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abstract
With the popularity of electrical vehicles (EVs), the demand for EVs charging is also increased. Com-
pared to traditional wired charging, wireless charging can avoid many safety issues. The efficiency of
wireless power transfer (WPT) system is determined by many factors, the coupling factor is one of the
most important factors. Therefore, estimating the coupling factor of WPT system is necessary. The
research objectives of this work are to review and benchmark different methodology of coupling factor
estimation. Besides, a comprehensive method is selected and simulated.

This work is focused on magnetic inductive WPT systems. Five different methodologies of coupling
factor estimation for static WPT system and one methodology for dynamicWPT system is reviewed and
analyzed. The methodology that uses alternative capacitors to estimate the coupling factor of a static
WPT system is analyzed in detail. By using the zero crossing unit, the primary side and secondary side
of WPT system are under full resonant. The WPT system will work in two different modes by changing
the primary side capacitance. The two sets of circuit parameters will be recorded and calculated by a
PLL unit. Based on theoretical analysis and the calculated parameter, the load and mutual inductance
of WPT system can be identified. Therefore, the value of the coupling factor can be determined. The
accuracy of coupling factor estimation of this methodology is higher than 97 %.

Compared to the literature that proposed this methodology, this work made a sensitivity study. The
circuit parameters is made to fluctuate in a certain range. The accuracy of estimation of mutual induc-
tance is still higher than 95% when the primary side resistance, secondary side resistance and load
fluctuate. However, the system becomes unstable when the primary side capacitance, inductance
and secondary side inductance fluctuate. The reason is that when the capacitance and inductance
change, the operating frequency will deviate from the resonant frequency. However, the mutual in-
ductance identification unit is not able to detect this deviation. If the deviation of circuit parameters is
updated, the accuracy of coupling factor estimation will remain at about 97%.
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1
Introduction

In recent years, electric vehicles (EVs) have become more and more popular because of the trend
of lower carbon emissions.Therefore, the demands for vehicle charging are increasing. At present,
wired charging is the mainstream charging method for electrical vehicles because of its high stability,
efficiency and inexpensive nature. However, there are still some drawbacks of high power wired charg-
ing, for example, sparks may be produced during plugging, carbon deposition and short service life.
As an innovative solution, wireless power transfer (WPT) can efficiently avoid these problems[1] [2] be-
cause of the absence of physical connection and wear. The definition of wireless power transfer is the
electrical power transfer from the transmitter to the receiver without a wired connection. The transmit-
ting coil is connected to the dc power source through a DC-AC inverter. The AC current will generate a
varying magnetic field in the transmitting coil. The power will be transferred from the transmitter to the
receiver through the varying magnetic field. The receiving coil is connected to the load and supplies
the power to the load. Wireless power transfer can avoid using wires and sockets and improve safety
issues, reliability issue, low maintenance and long product life[3] [4]. Besides, this technology provides
more convenience for EVs driver when they try to charge their vehicles.[5]

Figure 1.1: Conductive charging and inductive charging for EVs

1.1. Wireless power transfer
Wireless power transfer systems can be also classified into three different categories based on the
transfer mechanism[1]:
1. Electromagnetic radiation
2. Electric coupling
3. Electromagnetic induction
The relationship between the different WPT systems is shown in Figure 1.2. Electric coupling WPT
system is also called capacitive WPT system. The electric coupling WPT system sets metal plate elec-
trodes at the transmitter and the receiver at the same time, and realizes wireless charging through the
electric field between two metal plates. Compared with the electromagnetic WPT technology, the ef-
fective transmission range of the electric coupling WPT system is much less [1]. Therefore, capacitive

1



2 1. Introduction

Figure 1.2: Different categories of WPT system(based on the mechanism)

WPT system is not suitable for EVs wireless charging.

Electromagnetic radiation technology is characterized by long-distance transmission, however, its
transmission efficiency is very limited compared to electromagnetic WPT technology [1]. The main
requirement for EVs wireless power transfer is high power and high efficiency. Therefore, electromag-
netic radiation technology is rarely applied in EVs wireless charging.

Due to the limitations of the WPT system mentioned above, the electromagnetic induction WPT
system has become the most common WPT system for EVs wireless charging at present [1]. It real-
izes energy transmission based on the principle of electromagnetic induction.

According to Ampere’s law, a magnetic field around the wire will be built when there is an AC cur-
rent on the primary side. As a result, a time varying magnetic field is built. The magnetic coupler in the
secondary side will be coupled with the time varying magnetic field.

∮
𝐶
𝐻𝑑𝑙 = 𝐼 + 𝐼𝑑 (1.1)

Where 𝐻 is the magnetic field intensity, 𝐼 is the current of the conductor, 𝐼𝑑 is the displacement current.
According to Faraday’s law, a voltage will be induced in the secondary side.

∮
𝐶
𝐸 𝑑𝑙 = −𝛿𝜙𝛿𝑡 (1.2)

Where 𝐸 is , 𝜙 is the time varying magnetic flux.
This induced voltage can be converted to DC signal by the rectifier. The schematic of this power

transfer system is shown in Figure 1.3.

Figure 1.3: General schematic of a inductive WPT system
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Magnetic resonant coupling wireless power transfer system is a kind of inductive wireless power
transfer system. Similar to the traditional inductive WPT system, the voltage on the secondary side
is induced by the magnetic field on the primary side. This induced voltage can be converted to the
DC signal. Compared to the traditional inductive WPT system, the compensation network on the pri-
mary side and the secondary side are resonated with each other when they work in the same resonant
frequency. The detail of the compensation network will be introduced in the next subsection. The
different typologies of the compensation networks will cause different output properties of the system.
The power transfer and magnetic coupling will be enhanced because of the resonant coils [6].

For inductive WPT systems for EVs, the charging methods can be classified as static wireless
charging and dynamic wireless charging. For the static cases, EVs are required to be parked. For the
dynamic cases, EVs are in motion [7].

1.2. Standard
With the popularity of wireless charging for EVs, it is necessary to establish standards to ensure safety
and universality. At present, there are three commonly used standards for EVs wireless charging, IEC
61980-1, ISO 19363 and SAE J2954 RP.

1.2.1. IEC 61980-1
This standard provides the requirement for electrical safety, electromagnetic compatibility(EMC) and
electromagnetic field exposure(EMF) [8].

Based on series IEC 61000, IEC 61980 provided the requirement for immunity and conducted dis-
turbances for EMC. The regulation of EMF for humans is based on the ICNIRP’s guidelines [9]. It
protects against all known bad health effect on human.

1.2.2. ISO 19363
This standard involves the requirements for safety and interoperability for wireless power transfer for
passenger vehicles [10]. Besides, it also provides some requirements about operating frequency and
frequency. The efficiency of the wireless power transfer system should be above 85% if there is no
misalignment between the primary side and the secondary side. If there is a misalignment between
the primary side and the secondary side, the minimum efficiency should be above 80%. The operating
frequency should range from 81.38 kHz to 90 kHz.

This standard does not provide an EMC regulation but refers to CISPR/D. For EMF regulation,
it provides two protection levels. One is based on ICNIRP Guideline, which protects humans from
electromagnetic fields, and another one is based on ISO 14117-1 which is focus on active implantable
medical device security.

1.2.3. SAE J2954 RP
This standard is set for the case of static and unidirectional passengers EVs wireless charging [11]. It
also includes some requirement for operating frequency. The operating frequency should range from
79 kHz to 90 kHz. This standard set the WPT power class for the WPT systems in different power
levels. The information is shown in Table 1.1.

Table 1.1: Efficiency requirements for different power levels for WPT [11].

WPT Power Class
WPT1 WPT2 WPT3 WPT4

Maximum input VA 3.7 kVA 7.7 kVA 11.1 kVA 22 kVA
Minimum target efficiency when alignment >85% >85% >85% TBD in next phase
Minimum target efficiency when misalignment >80% >80% >80% TBD in next phase
EMC limit 67.8 dB 67.8 dB 82.8 db TBD in next phase

This standard also involves foreign object detection. The system should be off if a foreign object is
detected. Besides, in the case no foreign object is detected, the system should monitor the temperature
of the primary side and keep it under a rated temperature. In addition, if nearby living beings are
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detected, the system should adjust itself to make sure the magnetic field is not a hazard for living
beings.

The EMC limit is 67.8 dB for WPT1 and WPT2. For WPT3 is 82.8 dB. The general limit for EMF is
also based on ICNIRP Guideline 2010, just like in ISO 19363. The EMF for active implantable medical
devices is based on AAMI/ISO 14117-2012. Furthermore, efficiency targets are set for different power
levels. In Table 1.1 the efficiency requirements are shown. The requirements for WPT4 still need to be
decided upon. Moreover, an efficiency of 75% is required for power classes that are not listed in this
table. This gives an example of why it is important to have soft-switching for the inverter as it could
help the system to reach more easily the listed efficiency requirement from this standard by reducing
the switching losses in the inverter.

1.3. Compensation
In order to analyze the wireless power transfer system at the circuit level, the compensation network of
the primary side and the secondary side is necessary to be studied. In this chapter, basic compensation
and double-sided LCC compensation will be introduced and compared.

1.3.1. Basic compensations
There are four types of basic compensation: series-series compensation, series-parallel compensation,
parallel-series compensation and parallel-parallel compensation. These typologies are shown in this
subsection.

The first topology is series to series compensation.

Figure 1.4: The equivalent circuit of a series-series compensated WPT system

The resonant frequency is

𝜔0 =
1

√𝐿𝑇𝐶𝑇
= 1
√𝐿𝑋𝐶𝑋

(1.3)

According to the Kirchhoff law,

𝑈𝑠 = (𝑅𝑇 + 𝑅1 + 𝑗𝜔𝐿𝑇 +
1

𝑗𝜔𝐶𝑇
)𝐼𝑇 − 𝑗𝜔𝑀𝐼𝑋 (1.4)

0 = −𝑗𝜔𝑀𝐼𝑇 + (𝑅2 + 𝑅𝑥 + 𝑗𝜔𝐿𝑋 +
1

𝑗𝜔𝐶𝑥
)𝐼𝑋 (1.5)

Let

𝑍1 = 𝑅1 + 𝑅𝑇 + 𝑗𝜔𝐿𝑇 +
1

𝑗𝜔𝐶𝑇
(1.6)

𝑍2 = 𝑅2 + 𝑅𝑋 + 𝑗𝜔𝐿𝑋 +
1

𝑗𝜔𝐶𝑋
(1.7)

The current through 𝑅𝑋 of this topology is

𝐼𝑋 =
−𝑗𝜔𝑀𝑈𝑆

𝜔2𝑀2 + 𝑍1𝑍2
(1.8)

The output voltage of this topology is

𝑈𝑋 = 𝐼𝑋𝑅𝑋 =
−𝑗𝜔𝑀𝑈𝑆

𝜔2𝑀2 + 𝑍1𝑍2
𝑅𝑥 (1.9)
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The effective output power is

𝑃𝑜 =
|𝐼𝑋|

2

2 𝑅𝑋 =
𝜔2𝑀2𝑈2𝑆

2(𝜔2𝑀2 + 𝑍1𝑍2)2
𝑅𝑋 (1.10)

The efficiency of this topology is

𝜂 = 𝑃𝑜
𝑃𝑖
=

|𝐼𝑥|
2 𝑅𝑥
2

|𝐼𝑇|2𝑍1
2 + |𝐼𝑋|2𝑍2

2

× 100% = 𝜔2𝑀2𝑅𝑋
𝑍21𝑍22 + 𝜔2𝑀2𝑍2

× 100% (1.11)

In practical applications, SS and SP compensation are most commonly used because of their higher
efficiency [12][13]. Besides, SS topology also has the advantage that the compensation capacities are
not dependent on coupling factor and resonance frequency [14][15].

The second topology is series to parallel compensation.

Figure 1.5: The equivalent circuit of a series-parallel compensated WPT system

The resonant frequency is

𝜔0 =
1

√(𝐿𝑇 −
𝑀2
𝐿𝑋
)𝐶𝑇

= 1
√𝐿𝑋𝐶𝑋

(1.12)

According to the Kirchhoff law,

𝑈𝑠 = (𝑅𝑇 + 𝑅1 + 𝑗𝜔𝐿𝑇 +
1
𝑗𝐶𝑇

)𝐼𝑇 − 𝑗𝜔𝑀𝐼𝑋 (1.13)

0 = −𝑗𝜔𝑀𝐼𝑇 + (𝑅2 + 𝑅𝑋 + 𝑗𝜔𝐿𝑋 +
1

𝑗𝜔𝐶𝑋
𝑅𝑋

1
𝑗𝜔𝐶𝑋

+ 𝑅𝑋
)𝐼𝑋 (1.14)

Let

𝑍1 = 𝑅1 + 𝑅𝑇 + 𝑗𝜔𝐿𝑇 +
1

𝑗𝜔𝐶𝑇
(1.15)

𝑍2 = 𝑅2 + 𝑅𝑋 + 𝑗𝜔𝐿𝑋 +
1

𝑗𝜔𝐶𝑋
𝑅𝑋

1
𝑗𝜔𝐶𝑋

+ 𝑅𝑋
(1.16)

The current through 𝑅𝑋 of this topology is

𝐼𝑋 =
−𝑗𝜔𝑀𝑈𝑆

(𝜔2𝑀2 + 𝑍1𝑍2)√(1 + 𝑗𝜔𝐶𝑋𝑅𝑋)
(1.17)

The output voltage of this topology is

𝑈𝑋 = 𝐼𝑋𝑅𝑋 =
−𝑗𝜔𝑀𝑈𝑆

(𝜔2𝑀2 + 𝑍1𝑍2)√(1 + 𝑗𝜔𝐶𝑋𝑅𝑋)
𝑅𝑋 (1.18)

The effective output power is

𝑃𝑜 =
|𝐼𝑋|

2

2 𝑅𝑋 =
𝜔2𝑀2𝑈2𝑆

2(𝜔2𝑀2 + 𝑍1𝑍2)2(1 + 𝑗𝜔𝐶𝑋𝑅𝑋)
𝑅𝑋 (1.19)
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The efficiency of this topology is

𝜂 = 𝑃𝑜
𝑃𝑖
= 𝑅𝑋
(𝜔2 + 𝑍1𝑍2

𝑀2 )
2(𝑅𝑋 −

𝑗
𝐶2𝜔

)2𝐶22𝑍2
× 100% (1.20)

The third topology is parallel to series compensation.

Figure 1.6: The equivalent circuit of a parallel-series compensated WPT system

The resonant frequency is

𝜔0 =
1

√𝐿𝑇𝐶𝑇
= 1
√𝐿𝑋𝐶𝑋

(1.21)

(1.22)

According to the Kirchhoff law,

𝑈𝑆 =
1

𝑗𝜔𝐶𝑇
(𝑅1 + 𝑅𝑇 + 𝑗𝜔𝐿𝑇)

1
𝑗𝜔𝐶𝑇

+ 𝑅1 + 𝑅𝑇 + 𝑗𝜔𝐿𝑇
𝐼𝑇 − 𝑗𝜔𝑀𝐼𝑋 (1.23)

0 = −𝑗𝜔𝑀𝐼𝑇 + (𝑅2 + 𝑅𝑋 + 𝑗𝜔𝐿𝑋 +
1

𝑗𝜔𝐶𝑋
)𝐼𝑋 (1.24)

Let

𝑍1 =
1

𝑗𝜔𝐶𝑇
(𝑅1 + 𝑅𝑇 + 𝑗𝜔𝐿𝑇)

1
𝑗𝜔𝐶𝑇

+ 𝑅1 + 𝑅𝑇 + 𝑗𝜔𝐿𝑇
(1.25)

𝑍2 = 𝑅2 + 𝑅𝑋 + 𝑗𝜔𝐿𝑋 +
1

𝑗𝜔𝐶𝑋
(1.26)

The current through 𝑅𝑋 of this topology is

𝐼𝑋 =
𝑈𝑆𝜔𝑀

(𝑍1𝑍2 + (𝜔𝑀)2)2
(1.27)

The output voltage of this topology is

𝑈𝑋 = 𝐼𝑋𝑅𝑋 =
𝑈𝑆𝜔𝑀

(𝑍1𝑍2 + (𝜔𝑀)2)2
𝑅𝑋 (1.28)

The effective output power is

𝑃𝑜 =
|𝐼𝑋|

2

2 𝑅𝑋 =
𝜔2𝑀2𝑈2𝑆

2(𝜔2𝑀2 + 𝑍1𝑍2)2
𝑅𝑋 (1.29)

The efficiency of this topology is

𝜂 = 𝑃𝑜
𝑃𝑖
= 𝜔2𝑀2𝑅𝑋
𝑍21𝑍22 + 𝜔2𝑀2𝑍2

× 100% (1.30)

The fourth topology is parallel to parallel compensation.
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Figure 1.7: The equivalent circuit of a parallel-parallel compensated WPT system

The resonant frequency is

𝜔0 =
1

√(𝐿𝑇 −
𝑀2
𝐿𝑋
)𝐶𝑇

= 1
√𝐿𝑋𝐶𝑋

(1.31)

(1.32)

According to the Kirchhoff law,

𝑈𝑆 =
1

𝑗𝜔𝐶𝑇
(𝑅1 + 𝑅𝑇 + 𝑗𝜔𝐿𝑇)

1
𝑗𝜔𝐶𝑇

+ 𝑅1 + 𝑅𝑇 + 𝑗𝜔𝐿𝑇
𝐼𝑇 − 𝑗𝜔𝑀𝐼𝑋 (1.33)

0 = −𝑗𝜔𝑀𝐼𝑇 + (𝑅2 + 𝑅𝑋 + 𝑗𝜔𝐿𝑋 +
1

𝑗𝜔𝐶𝑋
𝑅𝑋

1
𝑗𝜔𝐶𝑋

+ 𝑅𝑋
)𝐼𝑋 (1.34)

Let

𝑍1 =
1

𝑗𝜔𝐶𝑇
(𝑅1 + 𝑅𝑇 + 𝑗𝜔𝐿𝑇)

1
𝑗𝜔𝐶𝑇

+ 𝑅1 + 𝑅𝑇 + 𝑗𝜔𝐿𝑇
(1.35)

𝑍2 = 𝑅2 + 𝑅𝑋 + 𝑗𝜔𝐿𝑋 +
1

𝑗𝜔𝐶𝑋
𝑅𝑋

1
𝑗𝜔𝐶𝑋

+ 𝑅𝑋
(1.36)

The current through 𝑅𝑋 of this topology is

𝐼𝑋 =
−𝑗𝜔𝑀𝑈𝑆

(𝜔2𝑀2 + 𝑍1𝑍2)√(1 + 𝑗𝜔𝐶𝑋𝑅𝑋)
(1.37)

The output voltage of this topology is

𝑈𝑋 = 𝐼𝑋𝑅𝑋 =
−𝑗𝜔𝑀𝑈𝑆

(𝜔2𝑀2 + 𝑍1𝑍2)√(1 + 𝑗𝜔𝐶𝑋𝑅𝑋)
𝑅𝑋 (1.38)

(1.39)

The effective output power is

𝑃𝑜 =
|𝐼𝑋|

2

2 𝑅𝑋 =
𝜔2𝑀2𝑈2𝑆

2(𝜔2𝑀2 + 𝑍1𝑍2)2(1 + 𝑗𝜔𝐶𝑋𝑅𝑋)
𝑅𝑋 (1.40)

The efficiency of this topology is

𝜂 = 𝑃𝑜
𝑃𝑖
= 𝑅𝑋
(𝜔2 + 𝑍1𝑍2

𝑀2 )
2(𝑅𝑋 −

𝑗
𝐶2𝜔

)2𝐶22𝑍2
× 100% (1.41)
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1.3.2. Complex compensation
There are many complex compensations network for WPT systems, for example, LCL and LCC. Com-
plex compensation network have similar properties as basic compensation but with more controllable
parameters. This section will take the LCC compensation network as an example to analyze. Litera-
ture [16] has discussed the equivalent circuit of dual side LCC compensation. The equivalent circuit is
shown in Figure 1.8.

Figure 1.8: The equivalent circuit of a dual-side LCC compensated WPT system

The resonant frequency is

𝜔0 =
1

√((𝐿𝑃 − 𝐿1)𝐶1
= 1
√((𝐿𝑆 − 𝐿2)𝐶2

= 1
√(𝐿1𝐶3

= 1
√𝐿2𝐶4

(1.42)

According to the Kirchhoff law,

(𝑗𝜔𝐿1 +
1

𝑗𝜔𝐶3
)𝑖𝑓1 −

1
𝑗𝜔𝐶3

𝑖𝑃 = 𝑈𝐴𝐵 (1.43)

(𝑗𝜔𝐿𝑃 +
1

𝑗𝜔𝐶1
)𝑖𝑃 −

1
𝑗𝜔𝐶3

𝑖𝑓1 − 𝑗𝑀𝑖𝑆 = 0 (1.44)

(𝑗𝜔𝐿𝑆 +
1

𝑗𝜔𝐶2
)𝑖𝑆 −

1
𝑗𝜔𝐶4

𝑖𝑓2 − 𝑗𝑀𝑖𝑃 = 0 (1.45)

(𝑗𝜔𝐿2 +
1

𝑗𝜔𝐶4
+ 𝑅𝑒)𝑖𝑓2 −

1
𝑗𝜔𝐶4

𝑖𝑆 = 0 (1.46)

Therefore, 𝑖𝑆 and 𝑖𝑃 can be derived as below.

𝑖𝑆 =
𝑗𝜔𝑀(𝑗𝜔𝐿2 +

1
𝑗𝜔𝐶4

+ 𝑅𝑒)

(𝑗𝜔𝐿2 +
1

𝑗𝜔𝐶4
+ 𝑅𝑒)(𝑗𝜔𝐿𝑆 +

1
𝑗𝜔𝐶2

) − ( 1
𝑗𝜔𝐶4

)2
𝑖𝑃 (1.47)

𝑖𝑃 =
𝑈𝐴𝐵(−

1
𝑗𝜔𝐶3

)

( 1
𝑗𝜔𝐶3

)2 − (𝑗𝜔𝐿𝑃 +
1

𝑗𝜔𝐶1
)(𝑗𝜔𝐿1 +

1
𝑗𝜔𝐶3

) + 𝑗𝜔𝑀(𝑗𝜔𝐿1 +
1

𝑗𝜔𝐶3
)

𝑗𝜔𝑀(𝑗𝜔𝐿2+
1

𝑗𝜔𝐶4
+𝑅𝑒)

(𝑗𝜔𝐿2+
1

𝑗𝜔𝐶4
+𝑅𝑒)(𝑗𝜔𝐿𝑆+

1
𝑗𝜔𝐶2

)−( 1
𝑗𝜔𝐶4

)2

(1.48)

Where 𝑖𝑃 is the current through the primary side, 𝑖𝑆 is the current through the secondary side.
The output voltage of this topology is

𝑈𝑋 = 𝐼𝑋𝑅𝑋 =
𝑗𝜔𝑀(𝑗𝜔𝐿2 +

1
𝑗𝜔𝐶4

+ 𝑅𝑒)

(𝑗𝜔𝐿2 +
1

𝑗𝜔𝐶4
+ 𝑅𝑒)(𝑗𝜔𝐿𝑆 +

1
𝑗𝜔𝐶2

) − ( 1
𝑗𝜔𝐶4

)2
𝑖𝑃𝑅𝑋 (1.49)

(1.50)

The effective output power is

𝑃𝑜 =
|𝐼𝑆|

2

2 𝑅𝑋 = |
𝑗𝜔𝑀(𝑗𝜔𝐿2 +

1
𝑗𝜔𝐶4

+ 𝑅𝑒)

4(𝑗𝜔𝐿2 +
1

𝑗𝜔𝐶4
+ 𝑅𝑒)(𝑗𝜔𝐿𝑆 +

1
𝑗𝜔𝐶2

) − ( 1
𝑗𝜔𝐶4

)2
𝑖𝑃|

2

𝑅𝑋 (1.51)
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Table 1.2: Summary of different compensation network

SS SP PS PP Dual-LCC

Dependency
on the load

Capacitances of
the primary side
and the secondary
side are
independent on
the load

Capacitances of
the secondary side
are dependent
on the load

Capacitances
of the primary
side are
dependent on
the load

Capacitances of
the secondary
side are
dependent
on the load

Not dependent
on the load

Dependency
on the coupling
coefficient

Capacitances of
the primary side
and the secondary
side are
independent on
the coupling
coefficient

Capacitances of
the secondary side
are dependent on
the coupling
factor

Capacitances
of the primary
side are
dependent on
the coupling
factor

Capacitances of
the secondary
side are
dependent
on the coupling
factor

Not dependent
on the
coupling factor

Load
independent
output

Voltage and
current

Voltage and
current Voltage Current Voltage and

current

Sensitivity to
misalignment

Slightly
sensitivity Moderate High High High

Other
advantages

Higher efficiency
than SP
(𝑓 >1 MHz)

Requires smaller
self-inductance
of secondary
side coil

\ \
Low current
stress on the
inverter

Disadvantages

1.Requires larger
receiver coil
2.Requires higher
voltage tolerance
of capacitors

Less DC
component
blocking

Requires high
driving voltage
when
transferring
high power

1.Requires high
voltage for
high power
applications
2.Low power
factor and high
load voltage

Complex
topology

The efficiency of this topology is

𝜂 = 𝑃𝑜
𝑃𝑖
=

|
𝑗𝜔𝑀(𝑗𝜔𝐿2+

1
𝑗𝜔𝐶4 +𝑅𝑒)

(𝑗𝜔𝐿2+
1

𝑗𝜔𝐶4 +𝑅𝑒)(𝑗𝜔𝐿𝑆+
1

𝑗𝜔𝐶2 )−(
1

𝑗𝜔𝐶4 )
2 𝑖𝑃|

2

2 𝑅𝑋
𝑈𝐴𝐵𝐼𝑃

=
|

𝑗𝜔𝑀(𝑗𝜔𝐿2+
1

𝑗𝜔𝐶4
+𝑅𝑒)

(𝑗𝜔𝐿2+
1

𝑗𝜔𝐶4
+𝑅𝑒)(𝑗𝜔𝐿𝑆+

1
𝑗𝜔𝐶2

)−( 1
𝑗𝜔𝐶4

)2
|
2

𝑖𝑃𝑅𝑋

2𝑈𝐴𝐵
× 100%

(1.52)

The summary of these compensations network is shown in Table 1.2.
In order to optimize the transmission performance of the WPT system, a parametric optimization is

necessary before being in production [17].
The efficiency of a WPT system is governed by many factors, such as the coupling factor between

the primary side and the secondary side, the quality factors of transmitting coils and receiving coils, op-
erating frequency and impedance matching conditions [18]. Take the compensation analysis in section
1.3 as an example, the transfer efficiency of a wireless power systems is dependent on primary side
impedance, secondary impedance, efficiency and mutual inductance. When the mutual inductance
and primary side impedance is fixed, there is an optimized load for maximum transfer efficiency. The
circuit parameters are known parameters except for the mutual inductance. Therefore, to estimate the
mutual inductance is a necessary work for system optimization.

In real life, the performance of a WPT system is highly sensitive to parameter variation, for example,
self-inductance and mutual inductance will alter due to different displacements caused by arbitrary
parking and different air gaps affected by chassis height and tire pressure as shown in Figure 1.9 [19].
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Figure 1.9: Wireless charging for EVs

Besides, the status of the batteries of different vehicles will also influences the load impedance and
coupling factor. If the operating frequency of the WPT system will not change with the coupling factor
and load impedance, the high efficient WPT wireless charging is not guaranteed.

Therefore, estimating the coupling factor accurately is necessary and essential to optimize the trans-
mission efficiency for EVs wireless charging.

1.4. Research objective
This thesis focuses on the coupling factor of themagnetic resonant couplingWPT system. The research
objectives of the thesis are:

• To review and classify the detection systems used to estimate the magnetic coupling factor for
both static and dynamic EVs wireless charging.

• To benchmark the selected method with other coupling-estimation methods.

• To implement the proof of concept of the selected approach in the simulation tools.

1.5. Thesis structure
The thesis structure is shown below:
The background information, for example, the wireless charging standard and the typologies compen-
sation network will be introduced in Chapter 1. Besides, the research objectives and thesis outline will
also be introduced in Chapter 1. In Chapter 2, the definition of the coupling factor and the existing
technology of coupling factor estimation will be introduced. Theoretical review and comparison will be
implemented in this chapter. Besides, the simulation of particular methods will also be implemented
in Chapter 3. Chapter 4 is the sensitivity study for the selected method. In this Chapter, the stability
of the system will be discussed. Chapter 5 is the summary of this thesis, and future work will also be
introduced in this chapter.



2
Existing coupling factor estimation

methodology

2.1. Coupling factor
The coupling factor is an essential parameter for a WPT system. The coupling coefficient is the ratio of
the open-circuit actual voltage ratio to the ratio that would be obtained if all the flux coupled from one
magnetic circuit to the other. The coupling coefficient can be represented by the formula 2.1:

𝑘 = 𝑀
√𝐿1𝐿2

(2.1)

Where 𝑘 is the coupling factor, 𝑀 is the mutual inductance, 𝐿1 is the inductance of the first coil and 𝐿2
is the inductance of the second coil.
The efficiency of a WPT system is depended on mutual inductance between the transmitting side and
receiving side, quality factors of the coils and resonant frequency, etc. Therefore, to estimate the cou-
pling factor accurately is important to assess a WPT system.

2.2. Existing methodology
At present, existing coupling factor estimation methodology can be divided into two different categories
as shown in Figure 2.1. The first category is for the static case and the second category is for the
dynamic case. Static case means the receivers will not move when being charged and the dynamic
case means the receivers will move when being charged.

This thesis is mainly focused on the static case. For static cases, the existing methodology can be
classified into three different categories
1. Using information from the primary side.
2. Using information from the secondary side.
3. Using information from both two sides.
The information of the primary side or the secondary side can be the measured value, for example,
current, voltage and frequency. It can also be the circuit parameter, such as the resistance.

Some typical methodologies will be introduced below.

[20] proposed a method that can estimate the secondary side information and mutual inductance
by using the primary side information. The circuit topology is shown in Figure 2.2.

The known parameters and unknown parameters are shown in Table 2.1.

11
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Figure 2.1: Existing methodology

Figure 2.2: Circuit topology of [20]

The input voltage can be changed by using switch sw0, as a dc-dc converter. The operating fre-
quency can be changed by switch 1 and switch 2, as a resonant inverter. The circuit will be operated
in three different frequency, fa, fb and fc. fb and fc are multiples of fundamental frequency fa.

The flow chart of this methodology is shown in Figure 2.3.

For each frequency case, 𝑣𝑖𝑛 and 𝑖𝑖𝑛 will be sampled first. After applying Goertzel algorithm, the
voltage, current and phase of these three frequencies can be obtained. Then, the capacitance of the
secondary side can be calculated by the frequency a and b component. Similarly, the capacitance of
the secondary side by frequency a and c component can also be obtained. After that, the deviation
between these two values can be calculated, and the minimum deviation is the capacitance of the sec-
ondary side.

Mutual inductance can be obtained in a similar way when the capacitance of the secondary side is
known.

Table 2.1: Known and unknown parameters of [20]

Known parameters Unknown parameters
Self inductance, Resistance,
Capacitance of the primary side,
Frequency, Phase

Capacitance of the secondary side,
Mutual inductance
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Figure 2.3: Flow chart of [20]

[21] proposed a methodology that uses the voltage and current of the secondary side to obtain the
mutual inductance and voltage of the primary side. The circuit topology is shown in Figure 2.4.

A half active rectifier is applied on the secondary side and so that the system will work in rectification
mode or short mode as the Figure 2.5 shown.

The known parameters and unknown parameters are shown in the Table 2.2.

First, two sets of electrical parameters of two different operation modes are obtained.
Then equations between known parameters and unknown parameters can be built.

𝐼2 ≃
𝜔0𝐿𝑚𝑉11 − 𝑅1𝑉21
𝑅1𝑅2 + (𝜔0𝐿𝑚)

2 =
2√2
𝜋

𝜔0𝐿𝑚𝑉1 − 𝑅1𝑉2
𝑅1𝑅2 + (𝜔0𝐿𝑚)

2 (2.2)

Table 2.2: Known and unknown parameters of [21]

Known parameters Unknown parameters
The current and voltage of the secondary side,
Frequency, Resistance

Mutual inductance,
The voltage of the primary side
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Figure 2.4: Circuit topology of [21]

Figure 2.5: Circuit topology of [21]

𝜔0 =
1

√𝐿1𝐶1
= 1
√𝐿2𝐶2

(2.3)

𝜔0𝐿𝑚𝑉11 − 𝐼2 (𝜔0𝐿𝑚)
2 = 𝑅1 (𝑉21 + 𝑅2𝐼2) (2.4)

Where 𝐿1, 𝐿2, 𝐶1 and 𝐶2 are the inductance and capacitance of the primary side and the secondary
side. 𝑅1 and 𝑅2 are the resistance of the primary side and the secondary side. 𝜔0 is the resonant
frequency, 𝐿𝑚 is the mutual inductance, 𝑉11 and 𝑉21 are the RMS values of the fundamental primary
and secondary voltages, 𝐼11 and 𝐼2 are the RMS values of the fundamental primary and secondary
current.

The equation then can be derived to

𝑥1 − 𝐼2𝑥2 = 𝑅1 (𝑉21 + 𝑅2𝐼2)

𝑥 = [ 𝑥1 𝑥2 ]
𝑇 ∶= [ 𝜔0𝐿𝑚𝑉11 (𝜔0𝐿𝑚)

2 ]
𝑇 (2.5)

�̂� = [ �̂�1 �̂�2 ]
𝑇 = 𝐴−1𝑏

𝐴 ∶= [ 1 −𝐼2𝑟
1 −𝐼2𝑠 ] , 𝑏 ∶= [

𝑅1 (𝑉21𝑟 + 𝑅2𝐼2𝑟)
𝑅1 (𝑉21𝑠 + 𝑅2𝐼2𝑠) ]

(2.6)

Therefore, the primary side information can be calculated by solving these equations.

𝑉21𝑟 =
2√2
𝜋 𝑉2𝑟 =

2√2
𝜋 (𝑉𝑑𝑐 + 2𝑉𝑓)

𝑉21𝑠 =
2√2
𝜋 𝑉2𝑠 = 0

�̂�𝑚 =
1
𝜔0
√�̂�2

�̂�1 =
𝜋
2√2

�̂�11 =
𝜋
2√2

�̂�1
𝜔0�̂�𝑚

(2.7)
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Table 2.3: Known and unknown parameters of [7]

Known parameters Unknown parameters
Radius, Space, Turns,
Loop current, Frequency Mutual inductance

[7] introduced a unique methodology that uses the geometry of the coil of transmitter and receiver
to calculate the information of the secondary side. The system and coils are shown in Figure 2.6.

Figure 2.6: System and coils topology of [7]

The known parameters and unknown parameters are shown in the Table 2.3.

First, the relationship between radius and turns can be calculated by mathematical derivation.

𝑟𝑖 = 𝑟1 +
𝑠
2 + (𝑖 − 1)𝑠

𝑖 = 1, 2, 3, …𝑁 - Total number of turns

Then the equation of magnetic vector potential in any point on the open loop can be built according
to Ampere’s law.

𝐴𝜑 =
𝜇0𝐼1
4𝜋 2∮

𝜋

0

𝑟1 cos𝜑𝑑𝜑
√𝑟21 + 𝑟22 − 2𝑟1𝑟2 cos𝜑 + 𝑑2

(2.8)

Parameter k is assumed as the equation 2.9.

𝑘 = 2√
𝑟1𝑟2

(𝑟1 + 𝑟2)
2 + 𝑑2

(2.9)

Based on the mathematical analysis, the expression of self inductance and mutual inductance can be
obtained. K(k) and E(k) are the complete elliptic integrals of the first and the second kind.

𝑀 = 2𝜇0√𝑟1𝑟2
𝑘 [(1 − 𝑘2

2 )𝐾(𝑘) − 𝐸(𝑘)]

𝑀 = ∑𝑁1𝑖 ∑𝑁2𝑗
2𝜇0√𝑟𝑖𝑟𝑗

𝑘 [(1 − 𝑘2
2 )𝐾(𝑘) − 𝐸(𝑘)]

(2.10)
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In [22] a derivation for the equations for estimating the coupling factor in single receiver WPT sys-
tems and multiple receivers WPT systems by using the information from only the transmitting side or
the receiving side has been given. The equation with impedance, operating frequency and mutual in-
ductance can be derived by the equivalent circuit in Figure 2.7 and Figure 2.8.

Figure 2.7: Circuit topology of a single receiver of [22]

Figure 2.8: Circuit topology of multiple receivers of [22]

The known parameters and unknown parameters are shown in Table 2.4.

𝐿𝑚 =
1
𝜔
√[Re {𝑍in } − 𝑅1] [(𝑍𝐿 + 𝑅2)

2 + 𝑍2𝐴2]
𝑍𝐿 + 𝑅2

(2.11)

For multiple receivers, based on the information of receiving side, the equation 2.12 and 2.13 can
be build.

[
𝑍in (1)
𝑍in (2)
⋮

] = [
𝑃1
𝑃2
⋮
] + [

𝑄11 𝑄12 ⋯
𝑄21 ⋱ ⋮
⋮ ⋯ 𝑄𝑚𝑚

] [
𝐿212
𝐿213
⋮
] (2.12)
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Table 2.4: Known and unknown parameters of [22]

Known parameters Unknown parameters
The current, voltage of primary side,
Frequency, Self inductance of
primary side and secondary side,
Capacitance of both two sides,
Load, Resistance

Mutual inductance

𝑃𝑣 = 𝑅1 + 𝑗𝜔𝑣𝐿1 +
1

𝑗𝜔𝑣𝐶1

𝑄𝑢𝑣 =
𝜔2

𝑍𝑢 + 𝑅𝑢 + 𝑗𝜔𝑗𝐿𝑢 +
1

𝑗𝜔𝑣𝐶𝑢

(2.13)

For a single receiver, based on the information of receiving side, the inductance is shown in equation
2.14.

𝐿𝑚 =
1
2𝜔 [

𝑉1
𝑉2
𝑍2 ±√(

𝑉1
𝑉2
𝑍2)

2
+ 4𝑅1 (𝑅2 + 𝑍2)] (2.14)

For multiple receivers, based on the information of receiving side, the inductance is shown in equa-
tion 2.15.

𝐿12 =
𝑉1
𝜔
𝑍2𝑎𝑉2𝑏 (𝑅2 + 𝑍2𝑏) − 𝑍2𝑏𝑉2𝑎 (𝑅2 + 𝑍2𝑎)

𝑉2𝑎𝑉2𝑏 (𝑍2𝑏 − 𝑍2𝑎)
(2.15)

Therefore, the coupling coefficient can be derived. The result is verified by an experimental system.

Based on a series-series-type WPT system,[19] added an extra capacitor in the system, so that the
system can work in two operation modes. Based on the two different operation modes, the respective
mathematical model will be established and analyzed. The capacitance switching schematic is shown
in Figure 2.9.

Figure 2.9: The schematic of capacitance switching [19]

The known parameters and unknown parameters are shown in Table 2.5.

The working mode can be changed by opening or closing the switch. In working mode 1, the switch
is off and the system is designed to be in full resonance. There is only C1 in the capacitance switching
part. In working mode 2, the switch is on and both C1 and C2 are placed in the circuit. The operating
frequency is adjusted by detecting the current zero crossings. There are two sets of electrical param-
eters of the system based on two operating modes.
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Table 2.5: Known and unknown parameters of [19]

Known parameters Unkonwn parameters
Current, voltage of primary side,
resonant frequency, self inductance,
capacitance, resistance

Mutual inductance,
load

Based on the basic theory of reflected impedance, the equation of impedance can be derived as
equation 2.16.

𝑍𝑠 = 𝑗𝜔𝐿𝑠 +
1

𝑗𝜔𝐶𝑠
+ 𝑗 Im𝑍𝐿 + Re𝑍𝐿 + 𝑅𝑠

𝑍𝑟 = 𝜔2𝑀2/𝑍𝑠 = Re𝑍𝑟 + 𝑗 Im𝑍𝑟
(2.16)

When the system is operated in mode 1(there is only 𝐶1 in the circuit), the resonant frequency of this
circuit can be written as equation 2.17:

1
𝜔2ref

= 𝐿𝑝𝐶𝑝 = 𝐿𝑠𝐶𝑠 (2.17)

When the system is operated in mode 1(there are both 𝐶1 and 𝐶2 in the circuit), the resonant frequency
of this circuit can be written as equation 2.18:

1
𝜔2ref

= 𝐿𝑝 ⋅ (𝐶1 + 𝐶2) (2.18)

The imaginary part of the reflected impedance of the primary side is zero when the system is under the
full primary resonance.

𝜔𝐿𝑝 −
1
𝜔𝐶𝑝

+ Im𝑍𝑟 = 0 (2.19)

The real part of the reflected impedance of the primary side can be obtained by the formula 2.20.

𝐼𝑝 =
𝑈𝑝

Re𝑍𝑟 + 𝑅𝑝
(2.20)

According to the equation of the impedance and the system’s electrical parameters, the equation of the
inductance and mutual inductance can be established.

𝐿 = 𝛼 ⋅ 𝛽 + 𝛾 ⋅ 𝜆
𝜔1 ⋅ 𝛼 − 𝜔2 ⋅ 𝛾

(2.21)

𝛼 = Im𝑍𝑟1 ⋅ (0.9𝐸DC − 𝐼𝑝2𝑅𝑝) ⋅ 𝐼𝑝1

𝛽 = 𝜔2𝐿𝑠 −
1

𝜔2𝐶𝑠
𝛾 = Im𝑍𝑟2 ⋅ (0.9𝐸DC − 𝐼𝑝1𝑅𝑝) ⋅ 𝐼𝑝2

𝜆 = 𝜔1𝐿𝑠 −
1

𝜔1𝐶𝑠

(2.22)

𝑀 = √
Im𝑍𝑟2 ⋅ [Re𝑍2𝑠 + (

1
𝜔2𝐶𝑠

− 𝜔2𝐿𝑠 − 𝜔2𝐿)
2
]

𝜔22 (
1

𝜔2𝐶𝑠
− 𝜔2𝐿𝑠 − 𝜔2𝐿)

(2.23)

Therefore, the coupling factor can be calculated.

Except for static wireless charging, dynamic wireless charging is also needed. Unlike the static
WPT system, the coupling factor of a dynamic WPT system will change drastically when the primary
side or the secondary side moves. Estimating the change of coupling factor is necessary to monitor
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the system. Literature [23] proposed a maximum WPT system efficiency tracking method based on
dynamic WPT system coupling factor estimation. The schematic of the main circuit of the dynamic
WPT system is shown in Figure 2.10.
The output voltage can be controlled by changing the duty cycle d1 of the primary side buck-boost

Figure 2.10: Circuit topology of [23]

converter. The load can be controlled by changing the duty cycle d2 of the secondary-side buck-boost
converter.
First, similar to the estimation of the coupling factor of a staticWPT system, the initial coupling coefficient
can be estimated based on the circuit analysis. The relationship between the coupling factor and the
duty cycle is obtained according to the circuit analysis.

𝑍𝑠 =
8
𝜋2 (

1 − 𝑑2
𝑑2

)
2
𝑅𝑙 + 𝑅𝑠 (2.24)

𝑈𝑠 = 𝑈in
2√2𝑑1

𝜋 (1 − 𝑑1)
(2.25)

𝐼𝑝 =
𝑈𝑠

𝑅𝑝 + 𝑍ref
(2.26)

𝛼 = √2𝜋𝑅𝑟−𝑖𝑛𝑑2
4 (𝑅𝑟−𝑖𝑛 + 𝑅𝑠) (1 − 𝑑2)

(2.27)

𝑘 =
𝛼𝑈𝑠𝑍𝑠 ±√(𝛼𝑈𝑠𝑍𝑠)

2 − 4𝑅𝑝𝑈2𝑙 𝑍𝑠
2𝜔𝑈𝑙√𝐿𝑝𝐿𝑠

(2.28)

If there is a difference between the required output voltage and the real output voltage, the duty cycle
d1 will automatically change. The relationship of the previous coupling factor, the latest coupling factor
and the duty cycle d1 can be derived by mathematical derivation.

𝜉 = 𝑈𝑙− req
2𝑅𝑝 (𝑑22 (2𝜋4𝑅𝑠 + 16𝜋2𝑅𝑙) − 32𝜋2𝑅𝑙𝑑2 + 16𝜋2𝑅𝑙) ,

𝜓 = 𝑈2𝑙−req𝑅𝑝 (𝑑22 (−𝜋4𝑅𝑠 − 8𝜋2𝑅𝑙) + 16𝜋2𝑅𝑙𝑑2 − 8𝜋2𝑅𝑙) ,
𝛿 = 𝑈𝑙−req2𝑅𝑝 (𝑑22 (−𝜋4𝑅𝑠 − 8𝜋2𝑅𝑙) + 16𝜋2𝑅𝑙𝑑2 − 8𝜋2𝑅𝑙)
+ 𝑈2𝑠 𝑅2𝑙 (16𝑑22 − 32𝑑2 + 16) ,

𝛽 = −1
𝑈𝑙−req𝜋2𝜔𝑑2

, 𝛾 = 4𝑈𝑠𝑅𝑙 (1 − 𝑑2) .

(2.29)

[(𝑘𝑝 + Δ𝑘) − 𝑘𝑝]
[(𝑑1𝑝 + Δ𝑑1) − 𝑑1𝑝]

= 𝜕𝑓 (𝑑1)
𝜕𝑑1

|
𝑑1=𝑑1𝑝

(2.30)
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Δ𝑘
Δ𝑑1

= 𝜕𝑓 (𝑑1)
𝜕𝑑1

|
𝑑1=𝑑1𝑝

(2.31)

k𝑙 = 𝑘𝑝 + Δ𝑑1
𝜕𝑓 ( d1)
𝜕𝑑1

|
𝑑1=𝑑1𝑝

(2.32)

The flow chart is shown in Figrue 2.11.

Figure 2.11: Flow chart of [23]

Therefore, the dynamic coupling factor estimation can be implemented.

2.3. Summary
The summary table of these methodologies is shown in Table 2.6.
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Table 2.6: Summary table of the common methodologies

Method Advantage Disadvantage
Online estimation
based on the primary
side information

Only require information
of primary side. Complex calculation.

Estimation based
on the secondary
information

Only require information
of the secondary side.

External circuit is
required in the secondary side.

Estimation based
on geometry
properties

Do not require many
electrical parameters. Ignore the misalignment.

Estimation based
on circuit analysis
of the primary side
or the secondary
side information

Clear and simple. Information of load
is required.

Estimation based
on switching
capacitors

Clear and simple. Information
of load is not required.

An external circuit is
required on the primary side.

Dynamic estimation
based on changing
duty cycle

Estimation of
the dynamic wireless
charging.

Complex control and calculation.

The method ’online estimation based on primary side information’ let the circuit operate in three dif-
ferent frequencies and use three sets of parameters to obtain the information of the secondary side and
mutual inductance. The advantage is that it only uses the information of the primary side. However,
the calculation is too complex.
The method ’estimation based on secondary information’ let the circuit operate in two different modes.
The mutual inductance can be calculated based on these two sets of parameters. It only uses infor-
mation of the primary side but it will add an external circuit on the secondary side.
The method ’estimation based on geometry properties’ provides an innovative method that uses the
geometry of the coil to obtain the mutual inductance. It doesn’t need many electrical parameters but it
ignores the misalignment of coils.
The method ’estimation based on circuit analysis of primary side or receiving side information ’ obtain
the mutual inductance based on the parameters from both the primary side and the secondary side.
However, it needs the information of the load.
The method ’estimation based on switching capacitors’ makes the circuit work under two different ca-
pacitance of the primary side. Then the mutual inductance and load can be identified. A external circuit
on the primary side is needed, but it is easy to implement.
The method ’dynamic estimation based on changing duty cycle’ obtain the mutual inductance of dy-
namic wireless charging by adjusting the duty cycle of the buck-boost converter. However, the control of
the system is complex and the calculation of mutual inductance is complex. In summary, the methodol-
ogy ’estimation based on switching capacitors’ has a better performance compared with other method-
ologies. Therefore, this thesis will focus on this methodology. The simulation will be implemented in the
next section. Besides, in order to compare the accuracy of this methodology, the simulation of another
method of ’estimation from the information of primary side or receiving side’ will also be implemented.





3
Simulation based study of parameter

identification
In this section, the simulation of the selected method will be implemented. The methodology structure
of the literature [19] is shown in Figure 3.1.

Figure 3.1: Flow chart of [19]

First, the information of the current and voltage from the primary side can be obtained by the current
sensor and voltage sensor. Then the information of current will be sent to three different units. The first
is the frequency detection unit. After receiving the current information, the two different frequencies
can be obtained. The second is the RMS detection unit. The RMS value of two different currents will
be calculated after receiving the current information. Both frequency information and RMS information
of the current will be sent to the identification unit. Besides, the information of voltage will also be sent
to the identification unit. Then the load information and coupling factor can be obtained. The last unit
for the current information is the zero crossing unit. The inverter operating frequency is adjusted by
detecting the current zero crossings to make the system work under the primary resonant state.

Therefore, the system can be separated into six unit. Frequency detection unit, RMS detection
unit, zero crossing unit, frequency adjustment unit and load identification unit and mutual inductance

23
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identification unit.

3.1. Assumption
There are some assumptions of simulation.
First, when the primary side is resonant, the primary side impedance, including the reflected impedance
of the secondary, is zero. Besides, the circuit is always operating at the resonant frequency.
Second, when the system works in soft-switching mode, the switching loss can be ignored. Therefore,
only the copper loss is considered in the system modeling.
Third, the load does not change much under normal operating condition.

3.2. Circuit topology and operation principle
The circuit outline is shown in Figure 3.2.

Figure 3.2: Circuit topology

3.2.1. Basic topology
For wireless power transfer systems, as section 3 introduced, it required compensation networks in
the primary side or the secondary side to improve the power factor and transfer efficiency. In order
to make the capacitance independent of load and coupling factor, this methodology applied series to
series compensation network.

On the primary side, the voltage source is a DC voltage source. The full-bridge inverter consists
of four MOSFETs. All of these MOSFETs should work in zero current switching mode. Through this
inverter network, the DC voltage will be converted to the alternating square wave voltage. The resonant
network of the primary side consists of controlled capacitance and an inductor. The alternating current
is generated from this resonant network. Therefore, an alternating magnetic field will be generated on
the primary side’s winding.

On the secondary side, the secondary side’s winding will receive the power from the alternating
magnetic field of the primary side through magnetic field coupling. The resonant network in the sec-
ondary side is consist of a capacitance and an inductor. The load is powered by the secondary side
through this resonant network.

3.2.2. Equivalent primary side voltage
On the primary side, the capacitance and the inductor can be regarded as a low pass filter. This low
pass filter can efficiently reduce the high frequency harmonic voltage and high frequency harmonic
current. Therefore, for the frequency adjusting unit, only the fundamental resonant frequency needs
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to be considered. When the full-bridge inverter works in soft switching mode, the RMS value of the
primary side voltage can be expressed as:

𝑈𝑝 =
4𝐸DC
√2𝜋

= 0.9𝐸DC (3.1)

3.2.3. Equivalent load
The load of the secondary side can be the battery of the vehicle or the battery of other electronic
products. To simplify, the load is equivalent to pure resistance.

3.2.4. Two different modes of controlled capacitance in the primary side
There are two capacitances in the primary side circuit. For capacitance 1, it is connected to the cir-
cuit directly. For capacitance 2, a controllable switch is applied to connect it to the circuit. Through
this controllable switch, the wireless power transfer system can work in two different modes with two
different primary side capacitance. For the circuit parameter designing, the value of capacitance 2 is
required to make the system have an observable change, including the resonant frequency and the
current. However, the value of capacitance should not be too large otherwise it will cause high stress
on the circuit component.

3.2.5. Circuit analysis
In order to study this estimation method, the circuit should be analyzed theoretically.
According to Kirchhoff’s law,

𝑈𝑠 = (𝑅𝑝 + 𝑗𝜔𝐿𝑝 +
1
𝑗𝐶𝑝

) 𝐼𝑝 − 𝑗𝜔𝑀𝐼𝑠

0 = −𝑗𝜔𝑀𝐼𝑝 + (𝑅𝑠 + 𝑅𝐿 + 𝑗𝜔𝐿𝑠 +
1

𝑗𝜔𝐶𝑠
) 𝐼𝑠

(3.2)

According to the equation, the relationship between 𝐼𝑃 and 𝐼𝑆 can be obtained.

𝐼𝑠 =
𝑗𝜔𝑀

𝑗𝜔𝐿𝑠 + 𝑅𝑠 + 𝑅𝐿
𝐼𝑝 (3.3)

To combine the equation 3.2 and equation 3.3, 𝐼𝑃 can be expressed as

𝐼𝑝 =
𝑈𝑝

(𝑗𝜔𝐿𝑝 + 𝑅𝑝) +
(𝜔𝑀)2

𝑗𝜔𝐿𝑠+𝑅𝑠+𝑅𝐿

(3.4)

Let
𝑍𝑝 = 𝑅𝑝 + 𝑗𝜔𝐿𝑝 +

1
𝑗𝜔𝐶𝑝

𝑍𝑠 = 𝑅𝑠 + 𝑅𝐿 + 𝑗𝜔𝐿𝑠 +
1

𝑗𝜔𝐶𝑠

(3.5)

The input impedance of the primary side is

𝑍𝑖𝑛 =
𝑈𝑝
𝐼𝑝
= 𝑍𝑝 +

(𝜔𝑀)2
𝑍𝑠

(3.6)

Therefore, the reflected impedance 𝑍𝑟 can be expressed as

𝑍𝑟 =
(𝜔𝑀)2
𝑍𝑠

= 𝑅𝑒𝑍𝑟 + 𝐼𝑚𝑍𝑟 (3.7)

The equation of the real part and the imaginary part of the reflected impedance can be obtained

Re𝑍𝑟 =
𝜔2𝑀2 (𝑅𝑠 + Re𝑍𝐿)

(𝑅𝑠 + Re𝑍𝐿)
2 + (1/𝜔𝐶𝑠 − 𝜔𝐿𝑠 − Im𝑍𝐿)

2

Im𝑍𝑟 =
𝜔2𝑀2 (1/𝜔𝐶𝑠 − 𝜔𝐿𝑠 − Im𝑍𝐿)

(𝑅𝑠 + Re𝑍𝐿)
2 + (1/𝜔𝐶𝑠 − 𝜔𝐿𝑠 − Im𝑍𝐿)

2

(3.8)
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According to the subsection 1.1, the energy will be transferred from the primary side to the secondary
side through the primary side winding. The transferred energy from the primary side to the secondary
side will be consumed by the real part of the reflecting impedance from the secondary side. The
imaginary part of the reflecting impedance and the primary side winding are used to store and release
energy. Therefore, to operate the system in full resonance state is necessary to improve the magnetic
factor and maximize the power transfer. If there is no load on the secondary side, both the primary side
and the secondary side will operate in natural resonant frequency.

1
𝜔2ref

= 𝐿𝑝𝐶𝑝 = 𝐿𝑠𝐶𝑠 (3.9)

The imaginary part of the primary side will be zero if the primary side is under resonant. The imag-
inary part of the primary side consists of 𝜔𝐿𝑝,

1
𝜔𝐶𝑝

and the imaginary part of the reflected impedance
of the secondary side. Therefore, the relationship below can be built.

𝜔𝐿𝑝 −
1
𝜔𝐶𝑝

+ Im𝑍𝑟 = 0 (3.10)

When the system is operated in full resonant frequency, the real part of the reflected impedance
can be calculated as

𝐼𝑝 =
𝑈𝑝

Re𝑍𝑟 + 𝑅𝑝
(3.11)

By applying the capacitance switch S, the system will be operated in two different modes with two
different primary compensation capacitances.
There is only primary capacitance 𝐶1 in the primary circuit when switch 𝑆 is off. The system will be
adjusted to operate in primary resonant frequency 𝑓1 by applying the zero crossing unit to detect the
current zero crossing on the primary side. Another primary compensation capacitance 𝐶2 will be con-
nected to the primary circuit when the switching 𝑆 is on. Similarly, the system operating frequency will
be adjusted to primary resonant frequency 𝑓2 by zero crossing unit. The mutual inductance detection
and load detection will be implemented based on two different sets of electrical parameters. The details
of two different operation modes will be analyzed.

For operation mode 1: The switch 𝑆 is off and only primary compensation capacitance 𝐶1 is con-
nected to the primary circuit. The primary side current 𝐼𝑝1 can be represented as

𝐼𝑝1 =
𝑈𝑝

Re𝑍𝑟1 + 𝑅𝑝
(3.12)

The reflected impedance of the secondary side 𝑍𝑟1 can be represented as

𝑍𝑟1 = 𝜔21𝑀2/𝑍𝑠 (3.13)

For operation mode 2: The switch 𝑆 is on and both primary compensation capacitance 𝐶1 and 𝐶2
are connected to the primary circuit. The primary side current 𝐼𝑝2 can be represented as

𝐼𝑝2 =
𝑈𝑝

Re𝑍𝑟2 + 𝑅𝑝
(3.14)

The reflected impedance of the secondary side 𝑍𝑟2 can be represented as

𝑍𝑟2 = 𝜔21𝑀2/𝑍𝑠 (3.15)

According to the formula 3.10, when the circuit is operated in full resonant frequency, the imaginary
part of the reflected impedance can be calculated as

Im𝑍𝑟1 =
1

𝜔1𝐶1
− 𝜔1𝐿𝑝

Im𝑍𝑟2 =
1

𝜔2 (𝐶1 + 𝐶2)
− 𝜔2𝐿𝑝

(3.16)
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Table 3.1: Symbol of system parameters

Symbol Definition Value
𝐶1 Primary side compensation capacitance Known
𝐶2 Primary side compensation capacitance Known
𝐿𝑝 Primary side compensation inductance Known
𝑅𝑝 Primary side resistance Known
𝐶𝑠 Secondary side compensation capacitance Known
𝐿𝑠 Secondary side compensation inductance Known
𝑅𝑠 Secondary side resistance Known
𝐸𝐷𝐶 Primary side DC voltage Measured value
𝐼𝑝1 Primary side current when the circuit is operated in mode 1 Measured value
𝐼𝑝2 Primary side current when the circuit is operated in mode 2 Measured value
𝑓1 Primary side frequency when the circuit is operated in mode 1 Measured value
𝑓2 Primary side frequency when the circuit is operated in mode 2 Measured value

Table 3.2: Values of system parameters

Parameters Values
Primary side DC voltage 𝐸𝐷𝐶 10 𝑉
Primary side compensation inductance 𝐿𝑝 362 𝜇𝐻
Secondary side compensation inductance 𝐿𝑠 155 𝜇𝐻
Primary side compensation capacitance 𝐶1 27.7 𝑛𝐹
Secondary side compensation capacitance 𝐶𝑠 65.9 𝑛𝐹
Primary side resistance 𝑅𝑝 1.3 Ω
Secondary side resistance 𝑅𝑠 0.32 Ω

Therefore, the load can be calculated as

𝑅𝐿 =
(0.9𝐸DC − 𝐼𝑝2𝑅𝑝) ⋅ (

1
𝜔2𝐶𝑠

− 𝜔2𝐿𝑠 − 𝜔2𝐿)
Im𝑍𝑟2 ⋅ 𝐼𝑝2

− 𝑅𝑠 (3.17)

Besides, the mutual inductance can be calculated as

𝑀 = √
Im𝑍𝑟2 [𝑅𝑒𝑍2𝑠 + (

1
𝜔2𝐶𝑠

− 𝜔2𝐿𝑠)
2
]

𝜔22 (
1

𝜔2𝐶𝑠
− 𝜔2𝐿𝑠)

(3.18)

The parameters of these formulas are shown in the table below.

3.3. Simulation model implementation
The circuit typology in Simulink is shown in Figure 3.3.
The signal input A and B is the output of the zero crossing unit. These two controlled signals will make
the circuit operate under full resonant. The details of the zero crossing unit will be shown later.
The parameter of the circuit is shown in Figure 3.1 and 3.2.

3.3.1. Zero crossing implementation
In order to make the system operate in the primary resonant state, the full-bridge inverter working
frequency should be adjusted by detecting the primary side current zero crossings. Therefore, a zero
crossing detection unit is required.
The zero crossing implementation is shown in Figrue 3.4. The signal of the primary side current will
enter this unit and be compared with zero. For the upper comparator, if the input is larger than zero,
the output will be high. Otherwise, the upper output will be low. For the lower comparator, if the input is
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Figure 3.3: Circuit typologies in Simulink

Figure 3.4: Zero crossing unit

larger than zero, the output will be low. Otherwise, the upper output will be high. This unit will generate
two opposite control signals to the MOSFET of the full-bridge converter. The frequency of this control
signal will be the primary side resonant frequency.
The input signal and output signal in two different operation modes are shown in the figure below.
According to these waveforms in Figure 3.5 and 3.6, two complementary square wave signals are
generated based on the input signal. When the value of the input signal is larger than 0, a square wave
output signal will be set as 1 and another square wave output signal will be set as 0.
Therefore, the system can be operated in the primary side resonant frequency by applying this zero
crossing unit in the full bridge inverter.

3.3.2. PLL implementation and RMS implementation
The frequency of the input signal is required in RMS calculation. Therefore, a frequency detection unit is
required in this system. Phase locked loop is a commonly used unit to detect the phase and frequency
of the signal. Literature[24] proposed a Park PLL schematic. The block consists of a PI controller, two
filters, a Park transformation unit and an inverse Park transformation unit. The schematic is shown In
Figure 3.7.
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Figure 3.5: Input and output of zero crossing in operation mode 1

Assume the input signal 𝑒𝑖 is a purely sinusoidal signal in the form 𝑉𝑐𝑜𝑠𝜃. Where 𝑉 is the amplitude
of the input signal, 𝜃 is the signal angle and �̂� is the estimated signal angle. �̂� is the estimated angular
frequency of input signal.

The components 𝑣𝑑 and 𝑉𝑞 are obtained by Park transformation. Besides, the component 𝑉𝛽 is
obtained by inverse Park transformation unit.

The Park transformation matrix is shown in equation 3.19.

[ 𝑣𝑑𝑣𝑞 ] = [ sin �̂� cos �̂�
cos �̂� − sin �̂� ] [

𝑣𝛼
𝑣𝛽 ] (3.19)

The Park inverse transformation matrix is shown in equation 3.20.

[ 𝑣
′
𝛼
𝑣𝛽 ] = [ sin �̂� cos �̂�

cos �̂� − sin �̂� ] [
𝑣′𝑑
𝑣′𝑞 ] (3.20)

𝑣𝑑 and 𝑣𝑞 is the input of the filter and 𝑣′𝑑 and 𝑣′𝑞 is the output of the filter. The relationship between
𝑣𝑑, 𝑣𝑞, 𝑣′𝑑 and 𝑣′𝑞 is shown in equation 3.21.

𝑣′𝑑(𝑠) =
𝑣𝑑(𝑠)
𝜏𝑑𝑠 + 1

𝑣′𝑞(𝑠) =
𝑣𝑞(𝑠)
𝜏𝑞𝑠 + 1

(3.21)

Where𝜏𝑑 and 𝜏𝑞 are the time constants of the two first-order filters.
Combining equation, the state matrix and gain vector can be obtained.

𝑑
𝑑𝑡 [

𝑣′𝑑
𝑣′𝑞 ] = [

− sin2 �̂�
𝜏𝑑

− sin �̂� cos �̂�
𝜏𝑑

− sin �̂� cos �̂�
𝜏𝑞

− cos2 �̂�
𝜏𝑞

] [ 𝑣
′
𝑑
𝑣′𝑞 ] + [

sin �̂�
𝜏𝑑

cos �̂�
𝜏𝑞

] 𝑣𝛼 (3.22)

Let �̂� = �̂�𝑡 + �̂�, 𝑣𝛼 = 𝑉 cos(𝜔𝑡 + 𝜙), where �̂� is the phase difference. Assume the estimated input
frequency is the same as the real input frequency. The steady state output of the PD, �̄�′𝑑 and �̄�′𝑞 can
be obtained by zeroing the derivative terms.
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Figure 3.6: Input and output of zero crossing in operation mode 2

�̄�′𝑑 = 𝑉 sin𝜙𝑒
�̄�′𝑞 = 𝑉 cos𝜙𝑒

(3.23)

Where 𝜙𝑒 = �̂� − 𝜙. Assume the estimated angular frequency �̂� ≅ 𝜔

According to the expression 3.23, 𝜙𝑒 will be zero if �̄�′𝑑 is zero. Besides, �̄�′𝑞 is the input voltage
amplitude.
The differential equation for 𝑣′𝛼 and 𝑣′𝛽 is shown in equation 3.24.

𝑑
𝑑𝑡 [

𝑣′𝛼
𝑣′𝛽

] = [ −1/𝜏 𝑑�̂�/𝑑𝑡
−𝑑�̂�/𝑑𝑡 0 ] [ 𝑣

′
𝛼
𝑣′𝛽

] + [ 1/𝜏0 ] 𝑣𝛼 (3.24)

Both of the time constant 𝜏𝑑 and 𝜏𝑞 are set as 𝜏
Because of 𝑑�̂�/𝑑𝑡 is the definition of �̂�, the system can be regarded as a SISO linear time invariant

system.

Therefore, the eigenvalue of the system can be represented as

𝜆1,2 = −
1
2𝜏 ±

1
2
√ 1
𝜏2 − 4�̂�

2 (3.25)

According to this equation 3.25, the system is asymptotically stable to the point that the estimated
angular frequency is equal to the real angular frequency. If the time constant is too small(𝜏−1 ≫ 2�̂�),
there will be two real solutions 𝜆1 and 𝜆2. The 𝜆1 will almost equal to 𝜏(−1) and 𝜆2 will be around zero
and slow the dynamic characteristics of the system. If the time constant is too big(𝜏−1 ≪ 2�̂�), there will
be two complex conjugate solutions. The real part of these two values will be very small and will also
slow the dynamic characteristics of the system.Therefore, the time constant of these two filters should
be set as 1/(2𝜔) to ensure the fast dynamic characteristics of the system.

The implementation in Simulink is shown in Figure 3.8.
The waveform of the frequency measurement of PLL unit is shown Figure 3.9 and 3.10. In oper-

ation mode 1, the measured frequency of the designed PLL unit is range from 50.4 kHz to 50.6 kHz.
The average value of the measurement is 50.5 kHz. According to the formula 1.3, the reference value
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Figure 3.7: Topology of PLL

Table 3.3: Values of compared system parameters

Parameters Values
Primary side DC voltage 𝐸𝐷𝐶 10 𝑉
Primary side compensation inductance 𝐿𝑝 362 𝜇𝐻
Secondary side compensation inductance 𝐿𝑠 155 𝜇𝐻
Primary side compensation capacitance 𝐶1 27.7 𝑛𝐹
Primary side compensation capacitance 𝐶2 4.8 𝑛𝐹
Secondary side compensation capacitance 𝐶𝑠 65.9 𝑛𝐹
Primary side resistance 𝑅𝑝 1.3 Ω
Secondary side resistance 𝑅𝑠 0.32 Ω

of the primary frequency in operation mode 1 is 50.6 kHz. Therefore, the error of the designed PLL unit
is 0.198%.

In operation mode 2, the measured frequency of the designed PLL unit is range from 45.2 kHz
to 45.4 kHz. The average value of the measurement is 45.3 kHz. According to the formula 1.3, the
reference value of the primary frequency in operation mode 2 is 46.4 kHz. Therefore, the error of the
designed PLL unit is 2.37%.

The waveform of the RMS measurement of PLL unit is shown in Figure 3.11 and 3.12.

3.4. Compared methodology
In order to compare the estimation accuracy of this methodology, a similar method based on the infor-
mation from both the primary side and the secondary side is simulated in this subsection. The schematic
of this method is shown in Figure 3.13 and 3.14.
Similar to the topology of the selected method, the circuit also consists of DC voltage source, full

bridge inverter, winding, compensation capacitor and compensation inductance. The circuit schematic
in Simulink is shown below. In order to control the variables, the circuit parameters are the same as
the selected method. The zero crossing detection unit, PLL unit and RMS calculation unit are also the
same as the selected method.
The circuit parameters are shown in Table 3.3.
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Figure 3.8: Topology of PLL unit

3.5. Results comparison and investigation
The result of the selected method and compared method will be shown in this section.

3.5.1. Load identification
In compared methodology, the load is known parameters. Therefore, only load identification of the
selected method is implemented. The waveform of the load identification is shown in Figure 3.15. The
real value of the load, the average value of the load identification unit and the error are shown in Table
3.4.

Table 3.4: Load identification result

Real value Ω Identified value Ω Error
10 9.7057 2.943%

3.5.2. Mutual inductance identification
The waveform of the mutual inductance identification of the selected method is shown in Figure 3.16.
The waveform of the mutual inductance identification of the compared method is shown in Figure 3.17.
The real value of the mutual inductance, the average value of the mutual inductance identification unit
and the error are shown in Table 3.5.

According to the result of the selected method and compared method, the selected method has
better performance in the accuracy of mutual inductance identification.
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Figure 3.9: Frequency measurement of PLL unit in operation mode 1

Table 3.5: Mutual inductance identification result

Real value 𝜇𝐻 Identified value 𝜇𝐻 Error
Selected method 35 35.382 1.09%
Compared method 35 37.203 6.29%

Figure 3.10: Frequency measurement of PLL unit in operation mode 2



34 3. Simulation based study of parameter identification

Figure 3.11: RMS measurement of PLL unit in operation mode 1

Figure 3.12: RMS measurement of PLL unit in operation mode 2
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Figure 3.13: Circuit topology

Figure 3.14: Circuit schematic in Simulink
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Figure 3.15: Load identification
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Figure 3.16: Mutual inductance identification of the selected method
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Figure 3.17: Mutual inductance identification of the compared method



4
Sensitivity study

In reality, the circuit parameters will fluctuate due to circuit aging. Therefore, it is necessary to estimate
the accuracy of the method ’switching capacitance’ when the circuit parameters are not the same as
the rated value.

In this chapter, the influence of each circuit parameter’s fluctuation will be analyzed. The circuit is
always operated in full resonant state.

For primary capacitance 𝐶1:

Real value of 𝐶1 /𝑛𝐹 Error of 𝐶1
Identified value
of 𝑀 /𝜇𝐻 Error of 𝑀 Identified value

of load /Ω Error of load

24.93 -10% 32.251i - -7.8279 -
26.315 -5% 1.2e-4 + 4.6e-5i - 68.3673 -
27.7 0 35.382 1.09% 9.7057 2.94%
29.085 5% 40.481 0.71% 9.8371 1.35%
30.47 10% 49.942 1.11% 9.9201 2.21%

The deviation of the primary capacitance 𝐶1 makes the system unstable. The reason is that the
difference of the 𝐶1 makes the operating frequency of the WPT system deviate from the expected fre-
quency. The frequency detection unit and RMS detection unit can detect the respective frequency and
RMS value. However, the load identification unit and mutual inductance identification unit will still use
the default value of the circuit parameter. Therefore, the system will become unstable.

In order to ensure the stability of the system, the circuit parameters should be uploaded to the load
identification unit and mutual inductance identification unit. The table below shows the identified value
and accuracy of load identification and mutual inductance identification when the deviation of 𝐶1 is
uploaded to the identification unit.

Real value of 𝐶1 /𝑛𝐹 Error of 𝐶1
Identified value
of 𝑀 /𝜇𝐻 Error of 𝑀 Identified value

of load /Ω Error of load

24.93 -10% 35.097 1.10% 9.5989 4.01%
26.315 -5% 35.23 1.41% 9.5689 4.31%
27.7 0 35.382 1.09 % 9.7057 2.94%
29.085 5% 35.634 1.35% 9.8371 1.63%
30.47 10% 35.776 2.21% 9.9201 0.80%

According to the table, the accuracy of load identification and mutual inductance identification re-
main about 98%.
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For primary capacitance 𝐶2:

Real value of 𝐶2 /𝑛𝐹 Error of 𝐶2
Identified value
of 𝑀 /𝜇𝐻 Error of 𝑀 Identified value

of load /Ω Error of load

4.32 -10% 37.674 6.478% 14.3813 48.174%
4.56 -5% 35.964 1.928% 11.5961 19.477%
4.8 0 35.382 1.09% 9.7057 2.94%
5.04 5% 35.461 0.223% 8.3497 13.971%
5.28 10% 36.402 1.865% 7.2971 24.816%

Similar to the primary side 𝐶1, the deviation of 𝐶2 also makes the system unstable. However, it has
less influence compared with 𝐶1. The reason is that the value of 𝐶1 is larger than 𝐶2. Similar to the 𝐶1,
the table below shows the accuracy of load and mutual inductance when the deviation of 𝐶2 is uploaded
to the identification unit.

Real value of 𝐶2 /𝑛𝐹 Error of 𝐶2
Identified value
of 𝑀 /𝜇𝐻 Error of 𝑀 Identified value

of load /Ω Error of load

4.32 -10% 35.372 1.06% 9.7186 2.81%
4.56 -5% 35.401 1.15% 9.7573 2.43%
4.8 0 35.382 1.09% 9.7057 2.94%
5.04 5% 35.506 1.45% 9.7538 2.46%
5.28 10% 35.526 1.50% 9.7631 2.37%

The accuracy of load identification and mutual inductance identification is higher than 97% when
the deviation of 𝐶2 is uploaded to the identification unit.

For secondary capacitance 𝐶𝑠:

Real value of 𝐶𝑠 /𝑛𝐹 Error of 𝐶𝑠
Identified value
of 𝑀 /𝜇𝐻 Error of 𝑀 Identified value

of load /Ω Error of load

59.31 -10% 28.802i 21.666% 5.839 39.839%
62.605 -5% 31.129 12.020% 7.4026 23.729%
65.9 0% 35.382 1.09% 9.7057 2.94%
69.195 5% 41.287 16.689% 13.3725 37.780%
72.49 10% 51.993 46.948% 21.6607 123.175%

Similar to the 𝐶1, the deviation of 𝐶𝑠 also makes the system become unstable. According to formula
3.8, the deviation of 𝐶𝑠 will not influence the value of 𝐼𝑚𝑍𝑟. Therefore, different from 𝐶1, the deviation of
𝐶𝑠 will not make the load identification become a negative value. The mutual inductance identification
will not be calculated as a complex value. The table below shows the accuracy of load and mutual
inductance when the deviation of 𝐶𝑠 is uploaded to the identification unit.

Real value of 𝐶𝑠 /𝑛𝐹 Error of 𝐶𝑠
Identified value
of 𝑀 /𝜇𝐻 Error of 𝑀 Identified value

of load /Ω Error of load

59.31 -10% 34.536 1.33% 9.8794 1.22%
62.605 -5% 35.38 1.09% 9.7666 2.33%
65.9 0% 35.382 1.09% 9.7057 2.94%
69.195 5% 35.007 0.02% 9.5031 4.97%
72.49 10% 34.005 2.7% 9.1063 8.94%

The accuracy of load identification is higher than 90 % when the deviation of 𝐶𝑠 is uploaded to the
identification unit. However, when the deviation of 𝐶𝑠 is around 5%, the accuracy of mutual inductance
identification is around 81%. The reason is the value of 𝐶𝑠 is higher than 𝐶1, therefore, the error of the
identification value will be larger.
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For primary inductance 𝐿𝑝:

Real value of 𝐿𝑝 /𝜇𝐻 Error of 𝐿𝑝
Identified value
of 𝑀 /𝜇𝐻 Error of 𝑀 Identified value

of load /Ω Error of load

325.8 -10% 28.802i - -5.309 -
343.9 -5% 122.88i - -203.128 -
362 0 35.382 1.09% 9.7057 2.94%
380.1 5% 35.643 0.74% 9.8511 1.49%
398.2 10% 35.79 1.15% 9.9527 2.54%

The deviation of the primary inductance 𝐿𝑝 will also makes the system unstable. Similar to the pri-
mary side capacitance, the difference of the 𝐿𝑝 makes the system operating frequency of WPT system
deviate. The frequency detection unit and RMS detection unit can detect the respective frequency
and RMS value but the load identification unit and mutual inductance identification unit will still use
the default value of the circuit parameters. Therefore, the system will become unstable. The table
below shows the accuracy of load and mutual inductance when the deviation of 𝐿𝑝 is uploaded to the
identification unit.

Real value of 𝐿𝑝 /𝜇𝐻 Error of 𝐿𝑝
Identified value
of 𝑀 /𝜇𝐻 Error of 𝑀 Identified value

of load /Ω Error of load

325.8 -10% 35.096 0.27% 9.522 4.78%
343.9 -5% 35.209 0.60% 9.6507 3.50%
362 0 35.382 1.09% 9.7057 2.94%
380.1 5% 35.643 1.84% 9.8511 1.49%
398.2 10% 35.79 2.26% 9.9527 0.46%

The accuracy of load identification and mutual inductance identification is higher than 97% when
the deviation of 𝐿𝑝 is uploaded to the identification unit.

For secondary inductance 𝐿𝑠:

Real value of 𝐿𝑠 /𝜇𝐻 Error of 𝐿𝑠
Identified value
of 𝑀 /𝜇𝐻 Error of 𝑀 Identified value

of load /Ω Error of load

139.5 -10% 29.206 17.455% 6.5201 32.822%
147.25 -5% 31.868 9.932% 7.8256 19.371%
155 0 35.382 1.09% 9.7057 2.94%
162.75 5% 40.366 14.086% 12.7966 31.846%
170.5 10% 49.495 39.888% 19.5454 101.381%

Similar to 𝐶𝑠, the deviation of 𝐿𝑠 will also make the system unstable. According to formula 3.8, the
deviation of 𝐿𝑠 will not influence the value of 𝐼𝑚𝑍𝑟. Therefore, the deviation of 𝐿𝑠 will keep the load
identification as a positive value. The mutual inductance identification will remain a real value. The
table below shows the accuracy of load and mutual inductance when the deviation of 𝐿𝑠 is uploaded to
the identification unit.

Real value of 𝐿𝑠 /𝜇𝐻 Error of 𝐿𝑠
Identified value
of 𝑀 /𝜇𝐻 Error of 𝑀 Identified value

of load /Ω Error of load

139.5 -10% 35.609 1.74% 9.8378 1.62%
147.25 -5% 35.497 1.42% 9.808 1.92%
155 0 35.382 1.09% 9.7057 2.94%
162.75 5% 35.098 0.28% 9.5837 4.16%
170.5 10% 34.359 1.83% 9.2456 7.54%

The accuracy of mutual inductance identification is higher than 97% and the accuracy of load iden-
tification is higher than 90 % when the deviation of 𝐿𝑠 is uploaded to the identification unit.
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For primary resistance 𝑅𝑝:

Real value of 𝑅𝑝 /Ω Error of 𝑅𝑝
Identified value
of 𝑀 /𝜇𝐻 Error of M Identified value

of load /Ω Error of load

1.17 -10% 34.897 1.371% 9.5006 4.99%
1.235 -5% 35.118 0.746% 9.6324 3.68%
1.3 0 35.382 1.09% 9.7057 2.94%
1.365 5% 35.577 0.551% 9.8611 1.389%
1.43 10% 35.81 1.195% 9.9739 0.26%

The primary side resistance 𝑅𝑝 has minimal impact on mutual inductance identification and load iden-
tification. The value of 𝑅𝑝 varies from 90% to 110%, while the error of mutual inductance identification
is less than 1.5 % and the error of load identification is less than 3%.

For secondary resistance 𝑅𝑠:

Real value of 𝑅𝑠 /Ω Error of 𝑅𝑠
Identified value
of 𝑀 /𝜇𝐻 Error of 𝑀 Identified value

of load /Ω Error of load

0.288 -10% 35.382 1.09% 9.4359 5.641%
0.304 -5% 35.382 1.09% 9.4199 5.801%
0.32 0 35.382 1.09% 9.7057 2.94%
0.336 5% 35.382 1.09% 9.3879 6.121%
0.352 10% 35.382 1.09% 9.3719 6.281%

Similar to the primary side resistance 𝑅𝑝, the secondary side resistance 𝑅𝑠 also have little effect to load
identification. Due to the expression of 𝑅𝐿,

𝑅𝐿 =
(0.9𝐸DC − 𝐼𝑝2𝑅𝑝) ⋅ (

1
𝜔2𝐶𝑠

− 𝜔2𝐿𝑠 − 𝜔2𝐿)
Im𝑍𝑟2 ⋅ 𝐼𝑝2

− 𝑅𝑠 (4.1)

The error of the 𝑅𝐿 will be the same as the error of the 𝑅𝑠. According to the expression of 𝑀,

𝑅𝑒𝑍𝑠 = 𝑅𝐿 + 𝑅𝑠𝑀 = √
Im𝑍𝑟2 [𝑅𝑒𝑍2𝑠 + (

1
𝜔2𝐶𝑠

− 𝜔2𝐿𝑠)
2
]

𝜔22 (
1

𝜔2𝐶𝑠
− 𝜔2𝐿𝑠)

(4.2)

The error of the 𝑅𝑠 will be balanced so that it do not affect the identification of mutual inductance.

For load 𝑅𝐿:
In real life, different load is the most common scenario. In this case, the load is set to vary from 50%

Real value of Load /Ω Identified value of 𝑀 Error of 𝑀 Identified value of load /Ω Error of load
5 35.604 1.726% 5.0001 0.002%
10 35.382 1.09% 9.7057 2.94%
15 34.783 0.62% 14.0729 6.18%
20 34.194 2.303% 18.1983 9.01%
30 33.508 4.263% 26.5437 11.521%

to 300 % while the errors of the mutual inductance are always under 5% and the errors of the load are
no more than 12%.



5
Summary and future work

With the population of EVs, the demand of vehicle charging is also increasing. As an innovative charg-
ing method, wireless power transfer can avoid some safety issues compared with traditional vehicle
charging. The coupling factor is one of the most important parameters of the wireless power trans-
fer system. In order to optimize the transfer efficiency, estimating the coupling factor accurately is
necessary. The objective of this work is to review and classify existing methodologies of coupling fac-
tor estimation. Besides, comparison in simulation tools are implemented. In simulation chapter, the
implementation of zero-crossing unit and PLL unit are implemented.

5.1. Summary
In Chapter 1, the background of the WPT system is introduced. Besides, the equivalent circuit of the
WPT system is analyzed. Based on the circuit analysis, the influence of the coupling factor is studied.
The research objectives are also proposed in this chapter.
In Chapter2, the existing methodologies of coupling factor are reviewed. Six different methodologies
are analyzed and concluded.
Chapter 3 made a detailed analysis of one methodology that uses alternative primary side capacitance.
Simulation in Simulink is implemented. The zero-crossing unit and PLL unit are designed and tested.
Besides, another methodology is also simulated and compared in this chapter. The selected method
has better accuracy compared with another method.
In Chapter 4, the sensitivity of the system is tested. The circuit parameter will fluctuate from 95% to
105%. The systemwork in stable status when the primary side resistance, secondary side resistance or
load fluctuate. However, the system will become unstable when the value of primary side capacitance,
primary side inductance, secondary side capacitance and secondary side inductance fluctuate. The
reason is that the frequency detection unit and RMS detection unit can detect the deviation, however,
the load identification unit and mutual inductance identification unit will use the default value. Therefore,
the estimation of mutual inductance and load will have a huge derivation. Once the deviation of the
circuit parameter is uploaded to the load identification unit and mutual inductance identification unit,
the accuracy of the system will remain at a high level.

5.2. Future work
There are still some future works about this thesis.
First, according to the sensitivity study, the system will become unstable because of the derivation of
the primary side capacitance, primary side inductance and secondary side inductance. In reality, the
derivation of circuit parameters is common. Therefore, capacitance and inductance identification unit
is necessary.
Second, this thesis only considers the load as pure resistance. However, in reality, the load may
consists of external inductance and capacitance. The methodology is available when the load consists
of external inductance. But in the simulation, this part is not implemented.
Third, this methodology only considers static wireless power transfer. However, the dynamic WPT
system is also required. More further works need to be done on dynamic wireless charging.
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