reset in other
parts of linear controller. From the result of these works, it
is observed that this results in less undesired response. This
technique of using reset in a different part of the controller for
phase compensation rather than phase lag reduction is more
robust and provides a good path for future research.

One main problem with study of reset systems is that
describing function is used for frequency domain analysis.
Since this is an approximation, unwanted dynamics like limit
cycles cannot be seen in the frequency domain. Hence, more
advanced tools for more accurate representation needs to be
developed and used to ensure that reset control can replace
linear PID as the next industrial machine.
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3
OBJECTIVE

3.1. PROBLEM DEFINITION
In order to make reset control more reliable for the high-tech precision industry, there is a need to find robust
solutions so that the full potential of reset control can be utilized while reducing higher order harmonics and
their effects and also ensuring simplicity of controller in both design and implementation. A review of existing
strategies towards this goal shows that most techniques are not robust. However, the phase compensation
techniques show some promising results towards this end.

The controller designed in [16] using the novel reset element termed ’Constant in Gain, Lead in Phase’ (CgLp)
shows the potential of reset control. The controller presented in [16] surpasses PID performance but is still
compatible with the PID loop shaping technique with the use of only a basic reset element. However tuning
of the reset element is critical to obtain good performance.

Optimal tuning of reset elements including CgLp is only possible in frequency domain if the higher order
harmonics are also considered during tuning. Recently, a tool termed Higher order sinusoidal input describ-
ing function was developed to visualize these harmonics. A study on higher order harmonics using HOSIDF
may help understand the harmonics effect on closed loop system behavior. Thus this research will focus
on the study of CgLp using describing function and HOSIDF and the development of tuning rules for reset
control based on these tools. The way this tuning problem is formulated is given in Appendix A.

3.2. RESEARCH GOAL AND QUESTION
This thesis’ reseach goal is to obtain tuning rules for reset controllers through analysis with describing function
and HOSIDF. In order to reach this goal, following research questions have to be answered:

1. What is the effect of the different controller parameter values on the higher order harmonics?

2. How do these higher order harmonics affect tracking and precision performance?

3. How should a reset controller with CgLp be designed and tuned?

3.3. THESIS OUTLINE
Chapter 1 has introduced the motivation of this research. In the second chapter, the literature review of this
thesis is given. This section provides the formulation of the problem along with the objective of this thesis.
The main contribution of this thesis, a study on reset control through describing function and HOSIDF is
provided in scientific paper format in Chapter 4. Finally, Chapter 5 presents the conclusion and recommen-
dation for the future research.

More details on this research are in the appendices. Appendix A presents the optimization problem of
tuning CgLp. Appendix B provides brief explanation on the experiment setup. Appendix C provides the com-
plete frequency response plot of the open loop system in Chapter 4. Appendix D gives the code used for
implementation that consists of MATLAB and Simulink Code.
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4
TUNING OF ’CONSTANT-GAIN LEAD-PHASE’

WITH DESCRIBING FUNCTION AND

HOSIDF

This chapter is presented in scientific paper format. It describes the tuning of the novel reset element Constant-
Gain Lead-Phase (CgLp) in PID framework using describing function and HOSIDF. The first part of the work
concentrates on the analysis of CgLp performance indices obtained on a practical setup using the describing
function and HOSIDF rules. Then, this analysis is used to obtain some basic guidelines for the tuning of CgLp.
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Tuning of ’Constant in gain Lead in Phase’ element
for Precision Motion Systems

Yusuf Salman, Niranjan Saikumar, and Hassan HosseinNia
Precision and Microsystem Engineering,

Faculty of Mechanical, Maritime and Materials Engineering, TU Delft, The Netherlands

Abstract—This paper presents tuning guidelines for ’Constant
in gain and Lead in Phase’ (CgLp) controller based on the study
of its first and higher order harmonics. CgLp is a novel reset
element developed to overcome the fundamental limitations of
Proportional-Integral-Derivative (PID) control. Despite its merit,
the nonlinearity of reset action in CgLp results in the presence
of higher order harmonics. Until recently, describing function
analysis has been commonly used to analyze reset systems while
the higher order harmonics have been neglected. In this paper,
these harmonics are studied through higher order sinusoidal
input describing function (HOSIDF) and their effect on system
performance (tracking and precision) is studied experimentally.
This is used to obtain some basic tuning guidelines for designing
controllers using CgLp.

Index Terms—Reset control, precision control, motion control,
describing function, HOSIDF

I. INTRODUCTION

P ID has been the industry standard for several decades
[1]. It has a wide application from the process industry

to high-tech industry due to its simplicity in design and
implementation. Loop shaping technique can be used to design
and analyze complete system performance in the frequency
domain. Combined with good feedforward control, PID can
provide high bandwidths, precision, good tracking and ro-
bustness. Their performance and reliability has ensured that
it is the go-to controller used in precision applications such as
wafer scanners, atomic force microscopes etc.

However, PID cannot meet the increasing demands of the
high-tech industry where faster, more precise and more robust
control is expected. As a linear controller, PID has fundamen-
tal limitations of Bode’s gain phase relationship and waterbed
effect [2]. It is required for the frequency response of open
loop transfer function to have high gain at frequencies before
bandwidth in order to obtain good tracking performance, lower
gain at high frequencies to have better noise attenuation, and
sufficient phase at bandwidth (phase margin) to ensure system
robustness and stability. Integrator increases the gain at low
frequency, low pass filter makes the gain at high frequency
lower, and differentiator supplies phase for phase margin. The
more phase added by differentiator results in reducing the gain
at low frequencies and increasing it at high frequencies. This
is due to Bode’s gain phase relationship. These limitations can
only be overcome by making use of nonlinear control.

Reset control is a nonlinear-type controller which has gained
popularity in recent years. In 1958, Clegg [3] introduced the
first reset control and showed that resetting the state of an
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Fig. 1: Integrator and reset integrator in (a) time domain, and
its (b) frequency response

integrator when the input crosses zero results in 52.1o less
phase lag compared to a linear integrator, see Fig.1. In that
case, with the addition of only reset mechanism to the linear
system, the limitation of the linear controller is overcome. Us-
ing describing function analysis as an approximation technique
to obtain frequency domain behaviour, loop shaping can be
used to design reset control ensuring the compatibility with
industry. Further, since reset control is achieved by resetting
one of the states of a base linear system, it also makes it
compatible with the PID framework also popular with the
industry. Since Clegg, other reset elements namely First Order
Reset Element (FORE) [4], Generalized FORE [5], Second
Order Reset Element (SORE) [6], and Generalized SORE [7]
have been introduced providing more freedom in the design
and utilization of reset control. Some works have shown the
use of reset control in precision motion systems, as can be
found in [5], [8]–[11]. While reset control has mainly been
used for its phase lag reduction, some works exist where reset
has been used for phase compensation as well [11]–[13]. For
instance, in [11], a reset element is used to compensate the
phase loss caused by the use of a notch filter in a narrowband.
As a result, disturbance rejection near bandwidth is made
possible without decreasing the phase margin.

Saikumar et. al. [7] introduced a new reset element termed
’Constant in gain and Lead in phase’ (CgLp). This work
allows for phase compensation in a broadband frequency
range. They show the integration of CgLp with PID improves
the performance of a precision motion system in bandwidth,
tracking and steady state precision without lowering the phase
margin. Another example of the utilization of CgLp can be
found in [14]. However, no information is provided on the
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Fig. 2: Reset control closed loop system

required tuning of this CgLp element. In fact, it was seen that
in some cases, the improvement expected through describing
function analysis was not seen and in the worst case scenario,
deterioration in performance was also noticed. As a nonlin-
ear element, CgLp introduces higher order harmonics into
the system which can negatively affect system performance.
Hence, describing function as a tool to do frequency analysis
for the reset control is insufficient since it only considers first
harmonic. Recently, Heinen [15] extended describing function
into high order sinusoidal describing function (HOSIDF). With
this analysis tool, more accurate frequency analysis of reset
control can be performed since higher order harmonics can be
visualised and considered during analysis.

This paper aims to perform a performance analysis for CgLp
element by taking the first and higher order harmonics into
account using describing function and HOSIDF. From the
knowledge obtained, a design guideline to tune a CgLp in
open loop based on HOSIDF can be obtained. Preliminaries
of reset control are first provided in Section II. In Section III,
Cglp element is explained along with the procedure to design
a controller with CgLp and PID. Section IV presents the
performance analysis of the so-called CgLp-PID which is
implemented on a precision motion system to obtain closed
loop tracking and precision performance. In the same section,
a design guideline for CgLp is established. Finally, the con-
clusion is provided in Section V.

II. PRELIMINARIES

A. Definition of reset control

A general reset control can be defined by the following
differential equations:

Σr :=




ẋr = Arxr(t) +Bre(t) if e 6= 0
xr(t

+) = Aρxr(t) if e = 0
ur = Crxr(t) +Dre(t)

(1)

where Ar, Br, Cr, and Dr are the base linear system state
matrices, xr is the state vector, e(t) and ur(t) are error input
and control output, respectively. Aρ is the reset matrix that
determines the after-reset values of the states. The first and the
third equation of (1) represent the base linear system of the
controller while the second is the reset mechanism. Aρ = I
means no reset action is done and the controller acts as a
regular linear controller, and Aρ equals to zero matrix results
in traditional reset where all the states are reset to zero. If
Aρ = γI , where γ ∈ [0, 1], then partial reset is achieved
This reset control in series with linear controller C(s) is
implemented in a closed-loop control to control a plant P (s)
depicted in Fig. 2

B. Describing function analysis

Describing function is a pseudo-linear approximation of
frequency response of a nonlinear system. It considers only
the first harmonic of the open loop response of the nonlinear
system. Although this is an approximation technique, this
has been popularly used in literature for design and analysis.
The describing function of reset control of equation (1) is as
follows [5].

Σr(ω) = Cr(jωI −Ar)−1(I + jΘD(ω))Br +Dr (2)

where,

ΘD(ω) , −2ω2

π
∆(ω)[ΓD(ω)− Λ−1(ω)]

with the parameters used as follows,




Λ(ω) , ω2I +A2
r

∆(ω) , I + e
π
ωAr

∆D(ω) , I +Aρe
π
ωAr

ΓD(ω) = ∆−1
D D∆−1(ω)Λ−1(ω)

C. Higher order sinusoid describing function (HOSIDF)

Although reset controllers have been designed in literature
through describing function, Heinen [15] pointed out the
various inaccuracies of this method especially for analysis
of closed loop performance including overall stability. Hence,
Heinen also developed HOSIDF to visualise high order har-
monics which also affect system performance. Following is the
HOSIDF equation derived analytically for the reset controller
in (1) [15].

Σr(n)(ω, n) =

{
CT (jωnI −A)−1jΘD(ω)B for odd n ≥ 2

0 for even n ≥ 2
(3)

where n is the order of harmonic. The higher order harmonics
of open loop system in Fig. 2 is calculated as follows [15].

Ln(ω, n) = Σr(n)(ω, n)C(jωn)P (jωn) (4)

D. Stability analysis of reset control system

The stability of the closed loop reset control system as
shown in Fig. 2 which has reset condition of e(t) = 0 can
be checked by using stability condition given in [2]. The
following condition should be checked to ensure asymptotic
stability.

Theorem 1: Let V : Rn → R be a continuously differen-
tiable, radially unbounded function, and positive-definite such
that

V̇ (x) :=

(
∂V

∂x

)T
Aclx < 0, for x 6= 0 (5)

δV (x) := V (ARx)− V (x) ≤ 0, for x ∈M (6)

Then the reset control system is asymptotically stable.
Acl and AR are closed loop A-matrix and reset matrix re-
spectively. x =

[
xTR xTp

]T
is the state vector. Furthermore,

(5) and (6) must satisfy V (x) = xTPx with P > 0 to ensure
quadratic stability of the system. Following proposition is used
to ensure quadratic stability:
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Theorem 2: There exists a constant β ∈ Rnr×1 and Pρ ∈
Rnr×nr , Pρ > 0 such that the restricted Lyapunov equation.

P > 0, ATclP + PAcl < 0 (7)

BT0 P = C0 (8)
has a solution for P , where C0 and B0 are defined by

C0 =
[
βCp 0nr×nnr Pρ

]
, B0 =




0nr×nr
0nnr×nr
Inr×nr


 (9)

where nr and nnr are the number of reset and non-resetting
state of the controller respectively. Cp is 1×np with np is the
number of plant states.

III. CONSTANT-GAIN LEAD-PHASE (CGLP)
A. CgLp introduction

CgLp was introduced by Saikumar et. al. [7] as a reset
element formed by the combination of a GFORE (resetting
first order lag filter) with a first-order lead filter, which are
both denoted respectively as R and F in (10).

R =
1

��
���*

γ
s

ωrα
+ 1

and F =
s
ωr

+ 1
s
ωf

+ 1 (10)

Where ωf >> ωrα, ωr. The matrices of CgLp for (1) are as
follows

Ar =

[
−ωrα 0
ωf −ωf

]
, Br =

[
ωrα
0

]

Cr =

[
ωf
ωr

(
1− ωf

ωr

)]
, Dr =

[
0
]

Aρ =

[
γ 0
0 1

]

Since the resetting action does not influence the magnitude
behaviour of the filter significantly, this combination of reset
lag with linear lead results in no change in gain. However,
phase lead is obtained over a wide range starting from ωr until
ωf . Further, as γ is varied, the amount of phase lead achieved
can also be controlled as shown in Fig. 3. Although the
magnitude behaviour of GFORE is not affected significantly
compared to linear first order filter, this small change was
found to be sufficient for a correction factor in [7]. To ensure
as close to constant gain is achieved with CgLp, the corner
frequency of GFORE uses ωrα = αωr. The value of α can be
found in [7] for different values of γ. In [7], CgLp was also
studied with the combination of a Generalized SORE and a
second-order lead filter, but in this paper, only GFORE CgLp
is discussed.

B. CgLp-PID

CgLp is combined with PID in [7] to obtain CgLp-PID as
shown in Fig. 4. The transfer function of series PID is given
in (11).

PID = K
(

1 +
ωi
s

)( 1 + s
ωt

1 + s
ωd

)(
1

1 + s
ωf

)
(11)
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Fig. 3: Frequency response of CgLp, ωr = 1Hz
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Fig. 4: Block diagram of implemented control scheme

Where K is the gain of the controller, ωi is the frequency
at which integrator action ends, ωd and ωt are frequencies
where differentiator action starts and is terminated, and ωf
is the corner frequency of low pass filter. In general, ωd and
ωt are chosen such that ωd = ωc/a and ωt = aωc to ensure
that maximum phase achieved by the differentiator is at ωc.
To increase phase margin with PID, the value of a should be
increased which results in the gain at low frequencies reduces
and increases at high frequencies. The combination of CgLp
and PID overcomes the limitation of linear controller since
CgLp adds phase without compromising the gain.

Following are the design steps adapted from [7] that is
taken to design of CgLP-PID controller provided the required
bandwidth (ωc) and phase margin (PM ).

1) Set the value of ωi to be ωc/10, and ωf to be 10ωc
2) Choose value of ωr < ωc and γ ∈ [0, 1]
3) Calculate phase added by CgLp at ωc with describing

function analysis as Phr
4) Set value of ωd and ωt such that derivative action

provides phase of Phd at ωc which is

Phd = PM − Phr
5) Set the value of K to obtain unity gain at ωc.

The value of K, ωi, and ωf are determined using the rule of
thumb of PID given in [16], while ωd and ωt are determined
to complement phase margin requirement. Since some of the
phase required is provided by CgLp, the differentiator band
will be smaller than in the linear case and hence open loop
shape is improved.
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6 )

(a) Describing function (b) 3rd order HOSIDF

C. Frequency behaviour of CgLp-PID

This subsection analyzes the frequency behaviour of CgLp-
PID using describing function and HOSIDF. In literature,
describing function has been used to design reset controllers,
but the presence of higher order harmonic is not considered.
Thus, analysis with HOSIDF might provide more insight into
the performance of reset element. This analysis deals with the
change of CgLp behaviour with respect to changes in design
parameters γ and ωr.

The describing function of CgLp-PID controllers which add
50o of phase at bandwidth ωc is shown in Fig. 5a and 6a.
Fig. 5a shows CgLp-PID for different values of γ and Fig. 6a
for different ωr values. The 3rd harmonic behaviour of the
controllers is obtained through HOSIDF analysis and shown in
Fig. 5b and 6b respectively. For simplicity, gain of controllers
is normalized as if K = 1. From these figures, the effect of
varying Cglp parameters is observed as follows:

• Lowering γ: The phase added by CgLp element is in-
creased by lowering γ. Since the required phase margin
is fixed, the phase that needs to be added by the dif-
ferentiator in step 4 is reduced. This corresponds to an
increase in gain at lower frequencies and decreased gain
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Fig. 6: Shifted ωr CgLp-PID (PM: 50o, and γ: 0)
(a) Describing function (b) 3rd order HOSIDF

at higher frequencies. The magnitude of 3rd harmonic on
the other hand increases at all frequencies.

• Lowering ωr: Since more phase is added by CgLp by
lowering ωr, similar behaviour change in first harmonic
is seen. However, while the magnitude of 3rd harmonic
is increased at lower frequencies, it decreases at higher
frequencies.

Since the behaviour of 5th and higher harmonics is similar
to that of 3rd, these are not plotted in the figures. It must
also be noted that the magnitude of harmonics decreases with
increasing order.

Lowering either γ and ωr yields to more phase added
by CgLp at bandwidth and hence improves open loop first
harmonic behaviour. However, a corresponding increase in 3rd

harmonic is also seen which could negatively affect system
performance. In the next section, these CgLp-PID controllers
are investigated in closed loop on a precision positioning stage.

IV. PERFORMANCE OF CGLP-PID
A. Practical setup

A precision positioning stage is used as shown in Fig. 7a.
It has three actuators spaced angularly which actuate a central
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Fig. 7: (a) Picture of precision position stage actuated by
Lorentz actuators with encoder and mass of interest at B.
(b) Frequency response and identified model of the system

mass (C) in 3 DOF. Leaf flexures are used to suspend the
masses and provide the required stiffness. Since we are con-
cerned with SISO controller design, only one actuator (A) is
utilized to control the position of mass B, resulting in a SISO
system. Using Mercury M2000 linear encoder, the position
of mass B is measured with the resolution of 100nm. The
controller is implemented on FPGA NI CompactRIO.

Fig. 7b shows the frequency response of the system obtained
by inputting a chirp signal. The system can be approximated
as a second order transfer function provided as follows.

G(s) =
49880

s2 + 46s+ 7189
(12)

B. Experiment - tracking and steady state precision

This experiment is carried out to analyze trajectory tracking
and steady state precision performance of CgLp-PID on the
practical setup. Several CgLp-PID controllers are designed for
this purpose by varying the values of γ and ωr using the steps
provided in the previous section. The controllers are again
designed with a bandwidth of ωc = 150Hz and PM of 50o.
The value of γ is varied from from 0 to 1 in steps of 0.2.
For ωr, it is varied through scale d as ωr = ωc

d with d varied

TABLE I: RMS tracking error of system (in nm) over param-
eter γ and ωr

γ

ωr 0 0.2 0.4 0.6 0.8 1

ωc/2 135.9 128.0 124.1 122.0 123.7 136.7

ωc/3 132.3 126.2 117.8 116.2 119.6 136.6

ωc/4 132.8 123.9 117.6 113.6 117.1 136.6

ωc/5 131.4 123.7 118.5 116.1 118.3 136.7

ωc/6 133.2 123.7 117.5 116.7 117.3 136.5

ωc/7 132.9 124.1 122.7 118.1 117.5 136.3

ωc/8 133.5 125.0 120.9 117.9 120.3 136.2

ωc/9 135.8 127.1 124.9 120.9 121.1 136.5

ωc/10 139.9 128.5 124.7 123.2 122.2 136.8

TABLE II: RMS steady state error (in nm) of system over
parameter γ and ωr

γ

ωr 0 0.2 0.4 0.6 0.8 1

ωc/2 626.7 574.6 548.4 542.6 586.5 991.3

ωc/3 589.5 569.8 546.2 555.3 637.5 991.8

ωc/4 544.9 526.9 517.0 567.5 669.1 995.3

ωc/5 522.5 503.6 506.3 552.7 638.4 993.3

ωc/6 489.2 469.3 486.8 544.3 653.1 996.9

ωc/7 475.4 479.2 478.9 509.0 632.6 994.2

ωc/8 471.1 447.2 475.8 506.8 631.9 992.5

ωc/9 463.6 442.1 466.0 518.4 623.2 993.8

ωc/10 455.7 437.5 462.9 522.4 632.1 994.7

2 to 10 in steps of 1. The controllers are implemented with
a sampling frequency of 10kHz along with a feedforward
controller Cff as depicted in Fig. 4. The feedforward is the
inverse of system G in (12) made proper using a second order
low pass filter as given in (13).

Cff (s) =
1

G(s)

ω2
ff

s2 + ωffs+ ω2
ff

(13)

Where ωff is set to be 10ωc. Note that while it is assumed
that the positioning system is linear, nonlinearities are noticed
in the leaf flexures resulting in a less than perfect feedforward.

For tracking analysis, the input reference uses a triangular
wave signal that is based on a fourth order trajectory as
explained in [17]. The precision analysis, on the other hand,
uses zero value reference and applies additional white noise
with a maximum amplitude of 5000nm at the location shown
in Fig. 4. RMS of error is calculated in both cases and provided
in Table I for tracking and Table II for steady state precision.
In both tables, γ = 1 refers to traditional PID.

The results in Table I indicates CgLp-PID (γ < 1) outper-
forms traditional PID for most values of ωr and γ. However,
it is also noticed that this performance improvement is not
consistent with the analysis using describing function in the
previous section. Although lowering γ and lowering ωr are
both expected to improve tracking performance, deterioration
in performance is seen and further it is also noticed that the
performance is worse than PID for some values. Hence, this
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Fig. 8: 1st and 3rd harmonics open loop of two controllers
that have similar tracking performance

deterioration in tracking performance may be caused by the
rise of higher order harmonics which has been pointed out by
the HOSIDF.

Table II shows that all CgLp-PID controllers surpass PID
in terms of precision. However, again an interesting trend is
noticed. While in describing function analysis, precision is
also expected to improve for both lowering γ and lowering
ωr, the smallest error is not found for γ = 0. However in
some columns, smallest error is seen for ωc

10 .
An interesting feature is shown by the comparison of

two controllers with parameter of [γ, ωr] = [0.4, ωc6 ] and
[γ, ωr] = [0.8, ωc7 ]. Both controllers have similar tracking error
but different steady state error. Fig. 8 shows the describing
function and HOSIDF of complete system open loop for both
controllers. It can be seen that while one controller has better
1st harmonic shape than the other, its higher harmonic gain
is higher. This explains the similarity in tracking performance
since the first harmonic shape improves performance while the
third harmonic deteriorates performance and hence nullifies
the advantage obtained in first harmonic. It is also noticed that
the difference between first and third harmonic magnitude gets
larger at higher frequencies resulting in a decreased influence
of the third harmonic at higher frequencies. This again explains
the difference seen in precision error values. Although at high
frequencies, similar pattern as for tracking holds, since the
magnitude of the third harmonic is significantly lower, the
deteriorating effect is lesser in this case than in tracking and
hence the first controller provides better precision error.

From these experiments we can say that HOSIDF has
shown its benefit by showing that higher harmonics have
to be considered in the design of a CgLp-PID controller.
Since it is noticed that the higher order harmonics deteriorate
performance, it can be said that the best CgLp-PID controller
provides the best possible shape in the first harmonic while
ensuring that magnitude of higher order harmonics is small
enough.

C. Analysis

This subsection presents a more detailed analysis of the
results obtained. Since there are no tools to relate open loop

TABLE III: Scale a of lead-lag filter of PID required for
complement the phase at ωc

γ

ωr 0 0.2 0.4 0.6 0.8 1

ωc/2 1.69 1.92 2.19 2.52 2.95 3.56

ωc/3 1.48 1.72 2.02 2.39 2.88 3.56

ωc/4 1.39 1.63 1.94 2.33 2.85 3.56

ωc/5 1.33 1.58 1.89 2.3 2.83 3.56

ωc/6 1.29 1.54 1.86 2.28 2.82 3.56

ωc/7 1.27 1.52 1.84 2.26 2.81 3.56

ωc/8 1.25 1.5 1.83 2.25 2.81 3.56

ωc/9 1.23 1.49 1.81 2.24 2.81 3.56

ωc/10 1.22 1.48 1.81 2.24 2.8 3.56
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Fig. 9: Normalized 3rd order harmonic

frequency behaviour of the first harmonic or higher order
harmonics to closed loop system performance, the following
method is used to analyze the results.

First, we assume that the describing function behaviour is
not an approximation but rather accurate. In this scenario,
changing value of γ and/or ωr results in different amounts of
phase added by CgLp resulting in different values of scale a
of differentiator to obtain the same phase margin. The value of
a for variation of γ and ωr are respectively given in Table III.
Lower value of a results in better open loop shape and hence
better tracking and precision. This value of a can be used as
an indicator of the expected improvement in performance. As
seen from the results, this assumption is not true for all values
of γ and ωr.

So, in the second step, we consider the third harmonic
and assume that this along with other higher order harmonics
affect system performance negatively. However, instead of
comparing the third harmonic behaviour directly, we normalize
the third harmonic of open loop L3(ω) against the first
harmonic L1(ω) for each case and compare them as shown
for a few select controllers with ωr = ωc/3 and different
values of γ in Fig. 9. From this, we calculate the maximum
gain value of normalized 3rd harmonic as δ. The values of δ
for variation of γ and ωr are shown in Table IV.

It is seen that δ is higher when a is lower as expected.
Clearly there is a trade-off where reducing the value of a
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TABLE IV: Maximum gain of normalized 3rd harmonic

γ

ωr 0 0.2 0.4 0.6 0.8 1

ωc/2 0.09 0.08 0.06 0.04 0.02 0.00

ωc/3 0.09 0.08 0.07 0.05 0.03 0.00

ωc/4 0.09 0.09 0.07 0.05 0.03 0.00

ωc/5 0.09 0.09 0.08 0.06 0.03 0.00

ωc/6 0.10 0.09 0.08 0.06 0.03 0.00

ωc/7 0.10 0.09 0.08 0.06 0.03 0.00

ωc/8 0.10 0.09 0.08 0.06 0.03 0.00

ωc/9 0.10 0.09 0.08 0.06 0.03 0.00

ωc/10 0.10 0.09 0.08 0.06 0.03 0.00

results in improved performance until the point where the high
order harmonics are large enough to deteriorate performance.
In order to achieve an optimum system performance, δ should
not too high so the nonlinearity is kept low while at the same
time large enough so the advantage of nonlinearity can be
obtained. In this problem where γ ∈ [0, 1] and ωr ∈

[
ωc
10 ,

ωc
2

]
,

the highest value of δ obtained is 0.10 so it is safe to say that
the optimum performance can be obtained around the half
value of δ. Table I shows the tracking reaches its optimum
value at value of [γ, ωr] = [0.6, ωc/4 ] and hence, the assumption
is confirmed since from Table IV δ value of 0.05 is obtained
at γ of 0.6 and ωr of ωc

3 and ωc
4 .

Therefore, from above observations following design guide-
line for CgLp is proposed.

• Design a PID using the rule of thumb and choose as a
benchmark

• Use describing function to choose γ and ωr that has better
shape than traditional PID

• Check the value of higher order harmonics using
HOSIDF and calculate the maximum gain of normalized
3rd harmonic δ and ensure chosen δ is around the half
of maximum possible value of δ.

V. CONCLUSION

The advantage of reset control in overcoming limitations of
linear control have been shown in literature. Its compatibility
with the PID framework combined with the use of describing
function for loop shaping make it industry compatible. While
most works in literature have concentrated on phase lag
reduction advantage, the reset ’Constant in gain Lead in phase’
filter has been used to provide broadband phase compensation
and has been shown to improve system performance. However,
only describing function analysis has been used for designing
these controllers till date and hence better analysis of these
controllers has not been possible.

In this paper, the performance of CgLp-PID on a practical
precision positioning setup is analysed using both describing
function and HOSIDF to account for all harmonics. It is
seen that in several cases while the first harmonic behaviour
indicates performance improvement to be expected, the third
harmonic points in the opposite direction. Through an anal-
ysis of the designed controllers, some design guidelines are
provided for the design of these CgLp-PID controllers.

Although this analysis has provided useful insight, only
guidelines are provided since the exact amount of influence
that these higher order harmonics have on performance is not
known. Further it is necessary to validate these findings on a
different system and possible different class of systems where
CgLp-PID is applicable. Ideally, a complete mathematical
relation between the open loop responses and closed loop
system behaviour for all reset controllers is required and is
part of future work.
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5
CONCLUSION

5.1. GENERAL CONCLUSION
The research goal of this thesis was established as follow:

To obtain tuning rules for reset controllers through analysis by describing function and HOSIDF

Based on this goal, the study is conducted using the ’Constant in phase Lead in phase’ element which
has been proven in literature to improve performance. However, since the improvement in performance is
not explained completely using describing function analysis, this thesis has attempted to utilize higher order
harmonics behaviour obtained from HOSIDF to more accurately study and explain the obtained results.

The study compares the closed loop tracking and precision performance obtained on a precision posi-
tioning stage with first and third harmonic of open loop. While phase added through CgLp results in better
first harmonic shape, the same also increases magnitude of third harmonic. From observation it is concluded
that the normalized gain of third harmonic should have its maximum value at around the value of maximum
possible value of the normalized gain of third harmonic. Finally, it is argued that describing function and
HOSIDF can be used together to design a reset controller using the provided guideline.

5.2. RECOMMENDATION
From the observations during the work of this thesis, some recommendations are given for further research
which mainly serves to validate the observations of effect of higher order harmonics.

5.2.1. USE DIFFERENT PRECISION MOTION SETUP
This thesis only uses one precision motion setup to observe the effect of higher order harmonics on system
performance. While this seems promising, more observations on a different setup is needed to validate the
observation.

5.2.2. USE DIFFERENT CLASS OF RESET CONTROL FOR PERFORMANCE ANALYSIS
This thesis used CgLp GFORE for the observation. From literature, CgLp can be based on GSORE as well
and this results in different frequency behavior of first and higher order harmonics since one more variable
is introduced in CgLp GSORE as shown in Section 2. This CgLp-GSORE can be generalized further by only
resetting one state of GSORE instead of all. This also results in different shape of frequency response in de-
scribing function and HOSIDF. Although this will add more complexity to the system design. Analysis with
GSORE CgLp is necessary to validate the tuning guidelines obtained in this thesis.

5.2.3. CLOSED LOOP SYSTEM FREQUENCY ANALYSIS
Although this thesis provides some basic guidelines for tuning reset controllers with CgLp, complete tun-
ing rules need to be established by finding the exact relation between open loop and closed loop frequency
responses.
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A
OPTIMAL TUNING FORMULATION

This appendix gives the formulation of optimal tuning in this thesis. This thesis is interested with tuning
problem of controller CgLp-PID. Consider a closed loop system with a controller C and a plant P , as shown
by Fig. A.1.
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Figure A.1: Closed loop system

The optimization of the CgLp-PID for the system in Fig. A.1 is formulated as follows.

J (r, y) =
√√√√ 1

N

N∑
i=1

(r − y)2

Subject to:

Describing function equation HOSIDF equation

HOSIDF equation∣∣∣∣∫ ωc
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∣∣∣∣dω>
∣∣∣∣∫ ωc

0
C (ωr ,1, s)

∣∣∣∣dω

0 ≤ γ≤ 1

ωc

10
≤ωr ≤ ωc

2

where:

ωr : bandwidth frequency(rad/s)
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in which the reset part is denoted by the diagonal striketrough line, and approximated by describing function.
The reset part can be defined as follows:

ẋr =−αωr (xr (t )+e(t )) if e 6= 0
xr (t+) = γxr (t ) if e = 0
ur = xr (t )
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B
EXPERIMENT OVERVIEW

This chapter discuss the experiment setup that is used in this thesis. At first, the plant for the experiment is
described. Then, the description of experiment setup is given. Lastly, the system identification of the whole
experiment setup is provided.

B.1. PLANT

The setup is a 3 degree of freedom precision stage that consists of 3 Lorentz actuators (A1, A2, A3), 3 small
masses (B1, B2, B3), 3 encoders (C1, C2, C3), and a large mass in the middle (D). These 3 actuator are used to
position the mass in the middle. The setup is shown in Fig. B.1. In this thesis only one actuator (A1) is used to
control the position of one mass 1). Thus, the system is considered as single mass spring damper system.

CompactRIO
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Digital I/O
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Computer Controller Signal conditioner Plant
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Figure B.1: 3-DOF precision stage
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B.2. EXPERIMENT SETUP
The controller used National Instrument environment which consists of Labview 2016 for the software and
CompactRIO for the hardware. The digital-to-analog module of CompactRIO (NI9263) sent control output
to the actuator through a current amplifier. Then, the encoder signal from encoder is sent to compactRIO’s
digital input module (NI9401) to be computed as position data. The encoder has a resolution of 0.1 µm. A
computer running labview is used to control the system in real-time. The schematic diagram of the complete
control system is shown in Fig. B.2.
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Computer Controller Signal conditioner Plant

Figure B.2: Schematic of experimental setup

B.3. SYSTEM IDENTIFICATION
In order to obtain the mathematical model of the system, system identification is done by giving a chirp input
signal to the system. The chirp signal composes of sine wave whose frequency is increased every second by
3% from 0.1 to 1000 Hz. The response is logged for every 10µs and the data is used to obtain transfer function
of the system using tfestimate function by MATLAB. Fig. B.3 and Fig. B.4 respectively shows the data logging
from identification process and the identified open loop frequency response of the system.
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Figure B.3: Time response (output) of the plant from chirp signal(input)

From the identified frequency response, the estimated transfer function is obtained as follows.

Pest (S) = 49880

s2 +46s +7189
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C
SIMULATION RESULTS

This appendix provides the plot results obtained during this thesis which may be useful for future works. The
given plots are the normalized third order harmonics of open loop system which discussed in Section IV of the
paper in Chapter 2. In summary, the improvement by CgLp is followed by the rise of higher order harmonics.
Since only 2 parameters ωr but the γ are utilized in CgLp there is not much variation shown by the plot.

101
c 103 104

Frequency(Hz)

0

0.0236

0.0445

0.0629

0.0785

0.0911

0.1
[ ,

r
]=[ 0.0 ,

c
/ 2 ]

[ ,
r
]=[ 0.2 ,

c
/ 2 ]

[ ,
r
]=[ 0.4 ,

c
/ 2 ]

[ ,
r
]=[ 0.6 ,

c
/ 2 ]

[ ,
r
]=[ 0.8 ,

c
/ 2 ]

[ ,
r
]=[ 1.0 ,

c
/ 2 ]

Figure C.1: Normalized third order harmonic of open loop system at ωr = ω

2

31



32 C. SIMULATION RESULTS

101
c 103 104

Frequency(Hz)

0

0.0268

0.0501

0.0692

0.0838

0.0937

0.1

[ ,
r
]=[ 0.0 ,

c
/ 3 ]

[ ,
r
]=[ 0.2 ,

c
/ 3 ]

[ ,
r
]=[ 0.4 ,

c
/ 3 ]

[ ,
r
]=[ 0.6 ,

c
/ 3 ]

[ ,
r
]=[ 0.8 ,

c
/ 3 ]

[ ,
r
]=[ 1.0 ,

c
/ 3 ]

Figure C.2: Normalized third order harmonic of open loop system at ωr = ω

3

101
c 103 104

Frequency(Hz)

0

0.0286

0.0534

0.0729

0.0866

0.0947
0.1

[ ,
r
]=[ 0.0 ,

c
/ 4 ]

[ ,
r
]=[ 0.2 ,

c
/ 4 ]

[ ,
r
]=[ 0.4 ,

c
/ 4 ]

[ ,
r
]=[ 0.6 ,

c
/ 4 ]

[ ,
r
]=[ 0.8 ,

c
/ 4 ]

[ ,
r
]=[ 1.0 ,

c
/ 4 ]

Figure C.3: Normalized third order harmonic of open loop system at ωr = ω

4



33

101
c 103 104

Frequency(Hz)

0

0.0298

0.0555

0.0753

0.0883

0.0949
0.1

[ ,
r
]=[ 0.0 ,

c
/ 5 ]

[ ,
r
]=[ 0.2 ,

c
/ 5 ]

[ ,
r
]=[ 0.4 ,

c
/ 5 ]

[ ,
r
]=[ 0.6 ,

c
/ 5 ]

[ ,
r
]=[ 0.8 ,

c
/ 5 ]

[ ,
r
]=[ 1.0 ,

c
/ 5 ]

Figure C.4: Normalized third order harmonic of open loop system at ωr = ω

5

101
c 103 104

Frequency(Hz)

0

0.0306

0.0570

0.0769

0.0894
0.0951

0.1
[ ,

r
]=[ 0.0 ,

c
/ 6 ]

[ ,
r
]=[ 0.2 ,

c
/ 6 ]

[ ,
r
]=[ 0.4 ,

c
/ 6 ]

[ ,
r
]=[ 0.6 ,

c
/ 6 ]

[ ,
r
]=[ 0.8 ,

c
/ 6 ]

[ ,
r
]=[ 1.0 ,

c
/ 6 ]

Figure C.5: Normalized third order harmonic of open loop system at ωr = ω

6



34 C. SIMULATION RESULTS

101
c 103 104

Frequency(Hz)

0

0.0311

0.0580

0.0781

0.0902
0.0951

0.1
[ ,

r
]=[ 0.0 ,

c
/ 7 ]

[ ,
r
]=[ 0.2 ,

c
/ 7 ]

[ ,
r
]=[ 0.4 ,

c
/ 7 ]

[ ,
r
]=[ 0.6 ,

c
/ 7 ]

[ ,
r
]=[ 0.8 ,

c
/ 7 ]

[ ,
r
]=[ 1.0 ,

c
/ 7 ]

Figure C.6: Normalized third order harmonic of open loop system at ωr = ω

7

101
c 103 104

Frequency(Hz)

0

0.0315

0.0588

0.0790

0.0908
0.0951

0.1
[ ,

r
]=[ 0.0 ,

c
/ 8 ]

[ ,
r
]=[ 0.2 ,

c
/ 8 ]

[ ,
r
]=[ 0.4 ,

c
/ 8 ]

[ ,
r
]=[ 0.6 ,

c
/ 8 ]

[ ,
r
]=[ 0.8 ,

c
/ 8 ]

[ ,
r
]=[ 1.0 ,

c
/ 8 ]

Figure C.7: Normalized third order harmonic of open loop system at ωr = ω

8



35

101
c 103 104

Frequency(Hz)

0

0.0318

0.0594

0.0796

0.0912
0.0950

0.1

[ ,
r
]=[ 0.0 ,

c
/ 9 ]

[ ,
r
]=[ 0.2 ,

c
/ 9 ]

[ ,
r
]=[ 0.4 ,

c
/ 9 ]

[ ,
r
]=[ 0.6 ,

c
/ 9 ]

[ ,
r
]=[ 0.8 ,

c
/ 9 ]

[ ,
r
]=[ 1.0 ,

c
/ 9 ]

Figure C.8: Normalized third order harmonic of open loop system at ωr = ω

9

101
c 103 104

Frequency(Hz)

0

0.0320

0.0599

0.0801

0.0916
0.0950

0.1
[ ,

r
]=[ 0.0 ,

c
/ 10 ]

[ ,
r
]=[ 0.2 ,

c
/ 10 ]

[ ,
r
]=[ 0.4 ,

c
/ 10 ]

[ ,
r
]=[ 0.6 ,

c
/ 10 ]

[ ,
r
]=[ 0.8 ,

c
/ 10 ]

[ ,
r
]=[ 1.0 ,

c
/ 10 ]

Figure C.9: Normalized third order harmonic of open loop system at ωr = ω

10





D
MATLAB AND SIMULINK CODE

In this appendix, the MATLAB and SIMULINK code used in this thesis are given. The first MATLAB code
is used to identify the transfer function from the data obtained from experiment. Then, the later code are
the code which used to plot describing function(1st and 3r d order harmonics) of open loop system and the
real-time simulation of the system.

D.1. IDENTIFICATION.M

1 Input = VarName2 ; % acquire input data
2 Output = VarName3 ; % acquire output data
3

4 Ts = 10e−6; % time sampling
5 [ Txy , F]= tfest imate ( Input , Output , [ ] , [ ] , [ ] , 1 / Ts ) ;
6 [ Cxy , F]= mscohere ( Input , Output , [ ] , [ ] , [ ] , 1 / Ts ) ;
7

8 % Plot Input and Output
9 f i g u r e ;

10 time = 1 : s i z e ( Input , 1 ) ;
11 time = time . * Ts ;
12 subplot (211)
13 plot ( time , Input )
14 xlim ( [ 0 max( time ) ] ) ; y label ( ’ Input ’ ) ; ylim ([−2000 2000]) ;
15 set ( gca , ’ XTickLabel ’ , [ ] ) ;
16 subplot (212)
17 plot ( time , Output ) ;
18 xlim ( [ 0 max( time ) ] ) ; y label ( ’ Output ’ ) ; x label ( ’Time( s ) ’ ) ;
19

20 limx = [1 3e2 ] ;
21 % Plot frequency response and coherence
22 f i g u r e ;
23 subplot (311)
24 loglog (F , abs ( Txy ) ) ;
25 ylabel ( ’ Magnitude ’ ) ; xlim ( limx ) ; ylim ( [ 1 e−5 1e3 ] ) ; set ( gca , ’ XTickLabel ’ , [ ] ) ;
26 subplot (312)
27 semilogx (F , ( rad2deg ( angle ( Txy ) ) ) ) ;
28 ylabel ( ’ Phase(^o) ’ ) ; xlim ( limx ) ; set ( gca , ’ XTickLabel ’ , [ ] ) ;
29 subplot (313)
30 semilogx ( F2 , Cxy ) ;
31 ylabel ( ’ Coherence ’ ) ; x label ( ’ Frequency (Hz) ’ ) ;
32 xlim ( limx ) ; ylim ([−0.5 1 . 5 ] ) ;
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D.2. MAIN.M

1 %% CGLP−PID simulation
2 % plot 1 s t and 3rd order harmonic
3 % simulate CgLp PID in simulink to acquire tracking / precision performance
4 %% I n i t i a l i z a t i o n
5 clear a l l ;
6 close a l l ;
7 cl c ;
8 s = t f ( ’ s ’ ) ;
9 xmin = −4 ; xmax = 5 ; % frequency plot l i m i t

10 omega = logspace (xmin , xmax,200) ;
11

12 %% Setup and Requirement
13 Ts = 1/10e3 ; % sampling time in seconds
14 nWave = 50; % signal wave cycle for simulation
15 disp = 10000; % wave amplitude for simulation
16 t r a j e c t o r y ; % generate t r a j e c t o r y for simulation
17

18 % Plant
19 m = 1/4.988 e4 ; c = 46.33*m; k = 7190*m;
20 P = 1/(m* s^2+c * s+k ) ;
21

22 % Requirement
23 w_c = 150*2* pi ; % bandwidth frequency
24 PM = 50; % required phase margin
25

26 w_i = w_c/10; % integrator frequency
27 w_f = w_c*10; % low pass f i l t e r frequency
28 lag = @(wdn, wtn) ( s /wdn + 1) / ( s /wtn + 1) ; % lag−lead f i l t e r
29

30 %% Input variable .
31 % number of a should be number of row of gamma array
32 % for GFORE gamma = [ 0 . 1 ; 0 . 2 ] means two c o n t r o l l e r being observed
33 % for GSORE gamma = [ 0 . 1 0 . 1 ; 0 . 2 0 . 3 ; ] means two c o n t r o l l e r being observed
34

35 resetelementorder = 2 ; % 1 for GFORE CgLp ; 2 for GSORE CgLp
36 i f resetelementorder == 1 % GFORE mode
37 % Parameter value
38 a = [3 3 3 ] ; % a i s scale for w_r=w_c/a ,
39 gamma = [ 0 . 3 ; 0 . 2 ; 0 . 1 ] ;
40 % Reset part of c o n t r o l l e r
41 R = @( alpha , w_r ) 1/( s / ( alpha *w_r ) +1) ;
42 % Non−re set part of c o n t r o l l e r
43 l_c = @( w_rn ) ( s /w_rn+1) *(1+ w_i/ s ) / ( s / ( w_f ) +1) ;
44

45 e l s e i f resetelementorder == 2 % GSORE mode
46 % Parameter value
47 a = [3 3 3 ] ; % a i s scale for w_r=w_c/a ,
48 gamma = [ 0 . 6 0 . 6 ; 0 . 5 0 . 5 ; 0 . 4 0 . 4 ] ;
49 % Reset part of c o n t r o l l e r
50 beta_r = 0 . 8 ;
51 R = @( alpha , w_r ) 1 / ( ( s / ( alpha *w_r ) ) ^2+2* beta_r * s /( alpha *w_r ) +1) ;
52 % Non−re set part of c o n t r o l l e r
53 l_c = @( w_rn ) ( s /w_rn+1) ^2*(1+w_i/ s ) /( s / ( w_f ) +1) ;
54 end
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55

56

57 % plot 1 s t & 3rd order harmonics
58 close a l l
59 [m1, p1 ] = bodeData (P , w_c) ;
60 for l t = 1 : s i z e (gamma, 1 )
61 w_r ( l t ) = w_c/a ( l t ) ;
62 strng ( l t , : ) = [ { ’ [ \gamma, \ omega_r ] = [ ’ . . .
63 , num2str (gamma( l t ) ) , ’ ,\omega_c/ ’ , num2str ( a ( l t ) ) , ’ ] ’ } ] ;
64

65 findAlpha ;
66 G = R( alpha ( l t ) , w_r ( l t ) ) ;
67 [ A_r , B_r , C_r , D_r ] = ssdata (G) ;
68

69

70 i f s i z e ( A_r , 1 ) == 1 ; Arho = gamma( l t ) ;
71 e l s e i f s i z e ( A_r , 1 ) == 2 ; Arho = [gamma( l t , 1 ) 0;0 gamma( l t , 2 ) ] ;
72 end
73

74 % compute d scale of lead−lag f i l t e r
75 [m2, p2 ] = descFunc ( A_r , B_r , C_r , D_r , Arho , w_c , 1 ) ;
76 [m3, p3 ] = bodeData ( l_c ( w_r ( l t ) ) ,w_c) ;
77 phtot = 180 + p1 + p2 + p3 ;
78 reqPh = deg2rad ( double (PM − phtot ) ) ;
79 d = tan ( ( reqPh + ( pi ) /2) /2) ; % d = 2.3316;
80 w_d( l t ) = double (w_c/d) ;
81 w_t ( l t ) = double (w_c*d) ;
82

83 % compute gain of c o n t r o l l e r
84 [m4, p4 ] = bodeData ( lag (w_d( l t ) , w_t ( l t ) ) ,w_c) ;
85 K( l t ) = 1/(m1*m2*m3*m4) ;
86

87 s t r = s t r j o i n ( ( strng ( l t , : ) ) ) ;
88 % uncomment row below see complete open loop
89 L = K( l t ) * l_c ( w_r ( l t ) ) * lag (w_d( l t ) , w_t ( l t ) ) *P ;
90

91 % uncomment row below to see normalized c o n t r o l l e r
92 % L= l_c ( w_r ( l t ) ) * lag (w_d( l t ) , w_t ( l t ) ) / (m2*m3*m4) ;
93

94

95 [AL , BL , CL,DL] = ssdata ( L ) ;
96 A = [ A_r zeros ( s i z e ( A_r , 1 ) , s i z e (AL , 2 ) ) ; BL* C_r AL ] ;
97 B = [ B_r ; BL*D_r ] ;
98 C = [DL* C_r CL ] ;
99 D = D_r*DL;

100 Arho = eye ( s i z e (A, 1 ) ) ;
101 Arho ( 1 : s i z e (gamma, 2 ) , 1 : s i z e (gamma, 2 ) ) = gamma( l t , : ) ;
102

103 % plot 1 s t order harmonic
104 f i g u r e ( 1 ) ; hold on
105 set ( gcf , ’ Position ’ , [10 10 450 300])
106 [mRL1( l t , : ) ,pRL1( l t , : ) ,DFR1( l t , : ) ] = descFunc (A , B, C,D, Arho , omega, 1 ) ;
107 [mag( l t ) ,pha( l t ) ] = freqPlot (mRL1( l t , : ) ,pRL1( l t , : ) ,omega, s t r ) ;
108

109

110 % plot 3rd order harmonic
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111 f i g u r e ( 1 ) ; hold on
112 set ( gcf , ’ Position ’ , [10 10 450 300])
113 [mRL3( l t , : ) ,pRL3( l t , : ) ,DFR3( l t , : ) ] = descFunc (A , B, C,D, Arho , omega, 3 ) ;
114 [mag3( l t ) ,pha3 ( l t ) ] = freqPlot (mRL3( l t , : ) ,pRL3( l t , : ) ,omega, s t r ) ;
115

116 normDF3( l t , : ) = DFR3( l t , : ) . /DFR1( l t , : ) ;
117 f i g u r e ( 3 ) ; set ( gcf , ’ Position ’ , [10 10 500 300])
118 semilogx (omega. / ( 2 * pi ) , abs (normDF3( l t , : ) ) , ’DisplayName ’ , str , ’ LineWidth ’ , 1 . 2 ) ;
119 hold on
120 legend ( { } , ’ FontSize ’ ,8 , ’ FontWeight ’ , ’ normal ’ , ’ Location ’ , ’ best ’ ) ;
121 ylabel ( ’ $$\ l e f t | \ f r a c { L_3 ( \omega) } { L_1 ( \omega) } \ r i g h t | $$ ’ , ’ i n t e r p r e t e r ’ , ’ l a t e x ’ )

;
122 maxNorm( l t ) = max( abs (normDF31( l t , : ) ) ) ;
123 xlabel ( ’ Frequency (Hz) ’ ) ;
124 end
125

126 for k = 1 : 3 ;
127 f i g u r e ( k ) ;
128 i f k <3;
129 subplot (211) ;
130 xlim ( [ w_c/(2* pi ) /80 w_c/(2* pi ) * 8 0 ] ) ; ylim ( [ 1 e−3 1e3 ] )
131 semilogx ( [ w_c . / ( 2 * pi ) w_c . / ( 2 * pi ) ] , get ( gca , ’ ylim ’ ) , ’ k−− ’ ) ;
132 subplot (212) ;
133

134 xlim ( [ w_c/(2* pi ) /80 w_c/(2* pi ) * 8 0 ] ) ;
135 semilogx ( [ w_c . / ( 2 * pi ) w_c . / ( 2 * pi ) ] , get ( gca , ’ ylim ’ ) , ’ k−− ’ ) ;
136 else
137 xlim ( [ w_c/(2* pi ) /80 w_c/(2* pi ) * 8 0 ] ) ; ylim ( [ 0 0 . 1 ] ) ;
138 semilogx ( [ w_c . / ( 2 * pi ) w_c . / ( 2 * pi ) ] , get ( gca , ’ ylim ’ ) , ’ k−− ’ ) ;
139 end
140 end
141

142 %% simulation to see tracking error or precision error
143 for l t = 1 : s i z e (gamma, 1 )
144 % re set c o n t r o l l e r
145 G = R( alpha ( l t ) , w_r ( l t ) ) ;
146 Gd = c2d (G, Ts , ’ t u s t i n ’ ) ;
147 [ A_rd , B_rd , C_rd , D_rd ] = ssdata (Gd) ;
148

149 % non−re set c o n t r o l l e r
150 L = K( l t ) * l_c ( w_r ( l t ) ) * lag (w_d( l t ) , w_t ( l t ) ) ;
151 Ld = c2d ( L , Ts , ’ t u s t i n ’ ) ;
152 [numLd, denLd ] = t f d a t a (Ld , ’ v ’ ) ;
153

154 % feed forward c o n t r o l l e r
155 FF = (1/P) / ( ( s /w_f ) ^2+2*( s /w_f ) +1) ;
156 FFd = c2d (FF , Ts , ’ t u s t i n ’ ) ;
157 [numFF, denFF ] = t f d a t a (FFd , ’ v ’ ) ;
158

159 % plant
160 [numP, denP ] = t f d a t a (P , ’ v ’ ) ;
161

162 i f s i z e ( A_r , 1 ) == 1 ; Arho = gamma( l t ) ;
163 e l s e i f s i z e ( A_r , 1 ) == 2 ; Arho = [gamma( l t , 1 ) 0;0 gamma( l t , 2 ) ] ;
164 end
165
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166 sim ( ’ cglppid ’ ) ;
167

168 % plot time response
169 s t r = s t r j o i n ( ( strng ( l t , : ) ) ) ;
170 time = track . time ;
171 trackData = track . s i g n a l s ( 1 ) . values ( : ) ;
172 trackError= track . s i g n a l s ( 2 ) . values ( : ) ;
173 f i g u r e ( 3 ) ;
174 ax1 = subplot (211) ; grid on ;
175 plot ( ax1 , time , trackData ( : , 1 ) , ’DisplayName ’ , s t r ) ;
176 xlim ( ax1 , [ min( time ) max( time ) ] ) ;
177 ylabel ( ax1 , ’ System Response (m) ’ ) ;
178 legend ( { } , ’ FontSize ’ ,10 , ’ FontWeight ’ , ’ normal ’ , ’ Location ’ , ’ best ’ ) ;
179 hold on
180 ax2 = subplot ( 2 , 1 , 2 ) ; grid on ;
181 plot ( ax2 , time , trackError ( : , 1 ) , ’DisplayName ’ , s t r ) ;
182 xlim ( ax2 , [ min( time ) max( time ) ] ) ;
183 ylabel ( ax2 , ’ Error (m) ’ ) ; x label ( ax2 , ’Time( s ) ’ ) ;
184 hold on ;
185 rms_error ( l t ) = sqrt (mean( ( e r r _ d i s c r e t e ( : , : ) . ^ 2 ) ) ) ;
186 end
187 rms_error ( l t )



42 D. MATLAB AND SIMULINK CODE

D.3. TRAJECTORY.M

1 td = 400;
2 t j = 400;
3 ta = 400;
4 tv = 400;
5 d = zeros ( 1 , t j /4) ;
6 d = horzcat (d , ones ( 1 , td ) ) ;
7 d = horzcat (d , zeros ( 1 , t j ) ) ;
8 d = horzcat (d,−1*ones ( 1 , td ) ) ;
9 d = horzcat (d , zeros ( 1 , ta ) ) ;

10 d = horzcat (d,−1*ones ( 1 , td ) ) ;
11 d = horzcat (d , zeros ( 1 , t j ) ) ;
12 d = horzcat (d , ones ( 1 , td ) ) ;
13 d = horzcat (d , zeros ( 1 , tv ) ) ;
14 d = horzcat (d,−1*ones ( 1 , td ) ) ;
15 d = horzcat (d , zeros ( 1 , t j ) ) ;
16 d = horzcat (d , ones ( 1 , td ) ) ;
17 d = horzcat (d , zeros ( 1 , ta ) ) ;
18 d = horzcat (d , ones ( 1 , td ) ) ;
19 d = horzcat (d , zeros ( 1 , t j ) ) ;
20 d = horzcat (d,−1*ones ( 1 , td ) ) ;
21 d = horzcat (d , zeros ( 1 , t j /4) ) ;
22 d = d* 0 . 0 0 1 ;
23 pindexmax = s i z e (d , 2 ) ;
24 j = zeros ( 1 , s i z e (d , 2 ) ) ;
25 for i = 2 : s i z e (d , 2 )
26 j ( i ) = j ( i −1) + d( i −1) ;
27 end
28 a = zeros ( 1 , s i z e (d , 2 ) ) ;
29 for i = 2 : s i z e (d , 2 )
30 a ( i ) = a ( i −1) + j ( i −1) ;
31 end
32 v = zeros ( 1 , s i z e (d , 2 ) ) ;
33 for i = 2 : s i z e (d , 2 )
34 v ( i ) = v ( i −1) + a ( i −1) ;
35 end
36 r e f = zeros ( 1 , s i z e (d , 2 ) ) ;
37 for i = 2 : s i z e (d , 2 )
38 r e f ( i ) = r e f ( i −1) + v ( i −1) ;
39 end
40 r e f = r e f / r e f (end) * disp ;
41 for i = 1 : s i z e (d , 2 )
42 r e f ( i ) = r e f ( i ) − mod( r e f ( i ) , 1 ) ;
43 end
44 r e f = r e f − mod( ref , 1 ) ;
45 ref_temp = horzcat ( ref , f l i p l r ( r e f ) ) ;
46 r e f = ref_temp ;
47 for i = 2 :nWave
48 r e f = horzcat ( ref , ref_temp ) ;
49 end
50 time = [ 1 : s i z e ( ref , 2 ) ] . * Ts ;
51 runtime= time (end) ;
52 r e f = timeseries ( ref , time , ’name ’ , ’ t r a j e c t o r y ’ ) ;
53 save r e f e r . mat −v7 . 3 r e f
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D.4. DESCFUNC.M

1 function [ Gain , Phase ] = descFunc ( A_r , B_r , C_r , D_r ,gamma, omega, n)
2 % a function to acquire gain and phase of
3 % describing function of system of sys ( A_r , B_r , C_r , D_r )
4 % with s i z e (gamma) of [1 1] for GFORE or [2 2] for GSORE
5 % omega : corresponding frequency
6 % n : the order of harmonic ( only odd number)
7 I = eye ( s i z e ( A_r ) ) ;
8 for j =1: length (omega)
9 Lambda = omega( j ) ^2* I + A_r ^2;

10 Delta_D = I + gamma*expm( pi /omega( j ) * A_r ) ;
11 Delta = I + expm( pi /omega( j ) * A_r ) ;
12 Gamma_D = Delta_D^−1 * gamma * Delta * Lambda^−1;
13 Theta_D = −2*omega( j ) ^2 / pi * Delta * (Gamma_D − Lambda^−1) ;
14 i f n == 1
15 DF( j ) = C_r * ( i *omega( j ) * I − A_r ) ^−1*( I + i *Theta_D ) * B_r + D_r ;
16 else
17 DF( j ) = (−2*omega( j ) ^2*C_r / ( i * pi ) ) * . . .
18 ( A_r − i *omega( j ) *n* I )^−1 * Delta * (Gamma_D−Lambda^−1)* B_r ;
19 end
20 end
21 Gain = abs (DF) ;
22 Phase = vpa ( rad2deg ( angle (DF) ) , 4 ) ;

D.5. BODEDATA.M

1 function [ magArray , phaseArray ] = bodeData ( L , omega)
2 % acquire magnitude and phase of t r a n s f e r function of L over omega
3 [mag, phase ] = bode ( L , omega) ;
4 for i = 1 : length (omega)
5 magArray ( i ) = mag( i ) ;
6 phaseArray ( i ) = phase ( i ) ;
7 end

D.6. FREQPLOT.M

1 function [m, n] = freqPlot (Mag, Pha , omega, s t r i n g )
2 hold on
3 w = omega. / ( 2 * pi ) ; % Hz
4 ax1 = subplot (211) ;
5 set ( gca , ’ fonts i z e ’ ,10) ; set ( gca , ’ XTickLabel ’ , [ ] ) ;
6 m = semilogx ( ax1 ,w, mag2db(Mag) , ’DisplayName ’ , str ing , ’ LineWidth ’ , 1 . 5 ) ;
7 xlim ( [ min(w) max(w) ] ) ;
8 grid on ;
9 ylabel ( ’ Magnitude (dB) ’ ) ;

10 legend ( { } , ’ FontSize ’ ,10 , ’ FontWeight ’ , ’ normal ’ , ’ Location ’ , ’ best ’ ) ;
11 hold on
12

13 ax2 = subplot (212) ; set ( gca , ’ fo nts i z e ’ ,10) ;
14 n = semilogx ( ax2 ,w, Pha , ’DisplayName ’ , str ing , ’ LineWidth ’ , 1 . 5 ) ;
15 xlim ( [ min(w) max(w) ] ) ;
16 grid on ;
17 ylabel ( ’ Phase(^o) ’ ) ; x label ( ’ Frequency (Hz) ’ ) ;
18 hold on
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D.7. SIMULINK FOR REAL-TIME SIMULATION

Figure D.1: Simulink schematic for real-time simulation named cglppid.slx

Figure D.2: Reset Element subsystem in cglppid.slx
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