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Summary

Scour can jeopardise a hydraulic structure if not adequately dealt with. Hence, a good understanding
of scour development during the design of a hydraulic structure is required. Empirical relations can
be applied to obtain an initial estimate on scour dimensions in a quick and cheap manner. Currently
available empirical relations, however, lack accuracy in 3-D geometries. A better understanding of the
scour-driving mechanisms in 3-D geometries is required to improve the ability to accurately predict
Scour.

State-of-the-art research by Broekema et al. (2018) identified a novel scour-enhancing flow mechanism
related to 3-D flow situations. Under specific conditions, vertical flow separation at the upstream crest
of a scour hole can be suppressed as a result of lateral nonuniformities in the main flow. The boundary
layer stays attached to the deflecting bed. This so-called vertically attached flow state is associated
with increased scour potential due to increased bed shear stresses.

Using laboratory experiments, Broekema et al. (2019) elegantly demonstrated the existence of the
nonuniformity-induced flow attachment on a conceptual level. The understanding of nonuniformity-
induced flow attachment in the field is still limited though. The depth-to-width ratios tested by Broekema
et al. did not match real-life scour scenarios. Hence, the next step is to determine whether and how
vertical flow attachment manifests itself in a setup with realistic depth-to-width ratios. The objective
of this study was to evaluate the effects of lateral nonuniformities on scour-driving flow behaviour in a
scour hole.

Laboratory experiments form the backbone of this study. To start with, a measurement technique was
developed enabling efficient en reliable determination of near-bed flow directions. The technique is
based on tufts: small threads fixed to the bed that follow the local flow direction. An algorithm was
created to convert video footage of tuft movement to numerical data on flow directions. The measuring
technique was successfully validated using Acoustic Doppler Velocimetry (ADV).

Next, flow behaviour was studied through a set of experiments conducted in a simple laboratory setup
that simulates a common scour situation in the field. Lateral nonuniformities were generated in a mixing
layer downstream a lateral expansion of the inflow channel. The effect of each geometry parameter on
the flow state was individually addressed through a dedicated set of experiments in which only a single
parameter varied, exposing its effect on the flow state. Dye injections and ADV were used in addition
to the tuft measuring technique to visualise additional flow characteristics.

The experiments led to the following insights:

1. Two distinct horizontal flow states were observed: horizontal divergence and horizontal contrac-
tion.

(a) Horizontally contracting flow was more likely to occur in geometries with a short bed protec-
tion, a large horizontal expansion and a narrow inflow channel.

(b) The transition point between both flow states was narrow. Only a slight change in geometry
could entirely turn around the flow state.

(c) A graph was created that plots the flow state against geometry parameters. It can be used
to estimate the flow state for alternative configurations.
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Vi 0. Summary

2. Each horizontal flow state is associated with distinct near-bed flow behaviour at the upstream
scour slope.

(a) The horizontally diverging flow state is accompanied with constant vertical flow separation
at the slope’s crest. The corresponding return current entails a near-bed flow in upward
direction.

(b) The horizontally contracting flow state is related to an alternating vertical flow pattern in which
vertical flow separation and vertical flow attachment take turns. An alternating vertical flow
regime was never identified before in this context. The alternating flow state is not present
in the jet's centre. Instead, vertical separation takes place here. Additionally, a consistent
lateral near-bed flow from the mixing layer to the centre of the jet is present.

3. The frequencies in which vertical attachment and separation alternate match the frequencies
of two-dimensional coherent turbulence structures (2DCS) in the mixing layer. This similarity
indicates a relation between mixing layer instabilities and suppression of vertical flow separation,
which is a valuable new insight into the process of understanding nonuniformity-induced flow
attachment.

The presence of the horizontally contracting and vertically alternating flow state likely increases scour
dimensions. As a scour hole develops, unidirectional lateral near-bed flow velocities stay relatively
high, maintaining scour potential. Scour potential is largest in and around the mixing layer. This most
likely results in a strongly 3-D scour hole with maximum scour depths in the areas directly affected by
the mixing layer.

Comparing this study’s findings with previous scour experiments in a similar setup by Usenti (2019)
provides additional insights into scouring behaviour under the newly identified flow state. Based on a
comparison of general flow behaviour and experimental parameters, it is very plausible that the alter-
nating flow state was present in Usenti’s experiments. The observed scour behaviour was very much
in line with the previously introduced reasoning that the lateral unidirectional near-bed flow leads to ad-
ditional scour in the mixing layer area. A similar comparison was made for the Afsluitdijk model tests.
Itis deemed likely that the newly identified flow state is also the cause of the excessive scour observed
at the Afsluitdijk model tests. The premise that excessive scour is caused by an alternative flow state
provides the opportunity to further improve and extend the abilities of empirical scour prediction.
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Introduction

1.1 Motivation for this study

Excessive scour can endanger a hydraulic structure. If controlled and kept at a safe distance from the
structure though, structural integrity is not at risk. Bed protections are generally applied to make sure
this is the case. When designing a bed protection, the goal of the structural engineer is usually not to
entirely prevent scour from happening. Instead, the engineer aims to control scour at a minimal cost.
It is necessary to predict scour development in advance to facilitate an efficient final design. Two types
of methods are used to estimate scour dimensions: empirical relations and physical-model studies.

Empirical prediction methods evolved based on decades of scour research. Among others Breusers
(1967), Dietz (1969) and Zanke (1978) made important contributions. Empirical relations allow for
quick and cheap prediction of scour dimensions. For non-standardised situations, on the other hand,
empirical relations often lack the accuracy (Balachandar et al., 2000). Currently existing relations are
only valid under specific conditions with standardised geometries. A scour prediction relation that is
universally applicable has not been found yet.

In case available empirical relations are not valid, physical model testing is often applied (Hoffmans
and Verheij, 2020b). Model testing makes use of a replica of a real-life scour situation on a smaller
scale. When accurately replicated, scour development in the downscaled setup is representative for the
prototype, and fairly accurate estimates on scour dimensions are generated. Model testing is expensive
and time consuming on the other hand.

For small projects, engineers often solely rely on empirical relations, whereas for more complicated
projects, empirical methods are mostly used to get a first impression of scour development, followed
by model testing in the later stages of the design process.

Even though empirical relations are only accurate under specific conditions, they are nonetheless
widely used for final designs. Hoffmans and Verheij (2020b) described a recently constructed tidal
culvert that connects the Eastern Scheldt with a natural reserve in the Netherlands. Scour downstream
of the culvert was estimated using the scour prediction method described by Dietz (1969). After open-
ing the culvert, scour developed much quicker and deeper than predicted. The predicted equilibrium
scour depth was reached within 8 weeks. To prevent serious damage, the culvert was closed and
adjusted twice. Such errors are costly and therefore highly undesirable.

Despite potentially large consequences, the flawed application of empirical relations is still a regularly

1



2 1. Introduction

Author Year of Percentage of Percentage of
publication overpredictions underpredictions
greater than 300%
Aberibigbe and Rajaratnam 1998 31 14
Altinbilek and Basmaci 1973 80 4
Breusers and Raudkivi 1991 22 34
Chatterjee et al. 1994 7 51
Dey and Sarkar 2006 3 34
Hoffmans 1998 35 24
Hopfinger et al. 2004 0 88
Lim and Yu 2002 2 52
Valentin 1967 8 41

Table 1.1: Comparison of empirically predicted scour depths and scour depths measured in practice for a broad set of cases by
Melville and Lim (2014).

made mistake by engineers. This might be partly attributable to the fact that it is very easy to wrongly
apply empirical relations. Parameters are simply filled in the formula, and an outcome is obtained. The
outcome is meaningless in case the empirical relation is not valid for the situation that is considered.
Melville and Lim (2014) applied different empirical methods to estimate maximum scour depths and
compares their results. As Table 1.1 shows, large differences in estimated scour depths exist. Hence,
even though each method accurately predicts scour for the situation it was designed for, it is often not
applicable in other situations. Great caution is therefore required in case design decisions are based
on empirical relations.

The discrepancy among the predicted scour depths can be attributed to the way empirical methods are
developed. Often, a set of experiments is carried out within the boundary conditions of a setup. During
these experiments, the effect of a few predefined parameters is studied. The scour depth is measured
for each experiment. Subsequently, the relation between the parameters is studied and the scour depth
is described by a formula. The vulnerability of this approach lies with the fact that that this relation is only
valid under the boundary conditions in place during the experiments. In case the configuration deviates
from the experimental setup, the empirical relation is not valid. When kept in mind that practice is rarely
comparable to a laboratory setup, one can easily conclude that the application of empirical relations to
situations in the field is by definition a difficult story.

&£

Figure 1.1: Animation of the renewed discharge sluices of the Afsluitdijk near Den Oever

Such discrepancies form the direct incentive for the current study. Currently, the Afsluitdijk, a 32 km long
major dam in the Netherlands, is being completely renovated. Part of this renovation is the renewal of
the discharge sluices, shown in Figure 1.1. Model tests were conducted by BAM Infra to obtain insights
into the scouring patterns at the renewed discharge sluices. The results of these model tests differed
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greatly from the empirically predicted scour depths prior to the tests.

This again indicates that model tests are necessary in case of non-standard scour situations. This
does not detract from the fact that methods that reliably predict scour development without the imme-
diate need for model tests would be of great value. Currently though, scouring phenomena in complex
geometries are insufficiently understood to develop a prediction method. Underlying phenomena of
scour have to be better understood first. Recent research by Broekema et al. (2018) made an impor-
tant contribution to a better understanding of local scour. This state-of-the-art study points out that a
phenomenon called vertical flow attachment at the upstream scour slope can potentially intensify scour
development. There are reasons to believe that vertical flow attachment might explain a significant part
of the discrepancy between model tests and 2-D empirical relations. Current understanding about this
phenomenology is still very limited though. This study focuses on increasing the understanding of flow
attachment in relation to scour.

1.2 Problem analysis

Conventional understanding of the mechanisms related to local scour is based on a detaching flow at
the crest of the upstream scour slope. Instead of following the contours of the deflecting bed, the flow
remains in the top part of the water column. A wake forms in the scour hole underneath. This so-called
vertically attached flow state was thought to be generally present behind hydraulic structures with large
scour development. Instead, Broekema et al. (2018) found that lateral velocity gradients triggered at
a widening of the channel upstream can suppress vertical separation. Alternatively, the flow stays
vertically attached and follows the bed slope. This flow state is called vertical flow attachment. Vertical
flow attachment has more scour potential than a similar setup with vertically separating flow. Figure
1.2 provides an impression of both flow states.

>

(a) (b)

Figure 1.2: Schematisation of the main vertical flow patterns in a scour hole downstream of a bed protection: (a) vertical flow
separation and (b) vertical flow attachment.

Several methods exist that reliably predict the presence of either vertical flow separation or vertical
flow attachment in a 2-D situation (Gerthart and Bober, 1974). When this knowledge is applied on
scour holes, one would expect vertical flow separation to occur. Scour surrounding hydraulic struc-
tures, however, almost exclusively occurs in 3-D situations. Hence, the existing methods are not valid.
Understanding of flow separation in 3-D situations is still very limited.

Broekema et al. (2018) show that 3-D effects greatly influence the flow state in scour holes. Novel
flow phenomena were identified around the Eastern Scheldt storm surge barrier. These phenomena
point out lateral velocity gradients as a driver for vertical flow attachment at an upstream scour slope.
In a follow-up study, Broekema et al. (2019) demonstrated that vertical flow attachment potentially
increases scour in real-life applications. Flow attachment therefore might be an explanation for deviant
scour predictions.

Despite the big knowledge leap accomplished by Broekema et al. (2018) and Broekema et al. (2019),
research on flow attachment induced by lateral velocity gradients is still in its infancy. Broekema et al.
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(2019) proved that lateral velocity gradients can cause vertical flow attachment in open channel flow,
but used an experimental setup that does not replicate practice very well as in-the-field situations are
often much shallower. Van der Zande (2018) used a shallower experimental setup to study the same
phenomena, but only focused on slopes much more gentle than those present in the field. The ques-
tion that thus remains is whether and how vertical flow attachment manifests itself under shallow and
relatively steep conditions.

In addition to this knowledge question, a prominent practical challenge prevails. So far, it has been hard
for researchers to efficiently study flow attachment. Previous studies made use of Acoustic Doppler
velocimetry (ADV) to measure flow patterns. ADV uses acoustic techniques to measure flow velocities
right next to the head of a submerged probe. Although ADV enables high-quality measurements, it
also has two major drawbacks:

1. Visualising a full flow pattern using ADV is very laborious. ADV only allows for measurements at
one single location at a time, which require about 5 minutes each. In case a single experimen-
tal configuration is tested for flow attachment, a high double-digit or even a triple-digit number
of measurements might be required. Often, a researcher wants to obtain insights into the ef-
fects of a single variable on the flow state by regularly varying the experimental setup. Loads of
configurations need to be tested, which is very time consuming using ADV.

2. ADV cannot measure close to a surface due to reflection of the acoustic signal. Flow attachment
is by definition a near-bed phenomenon. The minimum distance from the bottom at which can be
measured is in the order of 0.5-1 cm. This is quite significant as water depths in a laboratory setup
are often in the order of 10 cm. The most relevant information can therefore not be measured
using ADV. This issue was one of the main limitations in the study of Broekema et al. (2019).

In the context of further developing the understanding of flow attachment the upcoming decade, it is
essential to have a pragmatic measurement technique that allows for quick large-scale data collection
on near-bed flow patterns.

Problem statement

After this problem analysis, it becomes apparent that vertical flow attachment induced by lateral nonuni-
formities has the potential to cause increased scour. Understanding of this phenomenon is still very
limited. Flow attachment has only been demonstrated in laboratory setups that are not representative
of scour situations in the field. It is unclear if flow attachment occurs in real-life applications, and if
so, what its characteristics are. The consequence is that scour for certain configurations cannot be
predicted with sufficient accuracy, which can lead to the problems described in Section 1.1.

1.3 Research objective

The ultimate objective of this study is to increase the understanding of vertical flow attachment induced
by lateral nonuniformities and thereby contribute to the development of better scour prediction methods.
With reliable methods, costly cases like the tidal culvert described in Section 1.1 might be preventable
in the future. A large knowledge gap surrounding nonuniformity-induced vertical flow attachment was
revealed by Broekema et al. (2018). Following up on conceptual studies on this newly identified topic,
the objective of this study is to determine whether and how this phenomenon manifests itself in con-
figurations with depth-to-width ratios that are common in the field. This leads to the main research
question:

What are the effects of lateral nonuniformities on near-bed flow behaviour in a scour hole downstream
of hydraulic structures?
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The main question is answered using a set of subquestions. As explained in the problem analysis, no
prevailing measurement technique exists to effectively map near-bed flow patterns. The first subques-
tion is dedicated to finding this method. The next three focus on learning more about the flow behaviour
associated with vertical flow attachment. The last subquestion considers the effects of the observed
flow behaviour on scour.

1. How can near-bed flow directions be reliably and efficiently visualised across an entire flow field?

2. What macro flow states can be expected downstream of a hydraulic structure in case horizontal
nonuniformities are present?

3. How does the hydraulic structureis geometry affect the flow state?

4. What are the characteristics of the near-bed flow behaviour in the scour hole? And what does it
say about the vertical flow state?

5. How does the identified near-bed flow behaviour affect scour?

1.4 Methodology

A five-stage approach is used to answer the research questions formulated in the previous section.

1. Literature study: Literature related to nonuniformity-induced flow attachment is studied to de-
velop a full understanding of the current state of knowledge. This provides a basis for a parameter
analysis (stage 2), which allows for pragmatic and efficient execution of this study. Additionally,
the basics of empirical scour prediction in combination with a set of interesting scour cases are
examined. This ensures that even though this study is of a fundamental nature, the link with the
eventual goal, application on scour, is never overlooked.

2. Parameter analysis: Alistis composed of all parameters that are relevant to the situation studied
and the laboratory setup (stage 3). The parameter list is formed based on previous research and
common sense. Subsequently, using dimensional analysis, this list is transformed into a minimum
number of dimensionless variables that describe the situation studied. For each dimensionless
parameter is considered how it affects the studied phenomenology and which parameter ranges
should be studied to 1) maximise the likelihood of novel results, and 2) replicate practice in the
best possible way.

3. Experiment design: The laboratory setup is designed based on the insights obtained during the
parameter analysis. Appropriate measurement techniques are selected and a test plan is devel-
oped. The experimental setup is then constructed. To enable effective near-bed flow direction
measurements, a tuft-based measurement technique is developed.

4. Execution of laboratory tests and analysis of the results: The experiments are conducted
according to the test plan. Gathered data are processed and interesting insights are followed up
with additional experiments.

5. Interpretation of results: Experimental findings are interpreted and compared with findings of
previous studies. Implications of the findings on scour and scour prediction are considered. Re-
search questions are answered and openings for further research are presented.

1.5 Thesis outline

Table 1.2 presents the outline of this thesis.
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Theoretical framework

This chapter presents the results of the literature study (methodological step 1). As this study builds
on previous research on vertical attachment induced by lateral nonuniformities in scour situations, a
thorough understanding of the current knowledge state is essential. A literature overview is provided
in this chapter.

Firstly, the existing knowledge on flow attachment is considered, with vertical flow attachment induced
by lateral nonuniformities in scour situations as the main point of focus. Additionally, the basics of
empirical scour prediction are introduced as well as several scour experiments in setups with laterally
nonuniform flow.

2.1 Fundamentals of flow attachment

Flow separation is a hydrodynamic phenomenon in which a flow moving parallel to a confining wall
detaches and creates a turbulent wake. It is usually caused by a change in flow velocity, induced by
either a sharp edge in the confining wall or a gradual widening of a passage (Schiereck and Verhagen,
2012). Flow separation downstream of a hydraulic structure often occurs at the transition from the fixed
bed protection to the freely erodible bed. The flow state opposite to flow separation is flow attachment.
In this case, the flow stays attached to the surface it travels next to, even if it encounters a widening of
the section or a sharp edge in the confining wall.

To understand the basic principles behind flow separation and flow attachment, the concept of a bound-
ary layer needs to be made clear first. A boundary layer is the section of the flow directly adjacent to a
confining wall. The flow within this area is affected by the presence of the adjacent surface, as opposed
to the part of the flow outside of the boundary layer (White, 1999). Flow velocities vary logarithmically
within the boundary layer, being smallest right adjacent to the confining wall. A widening of a passage
causes the boundary to layer thicken. Thickening of the boundary layer induces an adverse pressure
gradient that decelerates the flow in the boundary layer (Simpson, 1996). Whenever the flow velocity
in the boundary layer reaches zero, separation occurs. The boundary layer then detaches from the
confining wall at the separation point. A wake behind the separation point forms. A return current be-
hind the separation point is initiated in case the adverse pressure gradient is sufficiently large (White,
1999). This mechanism is illustrated in Figure 2.1.

Numerous studies on flow separation have resulted in several methods to predict flow separation
(Gerthart and Bober, 1974). Similar to empirical scour prediction methods, flow separation prediction

7
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Figure 2.1: Schematic overview of the relation between pressure gradients and flow separation, adapted from White (1999).

methods are reliable for standardised situations but struggle to make accurate estimates for arbitrarily-
shaped bodies (Schiereck and Verhagen, 2012). Moreover, flow separation does not occur in a sta-
tionary separation point. Instead, the separation point constantly moves within an area depending on
the flow situation at that exact time (Simpson, 1996).

A flow situation can be called two dimensional whenever velocity gradients in the third dimension are
negligible. In open channel flow, two types of flow separation in the 2-D plane can be distinguished:
1) separation in the 2-D vertical plane; and 2) separation in the 2-D horizontal plane. At hydraulic
structures, flow separation in the vertical plane often occurs at the end of a bed protection, whereas
the contours of a hydraulic structure generally trigger flow separation in the horizontal plane. Figure
2.2 illustrates both cases of flow separation.

Horizontal

Horizontal
xz-plane

-

Horizontal
recirculation

Vertical
recirculation

Bed topography

Figure 2.2: Sketch of flow separation in the 2-D vertical plane and the 2-D horizontal plane (Broekema et al., 2019).

Research has developed a thorough understanding of flow separation in the 2-D plane (Gad-el Hak and
Bushnell, 1991). In practice though, exclusive 2-D flow is rather rare downstream a hydraulic structure.
Hence, a 3-D situation needs to be considered. Flow separation in 3D is much less well understood
(Simpson, 1996). The extra degrees of freedom introduced with the third dimension largely complicate
the situation (Broekema et al., 2019). Nevertheless, extensive effort has been put into understanding
3-D flow separation for specific circumstances, for example by Yates and Chapman (1992), Cherrye
et al. (2008) and Gao et al. (2015). Especially for aviation applications, knowledge on flow separation
in 3-D situations is sufficient to be applied in practice. Yet this has not led to a generally applicable
prediction method for 3-D flow separation Simpson (1996).
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2.2 3-D effects on the flow attachment

A breakthrough in the understanding of 3-D flow separation around hydraulic structures was recently
made by Broekema et al. (2018). This study demonstrated that lateral velocity gradients in a flow can
trigger a mechanism that suppresses flow separation at a downward slope. Instead of vertical sepa-
ration, which can be predicted based on 2-D understanding, the flow stays attached to the deflecting
bed. This is an often occurring situation around hydraulic structures. The horizontal expansion, e.g. at
the outflow of a culvert or at a discharge sluice, introduces lateral nonuniformities to the flow, while the
scour hole behind the bed protection is represents the deflecting bed. Broekema et al. (2019) proved
this concept in a simple laboratory setup. Two distinct flow states were distinguished:

* Vertically attached flow in combination with horizontal contraction; and

* Vertically separated flow in combination with horizontal divergence.

Figure 2.3 schematises both flow states. The mechanisms that drive both flow states are further ex-
plained in the next sections.

Divergence of jet-flow

Divergence of jet-flow

Convergence of jet-flow

Reduced

deceleration Deceleration

Non-uniformity in
vortical structure

Flow attachment
(a) (b)

Figure 2.3: Qualitative sketch of the flow states distinguished by Broekema et al. (2018). Figure (a) shows a flow with significant
lateral nonuniformities, causing the flow to stay attached to the bottom at the downward slope. Figure (b) on the other hand
shows a comparable configuration with less lateral nonuniformities. In this situation the flow vertically separates.

2.2.1 Vertical attachment + horizontal convergence

The lateral nonuniformities that cause the flow to attach to the downward slope are induced upstream.
After a jet-like flow leaves the confining sidewalls of a hydraulic structure, a horizontal mixing layer forms
between the jet and the stationary water at its sides. The velocity difference along the mixing layer
width cause lateral velocity gradients. These lateral velocity gradients trigger horizontal contraction of
the flow, as is shown in 2.3. The exact mechanisms that link lateral nonuniformities to horizontal flow
contraction have not yet been revealed, but Broekema et al. (2018) and Broekema et al. (2019) argue
that conservation of potential vorticity most likely plays an important role. The principle of potential
vorticity conservation is explained in Appendix A.

Contraction at the downward slope squeezes the streamlines in the main flow, accelerating individual
flow particles. This acceleration is associated with a positive pressure gradient in the main flow. Op-
posite to this positive pressure gradient, the deflecting bed causes an adverse pressure gradient at the
downward slope. Whenever the positive pressure gradient in the mixing layer is sufficiently large to
counteract the adverse pressure gradient, flow separation is suppressed. In such a case, the boundary
layer stays attached to the bed along the downwards slope.
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%URHNHPD HW FOULHG WKH DPRXQW RI ODWHUDO QRQXQLIRUPLW\ E\ D
TKHZLGWK RIWKHPL[LQJOD\HUWHQGVWRGHYHOR®&ISMOALYYH R D DO QWK TR

,WZLGHQVDQG YHORFLW\ GLIITHUHQFHV DFURVV WKH PL[LQJ OD\HL
ODWHUDO YHORPBL QM URRGMHQWQG 8LMWWHZDDO

,Q FDVH D ORQJ EHG SURWHFWLRQ LV SUHVHQW ODWHUDO QRQXQLIRL
UHDFKLQJ WKH GRZQZDUG VORSH &RQWUDFWLRQ LY QRW WULJJHUHG
JUDGLHQW LV SUHVHQW WR FRXQWHUDFW WKH DGYHUVH SUHVVXUH JUI
DQG WKH PDLQ IORZ FRQWLQXHV WKURXJK WKH WRS SDUW RI WKH ZDWH
WKHPHDQZKLOH DUHWXUQIORZGHYHORSV LQ WKHERWWRP SDUW RI1 VW
WKLV IORZ VWDWH FRUUHVSRQGY ZLWK WKH WUDGLWLRQDO XQGHUVWI

6SHFLILFVRISUHYLRXV H[SHULPHQWDO VWXGL

7TZRVWXGLHVKDYHGHPRQVWUDWHG WKHHIITHFW RI ODWH%DRHKNRHPD LIR
HW DO DQ¥DQGHU=DQGH7KLVY VHFWLRQ GLVFXVVHV WKH VSHFLILFV RI
OLIJKWV WKH GLITHUHQFHV EHWZHHQ WKH VWXGLHV

%URHNHPD HW BEVHUYHG VWURQJDQG FRQWLQXRXV PDQLIHVWDWLRQ
FRPELQDWLRQ ZLWKKRUL]RQWDO FRQWUDFWLRQRUYHUWLFDO VHSDUL
,QFRQILIXUDWLRQV ZLWK WKH ILUVW IORZ VWDWH SUHVHQW YHUWLFD
ZLGWK RI WKHIOXPH HYHQ WKRXJK WKH PL[LQJ OD\HU RQO\FRYHUHG D
WKHGRZQZDUG VORSH ,QFRQILIJXUDWLRQV ZLWK WKHVHFRQGIORZ VW
WKHHQWLUH IOXPH ZVBRVAKY WKNHNEFRUUHVSRQGLQJ WLPH DYHUDJHG IOR.

D E

JLIXUH 7LPH DYHUDJHG IORZ ILHOGV RI D WKH KRUL]JRQWDOO\ FRQWUDFWLQJDQG Y
GLYHUJLQJDQG YHUWLFD OCQQ\RCHWWBBKHGOFOVH EN

JLIXUHYLVXDOLVHVY WKH WLPH DYHUDJHG IORZ YHORFLWLHY QHDU WKH



6SHFLILFVRISUHYLRXV H[SHULPHQWDO VWXGLHV

DQG YHUWLFDOO\ DWWDFKHG FDVH ,Q OLQH ZLWK WKH UHWXUQ FXUUHQW \
UDWLRQ WKH QHDU EHG IORZ DW WKH GRZQZDUG VORSH LV H[SHFWHG WR I
PHDVXUHG DW XSSHU KDOI RI WKH VORSHDUH QRW LQ OLQH ZLWK WKLV UHD
$FRXVWLF 'RSSOHU 9HORFLPHWU\ $'9 PHDVXUHPHQW WHFKQLTXH XVHG "
IORZ ZDV PHDVXUHG DW 7KH UHFLUFXODWLRQ JRQH LQ WKH XSVWUHDP |
PHDVXUHG DW FP ,QVWHDG WKH WRS SDUW RI WKH UHFLUFXODWLRQ ]R
PHDVXUHG

JLIXUH 7LPH DYHUDJHG IORZILHOG QHDU WKHEHG RI WKH KRULJRQWDOO\BLYHUJLQJDQGY
7KH ORFDWLRQ RI WKH VORSHLV PDUNHG E\WKH GRWWHG EODFNOLQH OHDVXUHPHQWY ZHUH |

,Q FRQW h\RW MHRP D HW BMQ GHU =DQGREVHUYHG KRUL]JRQWDO FRQWUDFWLR
GRZQZDUG VORSHLQ DOO WHVWHG FRQILIXUDWLRQV 7ZR GLVWLQFW YHUW
DWWDFKPHQW DORQJWKHHQWLUHIOXPHZLGWKDQG DWWDFKPHQW LQDQ
WLRQ ZLWK VHSDUDWLRQ LQ WKH FHK®RWE Y MW R HW K RIGIGV| O RZXUMDWH 7KH VHI
VWDWH ZDV SUHVHQW LQ FDVHV ZLWK VWHHS VORSHY DQG ORQJ EHG SURWH

JLIXUH 7LPH DYHUDJHG IORZ G L9ODHFOH.R OV PEH K K WHGEB\QG EODFN DUURZV VKRZ YHUWLFDO \
WR EHVXSSUHVVHGLQDQG DURXQG WKH PL[LQJOD\HU ZKHUHDV WKH SLQNDUURZV LQGLFDW€F

7KH GLITHUHQFH EHWZHHQ WKH | X0 Q6UIRGW K PO RHWD BQ/® MKKPHH Q RIFRIO I0R Z

DWWDFKBBHQWHHRWU =DQGHDQ SUREDEO\EH DWWULEXWHG WR WKH VKDOORZQH
XUDWLRQ 'HSWK WR ZLGWK UDWLRYV DUH DERXW D IDFWRU WHQ VPDOOHU I
FRQWUDFWLRQ FDQ EH FR Q %UGRHNHEP D H[ SIHIHIFAFHQWHG LQ VKDOORZ FRQGLW
RQO\D YHUWLFDO VWHS DQG QR KRUL]JRQWDO QRQXQLIRUPLWLHV +RUL]RC
GHPRQVWUDWLQJWKH 'FKDUDFWHU RIWKHPHFKDQLVPLQ VKDOORZ FDVH



TKHRUHWLFDO IUDPHZ

OL[LQJOD\HUV UHFLUFXODWLRQ]JRQHV

JORZ EHKDYLRXU XSVWUHDP WKHGRZQZDUG VORSH SOD\VDQLPSRUWD!
DWWDFKPHQW %HKLQG D KRUL]JRQWDO H[SDQVLRQ DPL[LQJOD\HUDQC
H[SODLQV LPSRUWDQW DVSHFWVY UHODWHG WR WKHVH SKHQRPHQD

OL[LQJ OD\HUYV

$ PLILQJ OD\HU IRUPV EHWZHHQ WZR ERGLHV RI'IOXLG WKDW PRYH DORC
7KH ORZ YHORFLW\ IOXLG DFFHOHUDWHY GXH WR PRPHQWXP WUDQVIH
LQJ OD\HU IRUPV WKH WUDQVLWLRQ EHWZHHQ WKH ORZ YHORFLW\ ERG
GRZQVWUHDP WKHPL[LQJOD\HU ZLGHQVDQG YHORFLW\JUDGLHQWYV G

6KHDU VWUHVVHV LQ D PL[LQJ OD\HU LQGXFH VHYHUH WXUEXOHQFH ,Q
VFDOH 'WXUEXOHQFH VIWOWIMWWXUHWRKBRIHQW VWUXFWXUHYVY '&6 DU
YRUWLFHYVY WKDW IROORZ WKH PL[LQJ OD\HU ZKLOH LW SURSDJDWHYV GR
YRUWLFHV DOO KDYH WKH VDPH VLYILQ/RDOR WHWWRSL D OX UHH

D E

JLIXUH 9LVXDOLVDWLRQ RI ODUJH VFDOH FRKHUHQW ' WXUEX®MHR&URRLWXRWNXUHYV E
DQG E DVFKHPODWQVWWDRQ

7KH GRPLQDQW I&J RTXH@A\Q D VKDOORZ PLILQU DWVHYHQ E\ WKH IROOR
UH O D WILARWQWN U D

e XrAtaq
,Q ZKLFKXr JHRPHWU\ GHSHQGHQW GLPHQVLRQOHVY @®WURXKDO (
1 WXUEXOHQFH OHQJWK VFDOH >SP@
1 YHORFLW\VFDOH >P V@
M ZDWHU GHSWK >SP@

2QHVKRXOG QRWLFHWKHOLQHDU UHODWLRQ EHWZHHQ WKH WXUEXOHC
TKHIUHTXHQF\LQFUHDVHY SURSRUWLRQDOO\DV YRUWLFHVY WUDYHO G



6FRXULQ QRQXQLIRUP IORZ

SHFLUFXODWLRQ ]JRQHV

=RQHV RI VWHDG\ UHFLUFXODWLQJIORZ DOVR NQRZQ DV J\UHV IRUP EHKL
FXODWLRQ JRQHVY GHYHORS ZKHQ WKH MHW OLNH PDLQ IORZ OHDYHV WKH F
OD\HU IRUPVY EHWZHHQ WKH KRUL]JRQWDOO\ VHSDUDWHG IORZ DQG WKH VW]
LVODWHUDOO\ WUDQVIHUUHG LQ WKH PL[LQJ OD\HU $ UHWXUQ FXUUHQW S
KRULIRQWDO H[SDQVLRQ IRUPLQJWKHUHFLUFXODWLRQ ]JRQH

OXFKUHVHDUFK LY FRQGXFWHG RQUHFLUFXODVYDR@ILIRFHWBRYBVYV IODW E|
TDOVWUD%URHNHPD HWIRXQG VWURQJVLPLODULWLHVEHWZHHQ WKHLU UHF
GHYHORSDFURVVD GRZQZDUG VORSH DQG WKH UHFL UPFD@DIWIRRQ VRHXHV IRU

DQM®OVWUD ,WLVWKHUHIRUHH[SHFWHG WKDW WKHJHQHUDO FKDUDFW
IRUIODWEHGYVY DUHDOVR YDOLG IRUUHFLUFXODWLRQ]JRQHV DFURVYVY D VOR:

,QDGGLWLRQ WR WKH SULPDU\UHFLUFXODWLRQODEQWUDVCWHFRQGDU\J\UH FL
J\UHV URWDWH LQ WKH RSSRVLWH GLUHFWLRQ RI WKH SULPDU\ J\UH :KHWEK
RQWKHORFDO JHRPHWU\ '"HYHORSPHQW RID VHFRQGDU\J\UH WDNHV PXFK
JV\UH JLIXYMNMHWFKHVY DVLQJOHDQG D GRXEOHUHFLUFXODWLQJ]IRQH

JLIXUH 6FKHPDWLVDWLRQRID VLQJOH KRULIRQWDO UHFLUFXODWLRQ]JRQH D DQG D GRXEC
$GDSWHGDWOWRRVUD

6FRXULQ QRQXQLIRUP IORZ

%URHNHPD HW WMRRZHG WKDW YHUWLFDOO\DWWDFKHG IORZ LV DVVRFLDWH
FDOO\ VHSDUDWHG IORZ 1HDU EHG IORZ YHORFLWLHV DQG EHG VKHDU VWU
VHSDUDWHG IORZ WKDQ LQ YHUWLFDOO\ DWWDFKHG IORZ ZKLOH WKH VFRXI
%YURHNHPD HW DKHQFH YHUWLFDO DWWDFKPHQW DOORZV HURVLRQ WR FRC
GHHSHU VFRXU KROH

WUHXVHUVT OHWKRG

WLVLQWHUHVWLQIWR HYDOXDWH KRZWK#®WBEMNHFB G W'DORZ ISKKIQRPHQL
HILVWLQJ VFRXU SUHGLFWLRQ PHWKRGYVY 7KHVR FDOOHG %YUHXVHUVY PHW!
ORFDO VFRXU GHYHORSPHQW EHKLQG D EHG SURWHFWLRQ 7KH PHWKRG LV
GHPRQVWUBDWHDGVEHWUY &RQIRUPLW\ PHDQV HVVHQWLDOO\WKDW ORFDO VFR
DEOH 7KLVHQDEOHY SK\WVLFDO PRGHO WHVW UHVXOWYVY WR EH WUDQVIHUDE
WUDFNV VFRXU GHYHORSPHQW LQ WLPH



TKHRUHWLFDO IUDPHZ

Ozq T,
0o r,
yQ ZKLFKxzq PD[LPXP VFRXU GHSWK RIDVFRXUKROH>P@
Oo ZDWHU GHSWK DW WKHHQG RIWKHEHG SAPRBNHFWLRQ
r WLPH >V @
Iy FKDUDFWHULVWLF WLPH RI WKH VFRXUBE®SURFHVV
ZKLBK, 6
0] FRQVWDQW IRU "VFRXU IRU> @VFRXU

%UHXVHUWDQ GHU OHXOHQ DQG 9LQMp

%UHXVHUVIROORZHG XS RQWKHVHILQGLQIJVDQG GHILQHG WKHIROORZ

Yy O > A 1A%
lm l ; ¢| ArIT’{RiATTCZe
,Q ZKLFH, WLPH VFDOH
l 2 GHSWK VFDOH

I PDWHULDO GHQVLW\ VFDOH
| 7. AT..,. YHORFLW\ VFDOH
Ri TcZe

VV VYV
Pee®

,QWKHIROORZLQJGHFDGHVY %UHXVHUVY{ PBIQV&R G ZIDX 0 X QVDQHEIDIE® Mig O R
'H*UDDXZ DQG 3LODUFASURYHG LWV DFFXUDF\ XVLQJ PRUH WKDQ  ODE
WHVWV 7KLV OHG WR WKH IROORZLQJ SUHGLFWLRQ UHODWLRQ IRU WKF

i PAR &
E @A Zkan/A%
,Q ZKLFKP GLPHQVLRQOHVV QXPHULFDO FRHIILFLHQW UDQJLQJ

WR 'H*UDDXZDQG3LODWPIONGHU OHXOHQ

DQG 9LQMp
A UHODWLYH PDWHWLDO GHQVLW\ > @
| EHG PDWHULDO GHQVLW\ >NJ @

ZDWHU GHQVLW\ >NJ @
0] GLPHQVLRQOHVVIORZIDFWRUGHSHQGHQ® RQ WXUE X
y WHQVLW\
ZA PHDQ IORZ YHORFLW\DW WKHHQG RIWKHEN®@SURWHF
ZBom FULWLFDO YHORFLW\IRULQLWLDWLRQ RIFPR@LRQ

*HRPHWU\N VSHFLILF HITHFWYV D UH 4 QH OXKEIHE W IQIGR3XIXDI DEMNRHIU P L Q H G

ODVDIXQFWLRQ RIWKH VWUXFWXUHYV JHRPHWU\ 7KLV RQO\PDGH WKH
RIFDVHRWLVVHQ DQG 9UDMWIHAMIIRUPX®DOWEBEBEBWLRQ RI WKH WXUEXOHQFH
HQG RI WKHEHG SURWHFWLRQ LQFUHDVLQJWKHDSSOLFDELOLW\RI WK

0 P
,Q ZKLF K UHODWLYH WXUEXOH@REH LQWHQVLW\ > @
TA GHSWK DYHUDJHG VWD@B8DUG GHYLDWLRP R@

+RIIPDQV DQG % RRAWMWKHU RSWLPLVHRE XQWARQHG EHG URXJKQHVYV
IROORZLQJUHODWLRQ



6FRXULQ QRQXQLIRUP IORZ

0, P&
,Q ZKLF Ky IULFWLRQ FRHHLFLHQW > @
H &Kp]\ FRHIILFLHQW > @

6FRXU HISHULPHQWV LQ D QRQXQLIRUP IORZ UHJLPH

7TKHTXHVWLRQ WKDW DULVHV LV LV ZKHWKHU RUQRW WKLV PHWKRG FDQ DFF
DVVWXGCUWHEHENHPD HW b®HQWL UHSOLFDWHG QRQXQLIRUPLW\N LQGXFHG IC
LQDVHWXS ZLWK DQ HURGLEOH EHG LQVWHDG RID IL[HG EHG 1R YHUWLFD
hVHQWKLY GRHVY QRW PHDQ WKDW QR IORZ DWWDFKHPHQW ZDV SUHVHQW VL(
XVHG ZHUH QRW LGHDO WR REVHUYH WKLV IORZ EHKDYLRXU

JLIXUH %HG SURILOHDIWHU EHLQJ H[SRVHG WR ODWHUDO QRQ XQLIRUPIORZ OL[LQJ OD\HL
PE\D MHW OhWHQWR Z

JLIXUHVKRZVY WKHEHG JHRPHWU\DIWHU EHLQJH[SRVINBQVRLOD@WWHRIDO QRQ X
DSSOLHG %UHXVHUVYT PHWKRG WR WKHFURVY VHFWLRQ LQ WKHFHQWUH RI"
UDWH RI WKH PD[LPXP VFRXU GHSWK URXJKO\PDWFKHV WKH SUHGLFWHG VF
FKDUDFWHULVWLF WLPH &RQYHUVHO\ SUHGLFWLRQV EDVHGIRQ WKH FDOF
EDVHGRQORFDOWXUEXOHQFHLQWHQKNRW.MFRRU K HSMWRIV SUHCGIHFWHG E\ %
PHWKRG XVLQJ WKH PHDVXUHG FKDUDFWHULVWLF WLPH LQ EOXH DQG D FEL
7KH PD[LPXP VFRXU GHSWK LV XQGHUHVWLPDWHG E\ DOPRVW DIDFWRU WZI
WLPH 7KLV FRPSDULVRQ ZRXOGEHHYHQ PRUHLQWHUHVWLQJIRU WKH FHQ
ZKHUH VFRXU GHSWKV DUH ODUJHVW 8QIRUWXQDWHO\ QR PHDVXUHPHQWYV



TKHRUHWLFDO IUDPHZ

JLIXUH 7KH EODFN GRWV LQGLFDWH WKH PD[LPXP VFRXQWIH S WKHLROXKIHO\L QH P 13 & DIQWHH
VFRXU HVWLPDWHV RI % UHXVHUVY PHWKRG IRU WKH PHDVXUHG FKDUDFWHULVWLF WLPH
IRUD FKDUDFWHULVWLF WLPH FDOFXODWHG EDVHG RQ WXUEXOHQFH PHDVXUHPHQWYV

$IVOXLWGLMN SK\VLFDO PRGHO WHVWYV

%$0 ,QIUD LV FXUUHQWO\ LQYROYHG LQ WKH UHQHZDO RI WKH $IVOXLW
FRQGXFWHG WRJHW LQVLIJKWY LQWR VEGR X \GWUY B R § PHKQHMW H VIOCUML Q J
$ VWURQJO\ 'VFRXUSDWWHUQ ZDV REVHUYHG 7KH VFRXU SDWWHUQ V
SDWWHUQ REMHIQWIG E\

JLIXUH %HG WRSRJUDSK\ REVHUYHG E\ %$0 ,QI1UD DWXWKH $ 1 VENH WS RINAVFKRHGKHROU WIHR\Q

/IHYYHO SDWWHUQ REVHUYHG E\ %$0 ,QlUD D
VOXLWGLMN PRGHO WHVWV 7RS YLI
IURMYYHO

&RQVLGHUDEOH FRQWUDFWLRQ Rl WKH MHW ZDV YLVXDOO\ REVHUYHG
VNHWFKHV WKHVH REVHUYDWLRQV 1HDU EHG IORZ YHORFLWLHYV ZHUH
HPSLULFDOO\SUHGLFWHG IRUWKH VOXLFH FRPSOH[ EHIRUH FRQGXFWL
PHWKRERRIPDQV $ VLJQLILFDQW GLVFUHSDQF\EHWZHHQ SUHGLFWHG
VLRQV ZDV SUHVHQW



SDUDPHWHU DQD

OD[LPLVLQJ WKH OLNHOLKRRG RIILQGLQJ YHUWLFDO IORZDWWDFKPHQW Z
VLEOH IRUPV WKH PDLQ GULYHU IRUWKH GHVLJQ RI WKH H[SHULPHQWDO VI
SURYLGHVWKHUHDVRQLQJSURFHVV WKDWOHDGVWRWKHSDUDPHWHUYV SU
RORJLFDO VWHS

J)LUVWO\ WKHVLWXDWLRQ VWXGLHGLVY GHILQHG EA\DFRPSOHWHVHW RISDU
FROQOYHUWHG LQWR D PLQLPDO VHW RI GLPHQVLRQOHVYVY SDUDPHWHUV XVLQJ
WKH HITHFWV RI HDFK SDUDPHWHU RQ WKH IORZ VWDWH DUH GLVFXVVHG D
SDUDPHWHU UDQJHV DUH SURYLGHG

'"HILQLWLRQ VNHWFK RI WKH VLWXDWLRQ VWXGLHC

7KLY VWXG\FRQVLGHUV D VLPSOLILHG VLWXDWLRQ RIUHDOLW\ ,QVWHDG IL
ZLWK D IL[HG QRQ HURGLEOH EHG LV FRQVLGHUHG $ QDWXUDOO\HURGHG
SOLFDELOLWA\RIWKHILQGLQJV LQ WKHILHOG EXW GUDVWLFDOO\GHFUHDV
VRPHWKLQJQHZ $IUHHO\HURGLEOHEHG FRPHV ZLWK PDQ\XQFHUWDLQWLH
RIREVHUYDWLRQV WR VSHFLILF SDUDPHWHUYV 3UHIHUHQFH LV JLYHQ WR P
NQRZOHGJH FRQWULEXWHWRE@®KHMVYWKH VLPSOLILHG YHUVLRQ RIUHDOLW\ WK

)LUVWO\ DOLVWRIDOO SDUDPHWHUV WKDW DUH UHOHYDQW WR WKH VLWXD
SUHVVHG LQ WKH TXDQWLWLHV WLPH>7@ PDVV>0@ HQOHQJWK>/@ 3DUDP
JHRPHWULF FKDUDFWHULVWLFYVY PDWHULDOGBUWREHWWIOHY DQG HIWHUQDO H

*HRPHWULF FKDUDFWHULVWLFV

*HRPHWULF FKDUDFWHULVWLFV KDYHD ODUJHLPSDFWRQ WKHIORZ EHKDY
WHUV DUH LQGLFDWIG VMXPIRIKGNKS EHORZ

%HG SURWHFWQRRQ OHQ@W K
60RSH D@JOH > @
8SVWUHDP GHSWK >0Q@
'RZQVWUHDPOGEHSWK>Q @
,QIORZ FKDQQG® O ZL GVNQK®
(ISDQVLRQ EZLGWK >Q@



SDUDPHWHU DQDO\V

JLIXUH 6FKHPDWLVDWLRQ RI WKHVLWXDWLRQRILQWHUHVW VLPSOLILHG 7KHIORZO
DQG IRUPV D VFRXU KROH ,Q WKLV VWXG\ DIL[HG GRZQZDUG VORSH UHSOLFDWHYV WKH V
DUHLQGLFDWHG

ODWHULDO 3URSHUWLHYV

,QDGGLWLRQ WR JHRPHWULF SDUDPHWHUV PDWHULDO SURSHUWLHYV k
J)OXLG FKDUDFWHULVWLFYVY OLNH YLVFRVLWA\DQG IOXLG GHQVLW\ DUH F
FRQILQLQJ ZDOOVDUHLQFOXGHG RIZKLFKRQO\VEHG URXJKQHVV KDV LC

"\QDPLF YLVBRVLW\ >®Y“R@
0DVV GHQVLW\ >R @
1ILNXUDGVH URIXJKQH\Q@

(IWHUQDO HIITHFWYV

(IWHUQDOO\ LPSRVHG IRUFHY DOVR DIIHFW IORZ EHKDYLRXU &RQVLGH
WKHJUDYLWDWLRQDO DFFHOHUDWLRQ WKDW LVLPSRVHG RQ WKH IOXL!

JORZ YHORFLW\ > Q'vy@
*UDYLWDWLRQDO FROGW@D QW

'LPHQVLRQDO DQDO\VLV

7TKHVHWRIDEVROXWH SDUDPHWHUV LVWUDQVIRUPHGLQWRDVHWRIGL
FRPSDULVRQ RIITORZVWDWHV LQ VLWXDWLRQV ZLWK GLITHUHQW GLPHQ
EHWZHHQ WKHUHVXOWV RIH[SHULPHQWV RQIORZDWWDFKPHQWLQ GLI
RULQ SUDFWLFH FDQ EHDWWULEXWHG WR WKH HIITHFW RIDVLQJOH GLP



SDUDPHWHUV LQ UHODWLRQ WRIORZDWWDFKPHQW

'LPHQVLRQDO DQDO\WLV LV DWRRO WKDW KHOSV WR VIVWHPDWLFDOO\ IRUF
VSHFLILF PHWKRG FDOOHG WKH %XFNLQJKDP 34K WKHHRUHPD ¥ KIVAHKGLY H[SOL
LQ WKLV VWXGVKREVOWKH VHW RI GLPHQVLRQOHVY SDUDPHWHUV IRUPHG W
6LOFHWLPH PDVVDQG OHQJWK DUHDOO WKUHH SDUW RI WKH SUREOHP WK
FRXOG EH UHGXFH)AIEHWKUHH

1R 3SDUDPHWHU QDPH AXDQWLWLHV
P %HG VORSH )
P %HG SURWHFWLRQ OHQJIW¢,
P ,QIORZ ZLGWK G ¢
P +RUL]JRQWDO H[SDQVLRQ c,
P %HG URXJKQHVYV ik Cn
P 'HSWK LQFUHDVH ¢ Cn
P JURXGH QXPEHU Z fc, Kp
P 5H\QROGV QXPEHU ZQ p Wwd
7DEOH /ILVW RI GLPHQVLRQOHVY SDUDPHWHUV WKDW WRJHWKHU GHVFULEH WKH SUREOHP V

SDUDPHWHUV LQ UHODWLRQ WRIORZDWWDFKPHQ

7KLVVHFWLRQ GHVFULEHV WKH SK\VLFDO PHDQLQJRIHDFKGLPHQVLRQOHYV
RQYHUWLFDO IORZDWWDFKPHQW ,WSURYLGHVDQLQVLIKWLQWR WKH SD!
WKH SDUDPHWHU UDQJHVY WKDW DUH FRPPRQ LQ SUDFWLFH 7KH GHVLJQ IR
RQWKHVHLQVLIKWY 7KHDLPLVWRRSWLPLVHEHWZHHQ PD[LPLVLQJ WK|
VRPHWKLQJ QHZ DQG UHSOLFDWLQJ SUDFWLFH LQ WKH EHVW SRVVLEOH
ILQLVKHG RIl ZLWK D GHFLVLRQ RQ WKH SUHIHUUHG SDUDPHWHU UDQJH LQ V

P 60ORSHJUDEGLHQW

$V GLVFXVVHG LQ /FOFRGIHRQNVHHSQHVY SOD\V SOD\WDQ LPSRUWDQW UROHLQ
DOVR PRUH OLNHO\ WR VWD\ DWWDR KN & PADRHW Q@QTCHV®HRWBG HV QG H
FRQILUPHG WKDW WKLV LVDOVR WKHFDVH ZKHQ % DRHNHARDQRHMAVPHGRUP LWL
VORSHV YDU\LQJ IURP YWRQ G HAKHNGIGMDULHG WKH VORSH JUDGLHQW EHW
DQG S9HUWLFDO DWWDFKPHQW ZDV SURYHG WR EH SRVVLEOH IRU DOO VC
RWKHU SDUDPHWHUYV ZHUH VXLWDEOH

,Q SUDFWLFH XSVWUHDP VFRXU VORSHV DHJHURIMNXZQDIQEG VK 8 IRWFG H\U R
REVHUYHG D VFRXU VORSHRIDSSUR[LPDWHO\ DWWKH 'VFRXUFDVHDW
PHIJRUV FXOYHUW D VFRXU VORSHRRIPDQV DIQ\G IRKMCHILMHZLVH H[SHU
LPHQWWVH\ QWL REVHUYHG D VLPLODU VORSH DQJOH +HQFH IRU WKLV VW
VHOHFWHG

P %HG SURWHFWLILRQ OHQJWK

7TKHUHODWLYH GLVWDQFHEHWZHHQ WKH KRUL]JRQWDO HI[SDQVLRQ DQG WKH
WR WKH ZDWHU GHSWK VWURQJO\ DIITHFWV QRQXQLIRUPLW\ LQGXFHG IORZ

%URHNHPD HWDQI®DQ GHU =DQGHRQGXFWHG WKHLU H[SHULPHQWYV ZLWK
SURWHFWLRQ OHQJWKYV RI DQG UHVSHFWLYHO\

,Q WKLV VWXG\ WKH ODWHUDO YHORFLW\JUDGLHQW DW WKH WRS RI WKH G
RI'WKHEHG S PPWHAWLRIQGH KR LQ OLQH ZLWK SUDFWLFH XVHG D VKDOORZ
IORZDWWDFKPHQW DW D VORSH DQ@Gd RHG SR HAWIL B RKIPHHRIWWIKY OHV V (
WR RFFXU IRU VWHHSHU VORSHYVY 7KH WLSSLQJ SRLQW EHWZHHQ IORZ DWW
VORSH PRVW OLNHO\ OLHV VRPHZKHUH EHWZHHQ DQQ ¢, RHQFH EHG SURYV



SDUDPHWHU DQDO\V

DQG DUHVHOHFWHG IRUWKHH[SHULPHQWDO VHWXS
P ,QIORZFKDQQHKOZLGWK

7TKHHIITHFW RI LQIORZ FKDQQHO ZLGWK RQ QRQXQLIRUPLW\ LQGXFHG IO
VWXGLHG BRHIRRRUNMHPD HW DQ@OQ GHU =DQGHRQGXFWHG WKHLU H[SHULP
YHU\ GLITHUHQW LQIORZ FKDQQHO ZLGWKY 7KH UHODWLYH ZLGWK RI W
GXFWHG E\ ZDV DQG UHVSHFWLYHO\ 7KLV FRQVWLWXWHY D GLII
2 6FRXULQJGRZQVWUHDP RI K\GUDXOLF VWUXFWXUHVY LQ WKHILHOC
$W WKH URXZHUVGDP IRUH[DPSOH WKHUHODWLYHLQrORDRKEDQGHO :
BLODUF]\N

7KHLQIORZ FKD @GQ¢ SIHFWRW LQ WKLV VWXG\ LV YDULHG EHWZHHQ DQ
RQ KRUL]JRQWDO IORZ H[SDQVLRQ

P ([SDQVLRQ ALGWK

IHLWKHU WKHHITHFW RIH[SDQVLRQ ZLGWK K DYDEHG KW INDXGEEIMBUL@G B Q LV
WKH ZLGWK RI WKH LQIORZ FKDQQHO EXW GLG QRW FKDQJH WKH ZLGWK
ZLGWK DQG WKH H[SDQVLRQ ZLGWK GHSHQGHG RQ HDFK RWKHU 7KHVFE
IORZ ZzDV PRUH OLNHO\ YHUWLFDOO\ DWWDFK IRU VPDOOHU LQIORZ FKD
WKHHIIHFW RIH[SDQVLRQ ZLGWK RQIORZ DWWDFKPHQW QRW IXOO0O\ XQC(

,Q WKH ILHOG H[SDQVLRQ ZLGWK YDULHV IURP YHU\ ODUJH H J FXOY
K\GUDXOLF VWUXFWXUHLQDQDUURZFKDQQHO RUDQRXWIORZ WKDW |

%%$0 LQIUD FODLPVY WKDW LW REVHUYHV PXFK PRUH KRULJRQWDO FRQW
GULYHU IRUYHUWLFDO IORZ DWWDFKPHQW+DW VWUXFWXUHYV ZLWK P XF
VWUXFWXUHV ZLWK D FRQILQHG RXWIORZ H J JXLGLQJZDOOV %$0,QI!l

+RUL]JRQWDO H[SDQ{LRWZBME DQG DUH WHVWHG LQ WKLV VWXG\ WR
YHUWLFDO DWWDFKPHQW

P %HG URXJKIQHYVV

7KH HIITHFW RI EHG URXJKQHVYV RQ QRQXQLIRUPLW\ LQGXFHG IORZ DWW
,QFDVHRIDVPRRWKEHG SURWHFWLRQ D ORJDULWKPLF YHORFLW\ SUF
DULWKPLF YHORFLW\SURILOHYV DUH FKD Uil PWKDU. WPIDE EO D WHRXH Q G M \R\WQC
YHORBEWLHUHFN DQG 9HUKDQH®VH RI D URXJK EHG WKRXJK WKH URX.
VKDSHG E\ WKH JUDLQ VL]H 3UHYLRXV VWXGLHVY ZHUH FRQGXFWHG ZL\
URXJKEHG SURWHFWLRQV SUHYDLO 7RHQVXUHFRPSDUDELOLW\ZLWK
KHUH

P ,QFUHDVHLQ ZDW¥YWHY GHSWK

7KH HIITHFW Rl WKH UHODWLYH LQFUHDVH LQ ZDWHU GHSWK RQ WKH IOR
FRQWH[W WKRXINHPD HW DQ¥DQ GHU =DQGMWXFN ZLWK D FRQVWDQW ZC
LQFUHDVH RIDFURVV WKHLU H[SHULPHQVWAVURIHNHFHR W IDYCHIX\H V. WXV
WKHUHODWLYHZDWHU GHSWKLQFUHDVHOLNHO\KDVDQHIIHFW RQ WKH
ZLWKDQ\H[SHULPHQWDO SURRI

TKHUHODWLYHLQFUHDVHLQ SUDFWLFH GHSHQG% B BRXWKiHW®&/HDILH RGN K H
WKHFKDUDFWHULVWLF WLPH RIWKHVFRXULQJSURFHVYV LQ ZKLFK WKH



SDUDPHWHUV LQ UHODWLRQ WRIORZDWWDFKPHQW

P )URXGH QXEEHd)

7TKHUDWLR EHWZHHQ WKH LQIOXHQFH RILQHUWLD YHUVXV WKH LQIOXHQFH
JURXGH QXPEHU ,Q WKHILHOG FULWLFDODQG VXEFULWLFDO UHJLPHV ERW
WRSLF ZHUH FRQGXFWHG LQ D VXEFULWLFDO IORZ UHJLPH )U

,QFDVHRI)URXGH QXPEHUV FORVHWR VWDQGLQJVXUIDFHZDYHV WHQG W
PHQWPQ 3URRLMHQ DQG 8L IMWGHDBOQGH[SHULPHQWHG ZLWK GLITHUHQW |
QXPEHUV DQG IRXQG D )URXGH QXPEHU RI WR EH WKH PLQLPXP YDOXH |
EDQFHV DUH YLVLEOH LQ KLV V@ S URKLMHQLDQA QIHAK W M WIDMH WKDW D

PD[LPXP )URXGH QXPEHU RI LVUHTXLUHG WR SUHYHQW VXUIDFH GLVWXU

OHDQZKLOH D ORZ )URXGH QXPEHU LV QHLWKHU GHVLUDEOH VLQFH LV LW |
OHDGV WR D OHVV WXUEXOHQW IORZ UHJLPH LQ D VHWXS ZLWK IL[HG GLPF
JXDUDQWHHYV D VXIILFLHQWO\WXUEXOHQW IORZ WKRXJK

P S5H\QROGV QXPEHU

7KH 5H\QROGV QXPEHU H[SUHVVHV WKH UDWLR EHWZHHQ LQHUWLDO DQG Y|
WR VFDOHG GRZQ ZDWHU GHSWKV DQG IORZ YHORFLWLHV 5H\QROGV QXPE
UHSURGXFLEOH LQ D ODERUDWRU\ VHWWLQJ 7KLV LV QRW WURXEOHVRPH I
YLVERVLW\ IRU WKH IORZ WR EH IXOO\ WXUEXOHQW )ORZ FDQ EH UHJDUGH
QXPEHU H[FHHGPQ 3URRLMHQ DQG 8L MW WHIZDWRUEXOHQW IORZ VWDWH ZDV
SUHYLRXV H[SHULPHQWY RQ QRQXQLIRUPLW\ LQGXFHG IORZDWWDFKPHQW

2YHUYLHZ RI WKH VHOHFWHG SDUDPHWHU UDQJHV

7TDEOHSURYLGHVDQ RYHUYLHZ RI WKHVHOHFWHG SDUDPHWHU UDQJHV WKD
WKH H[SHULPHQWDO VHWXS LQ WKH QH[W FKDSWHU

$O0ORZHG
1R 'LPHQVLRQOHVV SDUDPHWHU 3BWOWILRMHWHU YDHW.DWLRQ
&RQVWDQW SDUDPHWHUYV
M, %HG VORSH
M, %HG URXJKQHVV iy c, T Ac 18
Ma '"HSWK LQFUHDVH ¢ ¢,
Mk JURXGH QXPEHU Z fc, Kp
Ma 5H\QROGV QXPEHU ZQ p Wd ! 18

9DULDEOH SDUDPHWHUYV

M, %HG SURWHFWLRQRQ&QJIWK
M, ,QIORZ ZLGWK G ¢

M, +RULJRQWDO H[SDRQVLRQ

7TDEOH /ILVW RI WKHGLPHQVLRQOHVYVY SDUDPHWHUV DQG WKHLU VHOHFWHG SDUDPWHU UDQJ






IDERUDWRU\ H[SHUI

/IDERUDWRU\ H[SHULPHQWY ZHUH FRQGXFWHG WR DQVZHU WKH PDLQ UHVH
FKDSWHU SUHVHQWYVY WKH H[SHULPHQWDO GHVLJQ PHWKRGRORJLFDO VWH:
+\GUDXOLF (QJLQHHULQJ /DERUDWRU\DW "HOIW 8QLYHUVLW\RI 7HFKQRORJ
DUH GLVFXVVHG D OLVW RIDOO WHVWY FRQGXFWHG LV SURYLGHG DQG WK
FKDUDFWHULVWLFVRILQWHUHVW DUHLQWURGXFHG

([SHULPHQWDO VHWXS

7TKH WHVWLQJ VHWXS LVEDVHG RQ WKH VHW R UH TAXWLWHWPHHFQWLR ) XA PHMUH QY W
WKHVHWXS GHVLIQ DQG PRWLYDWHY GHVLJQ GHFLVLRQV

6HWXS RYHUYLHZ

$ PORQJ PZLGHDQG PGHHSIOXPHIRUPHG WKHEDVLV RI WKH WHVWL
WKH VHWXS WKURXJK D VHW RI lORZ VWUDLJKWHQHUV DQG DQ LQIORZ FKDQ
EHKLQG WKH IORZ VWUDLJKWHQHUV UHGXFHG VXUIDFH ZDYHV $IDOVHEHG
ERWWRP RI WKH LQIORZ FKDQQHO DQG D KRUL]JRQWDO H[SDQVLRQ JRQH +HI
FKDQQHO GHYHORSHG D KRUL]JRQWDO PL[LQJ OD\HU EHKLQG WKH KRUL]JRQW
JUDGLHQW ZDV LQVWDOOHG LQ WKH VHWXS $I10RZGHSWKRI FP ZDV PDLQ
GHSWK DFURVV WKH IDOVH EHERRZVFP VNHWEK RI WKH H[SHULPHQWDO VHW

$V\PPHWULFDO VHWXS

, QVWHDG RIKDYLQJDQLQIORZFKDQQHOLQWKHFHQWUHRIWKHIOXPH V\PF
VLRQ RQO\KDOIWKHVLWXDWLRQ ZzDV FRQVLGHUHG LQ D VHWXS ZLWK RQH
XQGHUOLH WKLY GHFLVLRQ )LUVW RQH VLGHG WHVWLQJDOORZV IRUPRUH
WKHIOXPH 7KHZLGWK RI WKHIOXPHLVY OLPLWHG ZKLOH WKH HIITHFW RI WKI
WKH YDULDEOHYVY WKDW LVEHLQJVWXGLHG %\FRQVLGHULQJRQO\KDOI WKH
VSDFHLVDYDLODEOH $V D UHVXOW WKHZLGWK LQ WKH IORZ ZDV XVHG PR
FDXVHG E\ WKH &RDQGD HIIHFW LV DQRWKHU UHDVRQ WR FKRRVH IRU DV\PF
PHWULFDO H[SDQVLRQ WKH &RDQGD HIITHFW FDXVHV WKH MHW WR WHQG WHF
DV\PPHWU\ LQ WKW RMX WK DQG 6 FKOHLIMWZRXOG IUXVWUDWH WKH FROOHFWLF
PHDVXUHPHQWV DQG FRPSOLFDWH WKHLULQWHUSUHWDWLRQ $V\PPHWULF
IURP RFFXUULQJ 2QH VLGHG WHVWLQJ FDQ RQO\EH DSSOLHG LQ FDVH zZDC
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