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Abstract

Accurate characterization of heliostat surface errors is essential for the efficiency of concentrating solar
power (CSP) plants, yet direct measurement methods such as deflectometry remain costly and im-
practical at scale. This thesis investigates a physics-informed deep learning approach to reconstruct
heliostat surfaces from flux density images alone—a fundamentally ill-posed problem in which many
distinct surfaces can yield similar flux patterns. The proposed framework integrates simulated datasets,
augmentation of real surface measurements, and a raytracing-based training loop, with additional regu-
larization strategies to mitigate the ill-posed nature of the inverse problem. The best model achieved a
median flux prediction accuracy of 84%, approaching the 92% of supervised benchmarks. For surface
reconstruction, training on synthetic datasets with heliostat positions close to the receiver yielded the
lowest median Mean Absolute Error (MAE) of 2.4 x 10~4, compared to 1.4 x 10~* in the supervised case.
While individual surface reconstructions remained limited, the model reproduced some mean structural
patterns of the training set, indicating partial learning of underlying geometric behavior. These findings
demonstrate both the potential and current limitations of deep learning for heliostat surface reconstruc-
tion. With further advances in regularization, dataset design, and real-world validation, the approach
may provide a scalable tool for CSP field calibration and optimization in the future.
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Introduction

The global transition toward a low-carbon energy system has become imperative to meet climate targets
and deliver energy security and economic growth. Solar energy, as one of the most abundant and
rapidly advancing renewable sources, plays a pivotal role in this shift [2]. Within the diverse landscape
of solar technologies, Concentrated Solar Power (CSP) offers a distinct approach based on the optical
concentration of sunlight and subsequent conversion into thermal energy.

1.1. Concentrated Solar Power

CSP is a method of harnessing renewable solar energy. The configuration of a CSP plant can vary,
with four primary technologies currently described in the literature, as illustrated in Figure 1.1. These
technologies differ in relative cost, land requirements, operating temperature ranges, and solar con-
centration ratios [3]. This work focuses exclusively on the solar tower configuration with a central re-
ceiver, which still offers significant potential for improvement. In this configuration, the mirrors—known
as heliostats—are arranged in varying patterns around the solar tower. The central receiver design
provides several advantages over other CSP technologies. Its subsystems, such as heliostats and
receivers, can be optimized individually, enabling greater potential for cost reductions and efficiency
gains [4]. Further advantages include operating temperatures of up to 1000 °C, which improve power
conversion efficiency, and high annual capacity factors enabled by integrated thermal storage, as dis-
cussed later [4]. Despite these benefits, the parabolic trough configuration remains the most widely
deployed CSP technology worldwide [5].

Linear Fresnel reflector (IFR) Central receiver

Solar tower
Curved
mirrors

lll

| |
JUH DN | s Hepe

Absorber tube Heliostats
and reconcentrator

i g
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Parabolic dish Parabolic trough

A Reflector
Receiver/ _— Absorber tube

e -
engine /424
p

«— Solar field piping

Reflector

Figure 1.1: Overview of the four main Concentrated Solar Power (CSP) configurations. (a) Linear Fresnel reflector systems
use long, slightly curved mirrors to concentrate sunlight onto an elevated absorber tube, often equipped with a secondary
concentrator. (b) Central receiver systems (solar towers) employ a field of heliostats that track the Sun and focus radiation onto
a receiver at the top of a tower. (c) Parabolic dish systems utilize a dish-shaped mirror to concentrate sunlight onto a receiver
at the focal point, typically powering a Stirling engine. (d) Parabolic trough systems employ parabolically curved mirrors that
focus sunlight onto a receiver tube along the focal line, with heat transferred by a working fluid circulating through solar field
piping. These configurations represent the principal technological pathways for harnessing concentrated solar energy. [6]

In general, a central receiver CSP plant consists of a tower-like structure surrounded by numerous
mirrors positioned in its vicinity. These mirrors concentrate solar radiation onto a designated area at
the top of the tower, known as the receiver, where the solar energy is absorbed. To maximize absorption
and minimize reflection, the receiver is typically coated with a black or dark material [7]. The absorbed
energy heats the receiver material, causing its atoms to vibrate. A heat transfer fluid, such as air or
molten salt, is circulated past or through the receiver, absorbing the heat primarily via convection [7].
The stored thermal energy in the fluid is then utilized to generate electricity by producing steam for a
turbine [6].

It is increasingly common to integrate Thermal Energy Storage Systems (TES) into CSP plants, as
illustrated in Figure 1.2. In this configuration, the heat from the transfer fluid is directed into the TES.
While various storage technologies exist, sensible heat storage remains the most widely applied, with
alternatives such as latent heat or thermochemical storage also under consideration [8]. The integration
of TES mitigates the intermittency of energy supply [9].
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w2/

Generator \/

L/

/

Figure 1.2: Schematic of a central receiver (solar tower) CSP power plant. A field of heliostats concentrates sunlight onto a
receiver at the top of the tower, where a heat transfer fluid is heated. The thermal energy can be used immediately to generate
steam for a turbine—generator system or stored in thermal energy storage tanks for later use. After passing through the turbine,

the working fluid is cooled in an air-cooled condenser and recirculated. This configuration enables both continuous electricity

generation and dispatchability through integrated storage. [10]

1.1.1. Evaluation of CSP

Renewable Technologies Economic Comparison

Although research on CSP technologies is ongoing, current market trends indicate that standard pho-
tovoltaic (PV) panels offer greater advantages for large-scale, decentralized electricity generation. For
instance, the Levelized Cost of Electricity (LCOE) is typically lower for PV systems compared to various
CSP technologies. This trend is evident in Table 1.1, which summarizes total installed costs, capacity
factors, and LCOE values for different renewable technologies in both 2010 and 2023, including their
percentage changes over this period. In comparison with other renewable energy sources—such as on-
shore and offshore wind, geothermal, hydropower, and bioenergy—the LCOE of CSP plants remained
higher in 2023. Another drawback of CSP is its relatively high total installed cost.

Nonetheless, two factors highlight CSP’s potential. First, the capacity factor of CSP has experienced
the most significant increase and, in 2023, surpassed that of wind and solar PV. Second, the LCOE of
CSP has decreased markedly over the years, following a trajectory comparable to the wind technolo-
gies. The combination of a high capacity factor and a continuing downward trend in costs suggests
that CSP has the potential to regain competitiveness among renewable technologies, particularly when
paired with advancements such as TES integration, as will be explored in the following sections.
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Table 1.1: Comparison of cost and performance indicators for major renewable energy technologies in 2010 and 2023. Metrics
include total installed costs (USD/kW), capacity factors (%), and levelized cost of electricity (LCOE, USD/kWh), along with
percentage changes over the period. The data illustrate significant cost reductions in solar PV, onshore wind, and offshore

wind, while CSP shows a moderate decline in cost but a substantial improvement in capacity factor. [11]

Technology Total installed costs (USD/kW) Capacity factor (%) LCOE (USD/kWh)
2010 2023 % change 2010 2023 % change 2010 2023 % change

Bioenergy 3010 2730 -9% 72 72 0% 0.084 0.072 -14%
Geothermal 3011 4589 52% 87 82 -6% 0.054 0.071 31%
Hydropower 1459 2806 92% 44 53 20% 0.043 0.057 33%
Solar PV 5310 758 -86% 14 16 14% 0.460 0.044 -90%
CSP 10453 6589 -37% 30 55 83% 0.393 0.117 -70%
Onshore wind 2272 1160 -49% 27 36 33% 0.111 0.033 -70%
Offshore wind 5409 2800 -48% 38 41 8% 0.203 0.075 -63%

For PV systems with battery storage, the LCOE in Germany is projected to range from 0.071 to 0.26
USD/kWh in 2024 [12]. To ensure comparability with Table 1.1, units have been converted from €/kWh
to USD/kWh as of July 2, 2025. For large ground-mounted PV plants, which are most comparable to
CSP facilities, the LCOE ranges from 0.071 to 0.13 USD/kWh. These values are either equal to or
slightly below those of CSP plants. This indicates that CSP has the potential to be competitive in terms
of LCOE when storage is included; however, at present, PV systems with batteries generally remain
slightly cheaper.

This is because greater investment and research are currently directed toward PV technologies, as
their lower manufacturing costs, ease of implementation and operation, and reduced maintenance
requirements make them more attractive. In addition, broader expertise and accumulated knowledge
exist regarding the installation and application of PV systems [13].

Although PV technologies currently outperform CSP in terms of cost and deployment scale, new CSP
projects continue to emerge internationally, underscoring the technology’s perceived long-term value.
For example, China has 30 CSP plants under construction as of 2025 with a combined capacity of
approximately 3 GW [14], while new projects are also progressing in regions such as the Middle East,
North Africa, and Spain [15]. These developments highlight sustained international interest in CSP,
particularly in locations with high Direct Normal Irradiation (DNI), and indicate that CSP remains part
of the broader energy transition despite its current cost challenges.

Geography

CSP technologies have notable geographical limitations. A key disadvantage is that all CSP systems
require high levels of DNI and minimal cloud cover, restricting their applicability to specific geographic
regions. Figure 1.3 illustrates the global distribution of DNI, highlighting areas with the greatest CSP
potential: red and orange regions are highly suitable, yellow regions have moderate suitability, while
green regions are not recommended. Consequently, CSP technologies are viable only in limited areas,
as regions such as most of Europe, West Africa, East Asia, and the northern parts of both North and
South America are not able to exploit CSP effectively.
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Figure 1.3: Global distribution of DNI based on long-term averages. DNI measures the solar radiation received per unit area
by a surface held perpendicular to the Sun’s rays and is the key resource indicator for CSP. High-DNI regions, such as North
Africa, the Middle East, western China, and Australia, represent prime locations for CSP deployment. [16]

Integrating Thermal Energy Storage

A meaningful cost comparison of solar technologies must also account for intermittency and storage
requirements. While CSP remains more expensive than PV in terms of generation alone, the picture
changes once storage is included. CSP plants with integrated Thermal Energy Storage (TES) can
achieve costs that are comparable to, or lower than, PV systems combined with batteries [13], largely
because of the economic and environmental burden of large-scale battery production for PV.

The key advantage of CSP lies in storing energy as heat, typically for several hours depending on the
TES configuration. Operational plants worldwide demonstrate storage capacities ranging from 1 to 15
hours [17]. By enabling electricity generation beyond sunlight hours, TES increases annual output and
thereby raises the plant’s capacity factor. On average, TES integration improves the capacity factor by
more than 20% and reduces the LCOE by around 6% [18]. The capacity factor is defined as:

EyeaT
Cf—mxloo% (11)

where E,.., is the annual energy production in MWh/year, P,...q the installed capacity in MW, and T’
the total hours in a year (8 760 h).

Beyond power generation, CSP with TES can supply heat directly to industrial processes such as
chemical or food production [19], further increasing its value.

Crucially, CSP should not be seen as a competitor to PV but as a complementary technology. While PV
provides the cheapest daytime electricity, it remains intermittent and battery-dependent. A combined
approach—PYV for daytime and CSP for evening and variability—can mitigate these shortcomings [13].

Nevertheless, TES integration is not without challenges. Storage systems add significant cost, increase
technical complexity, and remain less mature than PV-battery solutions. This reflects the broader state
of CSP, where many baseline technologies are up to two decades old, owing to limited research and
development compared with PV [19]. Yet, the performance potential remains evident: large-scale
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PV plants in the United States achieve capacity factors between 10% and 36%, averaging 27% [20],
whereas CSP plants with TES can exceed 50% [13].

In summary, while CSP with TES still faces technological and economic hurdles, its ability to deliver
dispatchable renewable energy and higher long-term capacity factors underscores its role as a critical
complement to PV in future energy systems.

1.1.2. Problem Statement

Despite the significant advantages offered by CSP tower systems with central receivers with integrated
TES, their overall performance is highly sensitive to the solar flux distribution on the receiver surface.
One of the key factors influencing this distribution is the shape and orientation of individual heliostats.

However, determining the actual surface geometry of heliostats in a deployed plant remains a con-
siderable challenge. Current methods for surface measurements are both time-consuming and costly,
particularly when applied to large-scale heliostat fields. This limits the potential for dynamic optimization
of flux distribution and, consequently, energy yield. This is discussed in detail in Chapter 2.



State of the Art

2.1. CSP Plant Jilich, Germany

The Concentrated Solar Power (CSP) plant in Julich, Germany, operated by the German Aerospace
Center (DLR), is a key research facility for the development and validation of solar tower technology.
With a nominal capacity of 1.5 MW and a ceramic thermal energy storage system of approximately
1.5 hours, the plant comprises over 2 000 heliostats and provides a versatile platform for experimental
studies under realistic operating conditions [21]. A major outcome of this facility is the PAINT database,
an open-access, FAIR (Findable, Accessible, Interoperable, Reusable) resource that offers operational
data from the Jilich tower. This dataset enables reproducible research, digital-twin development, Al-
based calibration, predictive maintenance, and flux simulation studies [22].

Figure 2.1: The Jllich solar tower facility in Germany, operated by the German Aerospace Center (DLR). The facility serves as
an experimental platform for CSP technology development and as the source of the PAINT database used in this work.[23]

2.2. Heliostat Surface Measurements in CSP

2.2.1. Importance of Accurate Heliostat Surfaces

Heliostats play a central role in CSP tower systems by reflecting sunlight onto a central receiver, where
the resulting flux density distribution directly determines the thermal input and overall energy yield of
the plant. Figure 2.2 illustrates the flux density distribution on the receiver of the Julich tower system.
The accuracy of this flux distribution depends not only on the alignment of the heliostats, but also on
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the precise geometry of their reflective surfaces. Even small deviations in surface shape can lead to
significant distortions in the concentration and direction of reflected sunlight [24].

Figure 2.2: Flux density distribution on the test target area of the Jiilich solar tower receiver. The figure shows how sunlight
reflected by the heliostat field is concentrated onto the receiver surface, producing a distinct flux pattern. [22]

Although heliostats are manufactured within tight tolerance limits, their intended surface geometry can-
not always be guaranteed in practice. Furthermore, environmental factors such as wind, temperature
fluctuations, and long-term material degradation can introduce surface deformations over time. These
imperfections, while often subtle, can substantially impact system performance by altering the optical
behavior of the heliostats and reducing the effectiveness of flux concentration on the receiver.

The current state-of-the-art in CSP simulation typically assumes ideal, smooth heliostat surfaces. How-
ever, this assumption often results in significant discrepancies between simulated and actual flux dis-
tributions. As illustrated in Figure 2.3, even minor surface imperfections can lead to substantial differ-
ences in both the shape and intensity of the reflected light. Quantitatively, flux density distributions
based on ideal surfaces may achieve only around 67% accuracy when compared to flux distributions
based on real measured geometries [24]. These deviations will reduce the system’s energy yield. This
highlights the need for accurate surface characterization such as deflectometry, which is described in
the following section.

Ideal surface

Real surface

Figure 2.3: Comparison of simulated heliostat surfaces and their corresponding flux density distributions obtained in a ray
tracer. The top row shows an idealized, perfectly smooth heliostat surface with the resulting concentrated flux image on the
receiver. The bottom row illustrates the real heliostat surface, including geometric imperfections, which lead to a visibly
distorted and less uniform flux distribution. This comparison highlights the substantial impact of surface deviations on the
accuracy of CSP performance simulations. All axis are in m.
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2.2.2. Deflectometry as Surface Measurement Technique

To obtain accurate heliostat surface geometries, deflectometry is currently the most precise and widely
used technique. This method involves projecting stripe patterns onto the heliostat surface and recording
their reflection using a calibrated camera. By analyzing the deformation of the reflected fringe pattern,
local surface slopes can be derived, enabling a detailed reconstruction of the surface [25]. Figure
2.4 shows a typical deflectometry setup and an example of the resulting image. Deflectometry is also
widely used in other applications, such as reconstructing and qualifying reflective surfaces in automotive
manufacturing [26].

Screen
.f'IJ
- ‘
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Figure 2.4: Schematic of a deflectometry measurement setup with an example fringe image. A screen projects stripe patterns
onto the heliostat surface, which are reflected toward a camera. The deformation of these reflected patterns provides
information on local surface slopes, allowing accurate reconstruction of mirror geometries.

Deflectometry has several critical limitations that restrict its practical use in large-scale CSP applica-
tions. In the lab, deflectometry has the potential to be efficient, but in deployment under field conditions
uncontrollable external issues come into play. Measurements must be conducted at night in the ab-
sence of ambient light and are highly sensitive to weather conditions, particularly dew [24]. Furthermore,
the process is time-consuming: each measurement requires several minutes per heliostat, and thou-
sands of heliostats must be assessed per plant. At the Jilich facility, for example, measuring all 2 153
heliostats would take more than 100 hours under ideal conditions and assuming 8-hour workdays. In
reality, dew makes continuous measurements nearly impossible, with suitable conditions occurring only
about once every ten nights. Under these constraints, the total measurement time would increase to
approximately 1 076 hours, or roughly 135 workdays.

These logistical and economic constraints make regular deflectometry-based surface reconstruction
impractical for large-scale deployment in CSP plants. These limitations have motivated the develop-
ment of alternative surface characterization methods, such as the deep learning approach suggested
by Lewen et al. in Section 2.3.1.

2.3. Deep Learning

Deep learning algorithms have shown exceptional performance across a wide range of domains, in-
cluding computer vision, speech recognition, and natural language processing [27]. At their core, deep
neural networks are capable of approximating complex non-linear functions, with mathematical proofs
confirming their universal approximation properties when using two or more hidden layers [27]. A key
advantage of deep learning is its ability to process raw input data, such as images, without the need for
manual feature extraction. This makes it particularly well suited for regression tasks [28], classification
[29], and other image-based analyses [30]. Moreover, deep learning models tend to scale effectively
with data volume, continuing to improve in performance as more training data become available—unlike
classical models, which often plateau [31].

While training deep neural networks requires large datasets and considerable computational effort,
inference using a trained model is typically several orders of magnitude faster than traditional methods
[32]. These capabilities position deep learning as a promising tool for addressing current limitations in
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CSP surface characterization. In particular, it offers the potential to predict heliostat surface properties
from flux density data, reducing dependence on time- and cost-intensive measurement techniques like
Deflectometry. The following section introduces a supervised deep learning approach proposed by
Lewen et al., which serves as a foundation for the methodology developed in this work.

2.3.1. Supervised Deep Learning for Heliostat Surface Reconstruction

Recent work by Lewen et al. has demonstrated that an inverse deep learning ray tracing approach can
be used to accurately predict heliostat surface geometries from flux density images [24]. Their method
applies supervised learning, in which a neural network is trained on labeled datasets containing both
input features—such as flux density images, Sun positions, and heliostat positions—and corresponding
ground truth surface data obtained via deflectometry. Once trained, the network can infer surface
geometries for new, unseen data with high accuracy.

However, the reliance on supervised learning introduces a key limitation. Since the training process
requires ground truth surface data for each new plant or configuration, deflectometry measurements
must still be conducted to generate these labels. As a result, the method cannot fully eliminate the
need for costly and time-intensive surface measurements.

Relevant Design Elements from Lewen et al.

While the reliance on labeled training data obtainable only through deflectometry limits the scalability of
the supervised approach, several of its core design elements are noteworthy. Lewen et al. employed
a specific input structure, a Non-Uniform Rational B-Splines (NURBS) based surface representation,
a dedicated neural network architecture, a differentiable ray tracer for flux density image generation
and an accuracy metric to quantify the quality of flux simulations. These components are summarized
below, along with their advantages and limitations.

Inputs

Lewen et al. employed an input structure consisting of eight Sun positions, eight corresponding flux
density images, and the position of the heliostat [24]. An important advantage of this design is that
flux density images can be recorded directly at the receiver using a camera or sensor system, mak-
ing them considerably easier and less expensive to obtain than detailed deflectometry measurements.
Furthermore, by including multiple Sun positions, the model benefits from diverse lighting conditions
and observation angles. Lewen et al. demonstrated that prediction quality improved with the number
of Sun positions and reached a plateau at eight [24].

Sun Positions

To generate Sun positions, Lewen et al. sampled random timestamps throughout the year at the loca-
tion of Jilich, Germany (latitude 50.92°N, longitude 6.36°E). The uniformly sampled month, day, hour,
minute, and second values were then converted into solar elevation and azimuth angles, resulting in
realistic distributions of Sun positions. This procedure ensured that the model was trained under rep-
resentative solar conditions across different times of the year. The detailed calculation can be found in
Appendix A.2.

NURBS

In neural network-based surface prediction tasks, the output must be a structured representation of the
heliostat surface. A common approach in the current state of the art is to use point cloud representations
[33], which capture detailed surface geometry by storing large numbers of surface normal vectors. For
example, deflectometry measurements at the Jilich solar tower have produced approximately 80,000
surface normals per facet [24], offering a highly accurate but computationally expensive representation.

While point clouds provide high fidelity, they pose practical challenges for machine learning applica-
tions due to their large parameter count and memory requirements. Incorporating such detailed output
representations into a neural network would significantly increase computational load during training
and inference, making them unsuitable for efficient optimization workflows.

To reduce complexity, many geometric modeling applications—including prior work in CSP surface
modeling—employ NURBS to represent complex surfaces with significantly fewer parameters [34, 35].
A NURBS surface is defined by a structured grid of control points, along with knot vectors, polynomial
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degrees, and associated weights, enabling efficient and flexible surface representation at substantially
lower computational cost.

In the context of heliostat surface modeling, a 4-facet heliostat can be approximated using a grid of
8x8 control points per facet, resulting in 256 total control points. Compared to the original 80 000
surface normals per facet, this corresponds to a reduction of over 99.97% in output dimensionality [24],
making the approach highly compatible with deep learning models. Figures 2.5a to 2.5c illustrate the
comparison between point cloud and NURBS representations. As seen in the point cloud, the surface
is captured with high precision but at the cost of requiring a very large number of parameters. Figure
2.5b shows the 8x8 control point representation for each facet. Although this representation provides
less detail than the point cloud, it still preserves the overall shape of the surface and can approximate
the real surface shown in Figure 2.5c with sufficient accuracy.

Real Surface Point Cloud Real Surface Control Points Real Surface

e Facetl
e Facet2 °
e Facet3
e

(@) (b) (c)

Figure 2.5: Representation of a heliostat surface using different geometric formats. (a) A point cloud obtained from
measurements, containing tens of thousands of surface normals. (b) A reduced set of control points used for a NURBS-based
surface representation. (c) The reconstructed surface after applying the NURBS model, which approximates the measured
geometry with far fewer parameters while retaining overall shape and accuracy.

Neural Network Architecture

Lewen et al. [24] developed a neural network architecture with over four million trainable parameters,
shown in Figure 2.6. The model follows an encoder—decoder structure designed to process heteroge-
neous input types and produce structured surface predictions.

The encoder processes two types of input data: eight flux density images with a resolution of 64 x64
pixels, and scalar 3D coordinates for both Sun and heliostat positions. The image inputs are passed
through a series of convolutional layers, while the scalar inputs are integrated into the network using
a technique known as weight demodulation, as described in [36]. The encoder compresses this input
into a latent space W, which contains the essential information required to reconstruct the heliostat
surface.

By reducing input dimensionality, the encoder enables efficient training while preserving relevant image
features such as brightness distributions and energy patterns. The decoder reconstructs the surface
geometry from the latent representation and is based on the generator component of the StyleGAN2
architecture. This design allows the network to output NURBS control points directly, combining effi-
ciency with flexibility. Further details on the architecture and StyleGAN2 framework are given in [24,
36].
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Figure 2.6: Encoder—decoder network architecture for heliostat surface prediction developed by Lewen et al. [24]. The
encoder processes heterogeneous inputs, including eight flux density images and scalar Sun and heliostat positions, and
compresses them into a latent representation W . The StyleGAN2-based decoder reconstructs the heliostat surface from this
latent space, outputting structured NURBS control points.

Raytracing

The ray tracer employed by Lewen et al. to generate flux density distributions is part of the Al-enhanced
Differentiable Ray Tracer for Irradiation Prediction in Solar Tower Digital Twins (ARTIST) project [37].
Ray tracing simulates the physical behavior of sunlight by modeling the paths of individual rays. For
a given Sun position, rays are traced as they travel in straight lines to the heliostat, where they are
reflected according to the angle of incidence and the heliostat’s orientation, before being directed toward
a predefined target area. Owing to its differentiability, the ARTIST ray tracer enables gradients to be
propagated through the simulation, making it particularly well suited for integration with deep learning
approaches such as the one proposed by Lewen et al.

Raytracing Scene

Since the rays are traced from the source (Sun) to the sensor (target area), this corresponds to forward
ray tracing. All the variables describing the overall CSP system are saved in the raytracing scene.
It consists of a central receiver, a set of heliostats positioned at predefined locations, a fixed target
area where the reflected rays are directed, and a Sun position vector. The ray tracer simulates the
propagation of rays from the Sun direction toward the heliostat field, where reflections are computed
based on the surface geometry and orientation of each heliostat. The resulting flux density image is
then calculated from the distribution of these reflected rays on the target area. Further details of the
procedure are documented in Appendix A.4.

Raytracing Parallelization

The raytracer is highly parallelized, meaning that it can generate flux densities for several surfaces with
the same Sun position at the same time. This reduces runtime significantly for simulations with several
heliostats. A limitation is however that it cannot run in parallel to generate flux densities for several
different Sun positions with the same surface.
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Flux Density Prediction Accuracy Metric
Lewen et al. introduced a relative accuracy metric to evaluate the quality of simulated flux density
images. This metric is defined as

ACCGT pred = M’ (2.1)

> l¢ar]

where ¢gT denotes the ground truth flux image and ¢..q the predicted flux image. The denominator
corresponds to the total energy in the ground truth image.

To ensure consistency across samples, Lewen et al. normalize all flux density images such that their
total energy equals one:

> léer| = 1. (2.2)
This metric directly quantifies the relative deviation of predicted flux from the ground truth.

Summary

In summary, Lewen et al. demonstrated that heliostat surface reconstruction can be approached ef-
fectively with a combination of carefully designed inputs, a compact NURBS surface representation, a
dedicated encoder—decoder network, and a differentiable ray tracer. An important advantage of their
approach is the use of flux density images as inputs, since these can be obtained at low cost via cam-
era directly at the receiver. However, the scalability of the method remains limited by its reliance on
deflectometry data as ground-truth supervision during training. This highlights a key open problem:
whether surface prediction can be achieved based solely on flux measurements, without the need for
deflectometry.

Yet, relying solely on flux density for supervision introduces a fundamental difficulty: the inverse map-
ping from flux density distributions to heliostat surface geometries is strongly ill-posed. Multiple different
surface shapes can generate nearly identical flux patterns, making it impossible to uniquely recover the
underlying geometry without additional ground-truth information.

2.3.2. lll-Posed Inverse Problems

Physics-Driven Approaches in Geophysics

Similar challenges are found in geophysics, where inverse problems are pervasive. Sun et al. address
the removal of free-surface multiples in seismic data, where the recorded wavefield consists of both
useful primaries and unwanted multiples. Since clean primary data are not available for training, they
propose a physics-driven self-supervised Convolutional Neural Network (CNN) that predicts the pri-
maries while treating the multiples as the residual between the prediction and the full wavefield. Their
network is trained by enforcing that the predicted primaries plus the residual multiples must reconstruct
the original recorded data. This formulation embeds the governing physical relation directly into the
loss function, enabling effective multiple elimination without requiring labeled training data [38].

In another study, Sun et al. tackle the ill-posed problem of downward continuation in potential field geo-
physics, where measurements taken at the Earth’s surface must be projected downward to estimate
the field closer to the source. Because small measurement errors can destabilize this process, Sun et
al. introduce a physics-trained neural network that incorporates the known forward operator, upward
continuation, directly into the training loop. Any predicted downward-continued field must, when contin-
ued upward, exactly reproduce the observed surface data. This constraint allows the network to learn
stable inverse solutions without paired ground-truth labels [39].

Physics-Driven Approaches in Other Fields
Beyond geophysics, similar physics-driven learning strategies have been applied successfully in other
domains facing ill-posed inverse problems.

In acoustics, Luan et al. proposed a physics-informed neural network for Near-Field Acoustic Hologra-
phy, where the task is to reconstruct vibrating surface velocity fields from measured sound pressures in
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the air. This inverse problem is highly unstable, as small measurement errors can lead to large recon-
struction errors. Their approach integrates the Kirchhoff-Helmholtz integral—the governing physical re-
lation between surface vibrations and acoustic fields—directly into the loss function. Instead of training
on paired “surface—sound” datasets, the network predicts surface vibrations whose forward-propagated
sound field must match the recorded measurements. This physics-driven supervision enables accurate
reconstructions without requiring labeled training data [40].

A related idea has also been applied in biomedical imaging. Lu et al. introduced SeReNet for light-field
microscopy (LFM), which captures four-dimensional optical information but requires computationally
demanding reconstruction to obtain three-dimensional images. Instead of relying on large labeled
datasets of LFM measurements and corresponding ground-truth 3D structures, SeReNet enforces that
its predicted 3D reconstructions, when passed through the known LFM imaging model, reproduce the
originally measured raw light-field data. In this way, the physics of image formation itself provides the
supervisory signal. The result is rapid and accurate in obtaining 3D reconstructions without the need
for costly experimental training pairs [41].

These examples reinforce the central insight that embedding physics-based forward models into the
training process can overcome the lack of labeled data, yielding stable solutions to inverse problems
in diverse scientific domains. This paradigm is directly transferable to heliostat surface reconstruction,
where the governing physics of light reflection and flux propagation can serve as implicit supervision in
the absence of ground-truth deflectometry.

Physics-Driven Framework for lll-Posed Inverse Problems

The previously listed works demonstrate that ill-posed inverse problems can be addressed using a com-
mon physics-driven framework, as illustrated in Figure 2.7. In this scheme, measured data are fed into a
neural network that predicts the hidden physical quantity of interest. A differentiable forward model, rep-
resenting the governing physics of the system, then maps this prediction back into the measurement
space. The discrepancy between simulated and observed measurements defines the training loss,
which is propagated back through the network. This approach has been applied successfully across
diverse domains: seismic imaging, where primaries are separated from multiples using the wave equa-
tion [38]; potential field geophysics, where downward continuation is stabilized by embedding upward
continuation operators [39]; acoustics, where vibrating surface velocities are reconstructed from sound
pressures via the Helmholtz integral [40]; and microscopy, where 3D structures are inferred from raw
light-field measurements using the imaging forward model [41]. The repeated success of this architec-
ture across fields highlights its role as a generalizable framework for ill-posed inverse problems, and it
forms the conceptual foundation for the approach developed in this thesis.
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Figure 2.7: General physics-driven framework for solving ill-posed inverse problems. Measured data are provided to a neural

network, which predicts the hidden physical quantity of interest. A physics-based forward model then maps the prediction back

into the measurement space, where it is compared to the observed data. The resulting discrepancy defines the loss function for
training, enabling learning without explicit ground-truth labels.



Research Aim

While CSP offers advantages such as integrated thermal storage, it has so far lagged behind PV sys-
tems in terms of global deployment and cost efficiency. Nevertheless, large-scale CSP plants continue
to be employed, and as the technology continues to mature, further performance gains are expected
to arise from computational optimization. One key opportunity lies in flux density optimization at the
receiver of tower-based systems, which directly impacts thermal efficiency and energy yield.

In these systems, heliostats reflect sunlight onto a central receiver. The resulting flux density distribution
on the receiver is highly sensitive to the surface geometry of each heliostat. Accurate knowledge of
these surfaces is therefore essential for predicting and optimizing performance. Heliostat surfaces are
often modeled as perfectly smooth and idealized, a simplification that introduces significant errors.

To address this, deflectometry is currently used to measure heliostat surfaces. While precise, the
method is logistically and economically impractical at scale. The measurement process is complex and
requires very specific circumstances, limiting the feasibility of continuous monitoring or deployment in
large-scale CSP systems.

Deep learning offers a potential alternative. Lewen et al. demonstrated that a supervised neural net-
work can infer heliostat surfaces from flux density images and system parameters—but only when
trained on ground-truth surface data obtained through deflectometry [24]. As a result, their method still
depends on deflectometry, and does not eliminate the associated limitations.

This opens the question whether deflectometry could be omitted entirely, and surface prediction achieved
using only flux density images. Since these measurements can be collected cheaply and continuously

at the receiver, such an approach would be far more practical and scalable. However, relying solely on

flux data introduces a fundamental difficulty: the inverse mapping from flux density to surface geome-
try is strongly ill-posed. Multiple different surfaces can produce nearly identical flux patterns, making it

impossible to uniquely recover the underlying geometry without additional ground-truth constraints.

3.1. Framework

The goal of this work is to eliminate the need for deflectometry data in heliostat surface prediction for
CSP systems, while maintaining accuracy comparable to the supervised approach of Lewen et al. To
this end, the proposed method builds on their architecture but removes the requirement for labeled
surface data. Instead, it predicts heliostat surfaces using only data readily available in the system—
namely, Sun positions, heliostat positions, and flux density images. As illustrated in Figure 3.1, this
predicted surface is passed through a physics-based ray tracer, which simulates the corresponding
flux distribution; this simulated image is then compared to the input image, and the difference is used
as the training signal.

15
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Figure 3.1: Schematic of the physics-aware training loop. The neural network predicts heliostat surface geometry from Sun
positions, heliostat position, and flux densities. The predicted surface is passed to a differentiable ray tracer to generate a
simulated flux density image. A loss function compares the simulated and ground truth flux density images, and the error is
backpropagated through the network. This iterative loop continues until convergence.

This setup follows the general physics-driven framework for ill-posed inverse problems, as demon-
strated in domains such as seismic imaging, potential field geophysics, acoustics, and microscopy. By
embedding a differentiable forward model into the training loop, the network is constrained to produce
predictions that remain consistent with the governing physics. However, in the heliostat setting the
inverse mapping from flux density to surface geometry is particularly ill-posed, since multiple distinct
surface configurations can give rise to nearly identical flux distributions. This makes the problem more
ambiguous than in many related applications, motivating additional regularization strategies to be de-
veloped and applied in this work.

The next chapter details the methodology developed to realize this framework, including the dataset
construction, training process, and incorporation of further physics-based constraints to address the

ill-posedness.



Methodology

This chapter presents the methodology used to implement the proposed physics-aware deep learning
framework. The chapter is divided into two main parts. The first part outlines the conceptual design
of the approach, including the definition of inputs, the neural network architecture, the integration of
the differentiable ray tracer, and the evaluation metrics and constraints applied to guide learning. The
second part focuses on the practical implementation of this methodology in Python, illustrated through
flow diagrams of the primary scripts and the data preprocessing pipeline. Together, these two parts
provide both the theoretical and technical foundations for the experiments presented in Chapter 5.

4.1. Surface Prediction via Physics-Aware Deep Learning
The overall training procedure developed in this work is illustrated schematically in Figure 3.1. The
following sections describe each component of this pipeline in sequence, beginning with the input stage.

4.1.1. Inputs

Each training sample corresponds to a single heliostat and its reflection behavior under a specific solar
configuration. In the following, the term training sample refers to one complete input to the network,
consisting of a heliostat position, eight Sun positions, and the corresponding eight flux density images.

Sun Positions

In the proposed training pipeline, Sun positions constitute a key component of the neural network in-
puts, as they define the incident direction of solar radiation for each simulated heliostat configuration.
To ensure consistency across the dataset and compatibility with the subsequent physics-based simula-
tions, each Sun position is represented as a unit vector in the East-North—Up (ENU) coordinate system,
with the origin defined at the base of the solar tower.

An example distribution of the randomly selected Sun positions is shown in Figure 4.1. Each position
is defined by a pair of azimuth («) and elevation (¢) angles, computed as described in Appendix A.2.
The azimuth and elevation pairs are converted into a unit vector according to Equation 4.1:

cos(e) - cos(a)
U= = | cos(e) - sin(a) (4.1)

x
)
z sin(e)
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Figure 4.1: Distribution of simulated Sun positions in azimuth—elevation space, representing randomly sampled conditions
over the course of a year at the Julich tower site. The sampling ensures coverage of the solar path relevant for heliostat field

operation and provides diverse input conditions for neural network training.

While the full annual range of Sun positions is theoretically available (Section 2.3.1), certain positions
pose a challenge for accurate simulation in this work. In particular, Sun positions with an elevation below
30° or with a north component of the converted unit vector exceeding 0.6 result in ray tracing errors for
heliostats located in the first row of the grid, causing the target area on the tower to be partially or
completely missed. Such positions do not provide meaningful training data and are therefore excluded
from the dataset, as can be seen in Figure 4.1.

After filtering, the remaining valid Sun positions are used to generate the corresponding flux density
images, which, together with heliostat position data, form the complete training sample set for the neural
network.

Flux Density Images

In the proposed training framework, each heliostat—Sun position pair is represented by a corresponding
flux density image. For every heliostat, flux density images are generated for eight distinct Sun positions
using a differentiable ray tracer, which is available as open-source code via GitHub [37] and described
in detail in Section 2.3.1. Each image has a resolution of 64 x 64 pixels and is stored in bitmap format,
where pixel intensities are represented numerically and the complete image is encoded as a tensor.
An example set of eight flux density images for a single heliostat is shown in Figure 4.2, illustrating the
variation in flux distribution with changing Sun positions.
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Sun Position 1: Sun Position 2: Sun Position 3: Sun Position 4:
[0.78, -0.02, 0.62] [0.65, -0.15, 0.75] [0.39, -0.66, 0.64] [0.13, -0.85, 0.52]

Sun Position 5: Sun Position 6: Sun Position 7: Sun Position 8:
[0.43, -0.62, 0.66] [0.59, 0.44, 0.68] [0.41, 0.34, 0.85] [0.31, -0.57, 0.76]

Figure 4.2: Example flux density images for a single heliostat under eight distinct Sun positions. Each image corresponds to
one ENU unit vector listed above the panel. The variation in the flux distributions illustrates how changes in solar position affect
the reflected energy pattern, forming the basis for the image-based inputs used in the neural network training.

Since the surface prediction task is inherently ill-posed, incorporating multiple Sun positions per helio-
stat helps constrain the solution space. Using several flux density images provides two main benefits.
First, it increases the amount of information available to the network during training. Second, it captures
the variation in flux distributions caused by changes in illumination conditions for the same surface.

Based on prior findings by Lewen et al. [24], the number of Sun positions was set to eight. This value
offers a favorable trade-off between predictive accuracy and computational cost: while additional Sun
positions could in principle provide more information, their benefit saturates around eight and runtime
increases substantially. Later experiments (Appendix A.3) confirm that eight Sun positions improve
both flux image accuracy and surface prediction compared to single-Sun setups.

In addition to the flux density images, spatial information is required to define the location of each
heliostat within the field. This positional data is described in the following section.

Heliostat Positions

Each training sample includes the position of the corresponding heliostat in ENU coordinates. The
actual heliostat positions from the Jiilich power plant field are used for this purpose. Figure 4.3 shows
the layout of the heliostat grid employed during training. The inclusion of positional information is
essential, as the geometric relationship between the heliostat, the Sun, and the receiver has a direct
impact on the resulting flux density distribution.
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Figure 4.3: Layout of the heliostat field at the Jilich solar tower, shown in East-North-Up (ENU) coordinates. Each green
marker corresponds to the position of an individual heliostat used in the dataset.

In addition to spatial position, the structural configuration and orientation of each heliostat influence the
flux density distribution. Each heliostat in the Jilich CSP plant is rectangular and composed of four
flat rectangular facets, as shown in Figure 4.4. Since the facets are flat rather than curved, they must
be slightly angled towards each other to focus sunlight onto the receiver — a process referred to as
canting. The canting angles depend on the heliostat’s location within the field and are represented by
canting vectors, which define the direction of reflected rays toward the target area on the tower.

Figure 4.4: Example of a real heliostat at the Jllich CSP plant. Each heliostat consists of four flat rectangular facets that are
slightly canted toward one another to concentrate sunlight onto the receiver. [23]

Certain heliostats located in the central area of the field are aimed at alternative targets for testing
purposes and therefore exhibit different canting values in the available deflectometry data. To maintain
a consistent dataset and reduce unnecessary variability in the training process, these 130 heliostats
are excluded, leaving 1474 positions for training and data augmentation. This also explains the gaps
visible in the field in Figure 4.3.

While this work primarily uses the real heliostat positions from the Jilich plant, alternative synthetic
positions are also explored to assess their impact on prediction performance. These variations are
presented and discussed in detail in Section 4.1.9.

The next step in preparing the training sample concerns the quantity and diversity of available data,
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which directly influence the neural network’s capacity to generalize. Therefore, the subsequent section
examines the dataset size and augmentation strategies applied in this work.

Augmentation of Input Data

In addition to the characteristics of the input features, the size of the dataset plays a decisive role in
the effective training of a neural network. For the Jilich power plant, deflectometry measurements are
available for only 423 heliostats. This dataset is publicly accessible through the PAINT database. As
described above, eight Sun positions are considered per heliostat. Using the ray tracing procedure to
generate the corresponding flux density images from these 423 measured surfaces yields 3 384 images
derived from real heliostat data.

This quantity is far below the dataset size typically required for training deep learning models. For
reference, Lewen et al. [24] employed approximately 160 000 surfaces for their experiments. Moreover,
not all available real surfaces can be allocated to training, as a portion must be set aside for testing to
ensure comparability with previous work. Specifically, 56 heliostat surfaces (13.2% of the real dataset)
are reserved for testing, matching the selection of heliostats used in [24]. The remaining 367 real
surfaces are available for training, which remains insufficient for robust model optimization without
augmentation.

To address this limitation, a two-stage augmentation procedure is applied to generate a synthetic
dataset of 50 000 surfaces while preserving physical plausibility:

1. Rotation: All existing surfaces are rotated by 180°, effectively doubling the number of surfaces.

2. Interpolation: Pairs of real surfaces are randomly selected, and an interpolated surface is gen-
erated according to:

Sinterp = - S1 + (I1-a)-S3, acl0,1] (4.2)

Here, S, and S, are the randomly selected surfaces, Siterp is the resulting interpolated surface, and o
is a random scalar drawn from the interval [0, 1].

All augmented surfaces share identical x and y coordinates, while only the z-coordinates—representing
deviations from the ideal flat surface—are varied.

Once the augmented surfaces are generated, they are integrated into the grid of real heliostat positions
to create realistic but simulated training samples. For each sample, a random heliostat position is
selected from the grid of real positions shown in Figure 4.3. The augmented surface is then added to
the ideal heliostat corresponding to this position in the grid, resulting in a realistic but simulated surface.
The canting vector described in Section 4.1.1 is already incorporated into the ideal heliostat model
for each position, meaning that every heliostat position has its own unique ideal surface. Figure 4.5
illustrates an example of this addition process.

To maintain a strong influence of authentic measurements, the final training dataset is composed of
20% real surfaces and 80% augmented surfaces. This results in repeated use of real surfaces, but
each is combined with different positions within the field, increasing diversity while preserving physical
realism. The purpose of this approach is to assign greater weight to the real surfaces, ensuring that
the neural network is trained with a substantial fraction of authentic data. The goal is to maintain the
training dataset as realistic as possible while significantly increasing its size.
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Figure 4.5: lllustration of generating a simulated realistic heliostat surface by combining an augmented surface with the ideal
heliostat geometry. The ideal surface, including canting of the four facets, is modified by adding small-scale deviations
represented by the augmented surface. The resulting composite surface preserves the x—y geometry of the ideal heliostat
while altering the z-coordinates, yielding a realistic approximation of measured mirror imperfections.

4.1.2. Neural Network

In brief, the neural network processes both image-based flux density inputs and scalar Sun and heliostat
positional data to reconstruct surface geometry. Its architecture follows the encoder—decoder design
of Lewen et al. [24] (Section 2.3.1).

Hyperparameter Tuning

While the network architecture is fixed to ensure comparability with prior work, its performance depends
strongly on the choice of training hyperparameters. These parameters govern how the model learns
from data and can significantly influence both convergence stability and final reconstruction accuracy.
To identify an effective configuration, hyperparameters are optimized in a two-stage process.

In the first stage, a grid search is conducted using a reduced dataset to limit runtime. This step provides
an initial set of working parameters, summarized in Table A.3. This stage is going to be referred to as
the standard hyperparameter configuration.

In the second stage, a Bayesian hyperparameter optimization explores a broader parameter space—
including learning rate, weight decay, error criterion, and learning rate scheduler settings (see Table
A.2)—to identify configurations that match or even exceed grid search performance. Unlike grid or
random search, Bayesian hyperparameter optimization uses a probabilistic model of the objective
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function—typically a Gaussian Process—to model the relationship between hyperparameters and val-
idation performance. This surrogate model predicts both expected performance and uncertainty, en-
abling efficient decision-making via acquisition functions that balance exploration and exploitation. This
approach has been shown to substantially reduce the number of expensive training runs required to
discover effective configurations and, in some cases, to surpass expert-level tuning [42]. This approach
enables more efficient and targeted hyperparameter tuning, crucial when each evaluation requires full
training and validation of a complex deep model.

For both optimization methods, 200 training samples were used. This reduced dataset size was chosen
to allow for a faster comparison across a wider range of hyperparameters. The best-performing con-
figurations identified in this step are later validated on larger datasets. The results of both approaches
are listed in Table A.3, and both configurations are carried forward for further testing.

4.1.3. Outputs

With the neural network architecture and its hyperparameters established, the next step is to determine
how the network expresses its prediction of the heliostat surface. Since the choice of surface repre-
sentation directly affects both prediction accuracy and computational efficiency, this work adopts the
NURBS-based format introduced in Section 2.3.1, which offers a compact yet flexible description of
complex geometries. In the implementation used here, the x- and y-coordinates of these control points
are fixed to a predefined grid, leaving the network to predict only the z-coordinates. For a four-facet
heliostat, this corresponds to 8 x 8 z-values per facet, resulting in 256 predicted values per surface.

A key challenge when predicting NURBS control points from flux density images is the ill-posed nature
of the inverse problem: multiple control point configurations can yield indistinguishable optical outputs.
To evaluate this ambiguity, the predicted control points are compared with the ground truth control
points of the surfaces used to generate the input images during training. This enables quantification of
the deviation between optical accuracy and geometric fidelity.

Once predicted, the NURBS control points — consisting of the fixed z-y grid and the predicted z-
coordinates — are passed to the differentiable ray tracer. The ray tracer then produces the correspond-
ing flux density image, integrating a physics-based step into the feedback loop for network optimization.

4.1.4. Raytracing

The ARTIST differentiable ray tracer (Section 2.3.1) is employed both during dataset generation and
within the training loop. In both contexts, the available parallelization strongly influenced the design of
this work’s pipeline.

Data generation

When constructing the training and test datasets, surfaces must be ray traced under multiple Sun po-
sitions. The ray tracer supports parallel evaluation of several heliostats, but only if the Sun position
is identical across them (Section 2.3.1). This restriction arises because the ray-tracing scene must
be rebuilt whenever the Sun position changes. To exploit parallelism, flux density images were there-
fore generated in groups of surfaces sharing the same Sun positions. This greatly reduced dataset
generation time but imposed a structural constraint on how data could later be batched.

Training loop

During training, the network predicts batches of heliostat surfaces that must each be converted into flux
density images for comparison with reference images. To keep runtimes manageable, these surfaces
are ray traced in parallel. However, parallelization is only possible if all surfaces in a batch share the
same Sun position. As a result, each batch is evaluated under a single Sun position, even though the
training data contain multiple Sun positions per heliostat. Evaluating all available Sun positions per
batch would require repeating the ray tracing step for each one, increasing runtime by a factor equal
to the number of Sun positions. The adopted strategy therefore trades off feedback richness—fewer
supervisory signals per iteration—for substantially improved computational efficiency.

In addition, this parallelization constraint structures the data into fixed chunks defined by shared Sun
positions. Randomization during data loading is therefore limited to shuffling within these chunks, rather
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than across the entire dataset. This reduces training diversity slightly but was judged acceptable given
the significant runtime benefits.

Trade-offs

This design creates a trade-off between computational efficiency and data diversity. On the one hand,
large batches maximize parallelism but reduce the variability of training data. On the other hand, small
batches increase stochasticity but diminish throughput, as the maximum parallelization scales directly
with the batch size. A compromise was therefore chosen by fixing batches at eight surfaces under
shared Sun positions, balancing runtime efficiency against training diversity.

4.1.5. Loss Calculation

In the training loop, the ray tracer serves as the bridge between the predicted heliostat surface and
the optical output in the form of a flux density image. To enable the network to learn from this output,
the generated image is compared to the ground truth image associated with the same heliostat—-Sun
position pair. This comparison is performed numerically using an image loss function, which converts
the pixel-wise differences into a single scalar value that guides the weight updates of the neural network.

The choice of loss function is non-trivial. Different metrics emphasize different aspects of image simi-
larity: per-pixel measures such as the Mean Absolute Error (MAE), Mean Squared Error (MSE) and the
Root Mean Squared Error (RMSE) are sensitive to intensity differences, while the Structural Similarity
Index Measure (SSIM) highlights spatial structure and contrast. Consequently, the loss function must
be selected with care, balancing robustness, sensitivity, and comparability with prior work.

Following Lewen et al. [24], MAE is adopted as the default image loss function in this work. Preliminary
experiments conducted with MAE, MSE, RMSE, and SSIM (see Appendix A.6) confirmed that while
SSIM can provide slightly better flux-image similarity, MAE yields more consistent surface reconstruc-
tions. A single SSIM experiment will additionally be run among the final experiments to confirm this
choice.

With the image loss function defined, the training loop has a mechanism to update weights during
learning. However, the quantity minimized during training is not identical to the quantities of interest
when judging the model performance in this case. To objectively compare models and quantify surface
reconstruction quality, explicit performance metrics must be established.

4.1.6. General Performance Metrics
Two primary metrics are employed to evaluate performance of the trained model.

1. Flux MAE: the MAE between the predicted and ground truth flux density images. This quantifies
how well the network reproduces the reference optical output, which is the indirect but original
observable in the inverse problem.

2. Surface MAE: the MAE between the predicted and reference surfaces. This is computed as the
average MAE across all z-coordinates of the predicted and ground truth NURBS control points.
The resulting single scalar value provides a direct measure of the geometric accuracy of the
surface reconstruction.

Each trained model is evaluated on the same test set as Lewen et al. to enable comparability, and both
metrics are recorded to capture complementary aspects of performance: flux reproduction and surface
reconstruction.

In addition to these MAE-based metrics, the relative flux density accuracy metric defined by Lewen et
al.(Section 2.3.1) is also employed for direct comparison. A practical challenge arises because this work
applies max-normalization during training, ensuring all flux density bitmap pixel values lie in the range
[0,1]. For evaluation, however, flux images are sum-normalized to match Lewen et al.’s convention, so
that the overall accuracy can be computed consistently as

ACC =" |G — Ppreal - (4.3)

With both training losses and performance metrics now defined, the framework can quantify recon-
struction performance. Yet, because the inverse problem remains strongly ill-posed, good flux density
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prediction does not guarantee physically accurate surfaces. To address this, the following section in-
troduces geometric descriptors derived from real heliostat measurements, which form the basis for
designing regularization strategies.

4.1.7. Geometric Descriptors of Heliostat Surfaces

Analyzing real or predicted heliostat surfaces requires a consistent set of quantitative measures that
capture their key geometric properties. Without such definitions, quantities such as curvature, tilt, or
edge behavior would remain ambiguous, making it difficult to interpret measurements or link them to
physical properties.

To address this, a set of geometric descriptors is defined. These descriptors serve two purposes: first,
they enable the empirical analysis of deflectometry data in Section 4.1.8; second, they provide the
basis for the regularization terms formulated later in Section 4.1.9. The following definitions establish
the mathematical framework used throughout the remainder of this work.

z-Values

Let Z ¢ R**8x8 denote the z-coordinates of the control points for the four facets of a heliostat, ex-
pressed relative to an ideal reference surface at = = 0. These values represent deviations from the
ideal geometry after removing canting effects. Basic statistics of Z—such as mean, range, and stan-
dard deviation—capture the overall magnitude of deviations.

Curvature
Local smoothness is quantified using a discrete Laplacian operator, which approximates the second-
order spatial derivative. For a control point (4, j) on facet f, the Laplacian is computed as:
) _ () () H ) €))
AZv',,j = Zi—l,j + Zz’+1,j + Zv',,j—l + Zi,j+1 - 4Zi,j (4.4)
This quantity measures the deviation of Zi(? from the average of its four immediate neighbors. The

mean curvature of a surface is defined as the average absolute Laplacian over all control points and
facets. Units are in 1/m.

Tilt

Global orientation is described by the unit normal vector of each facet. The normal n,; for facet f in
batch b is obtained by fitting a plane to its control points via singular value decomposition (SVD). The
tilt angle relative to the ideal z-axis is then:

0
Opy = arccos | [npr- |0 (4.5)
1

Atilt of 6,4 = 0 corresponds to perfect alignment with the z-axis.

Edge Dip
To capture localized bending at facet boundaries, the height difference between each edge control point
Zeage @nd its adjacent inner neighbor Z;,;,.. is defined as:

07 = Zedge - Zinner (46)

Negative values indicate that the edge lies below the interior, as frequently observed in real measure-
ments.

These geometric descriptors provide interpretable, physically meaningful measures of heliostat surface
geometry. They serve as the foundation for both the empirical analysis of real heliostat data (Section
4.1.8) and the formulation of regularization strategies that incorporate physical constraints (Section
4.1.9).
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4.1.8. Empirical Constraints from Deflectometry Measurements

Regularization strategies should reflect the physical characteristics of real heliostat surfaces. However,
without quantitative knowledge of these characteristics, constraints risk being overly strict, too loose,
or misaligned with actual surface behavior.

To address this, this section analyzes measurements obtained via deflectometry at the CSP plant in
Julich, using the geometric descriptors defined in Section 4.1.7 to establish empirical bounds. These
bounds later inform the mathematical constraints described in Section 4.1.9. The measurements rep-
resent surface deviations with canting removed by subtracting the corresponding ideal heliostat from
the same position (including identical canting values), as described in Section 4.1.1, resulting in data
that captures only deviations from the ideal geometry on a constant xy-grid.

z-Values Distribution

Understanding the order of magnitude of surface deviations is a prerequisite for designing realistic
constraints. To quantify these deviations, the statistical distribution of the z-coordinates was computed
across all measured surfaces. Statistics were calculated over all z-coordinates—4 x 8 x 8 per heliostat—
for all 423 heliostats, yielding 108 288 individual data points.

The results, shown in Table A.5 indicate that both the mean and absolute mean are on the order of
10~° m to 10~ m, confirming that real surface deviations are comparatively small. This supports the
later introduction of an L2 regularization term to encourage predictions to remain close to zero.

The distribution of z-coordinates, shown in Figure 4.6, reveals a strong concentration around the mean,
with relatively few extreme values. As most coordinates fall within +2 mm, a range-based regularization
will also be implemented to penalize predictions outside this interval while allowing occasional outliers
to capture rare but physically plausible deviations.

Distribution of z-coordinates

20000 -

17500 4

15000 4

12500

10000

Count

7500 A

5000 +

2500 1

T T T T T T
—0.0075 —0.0050 —0.0025 0.0000 0.0025 0.0050 0.0075
z-value [m]

Figure 4.6: Statistical distribution of z-coordinate deviations across all measured heliostat surfaces. The majority of values are
concentrated tightly around zero, within approximately +£2.5 mm, indicating that real surface deviations are comparatively small.
This distribution supports the use of regularization strategies that penalize large deviations while still allowing for occasional
outliers.

Beyond the range and distribution of individual z-values, the overall surface shape and structural pat-
terns are also relevant, as they may inform the design of spatially aware regularization terms. The
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next subsections extend this analysis to curvature, tilt, and edge behavior, providing surface-shape
constraints.

General Surface Geometry
While the statistical analysis of individual z-coordinates describes the magnitude of surface deviations,
it does not reveal how these deviations are distributed across the entire heliostat. Understanding the

overall surface shape is important, as recurring geometric patterns can influence the choice of regular-
ization strategies.

To address this, representative measured surfaces were plotted for visual inspection, enabling the
identification of common structural characteristics. Figure 4.7 shows an example of a typical surface
from the dataset, illustrating patterns that will be quantified in the following subsections.
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2020

Figure 4.7: Example of a representative measured heliostat surface (AA33) from the Jilich dataset. The surface is composed
of four flat rectangular facets, each exhibiting small but noticeable deviations from the ideal, flat plane. Such patterns provide
insight into common geometric characteristics of real heliostats and form the basis for the quantitative analysis of surface errors
in the following subsections.

Three key observations emerge. First, the surfaces display a high degree of smoothness, with stronger
curvature typically occurring near the edges. Second, it seems that even without canting, some of

the surfaces are slightly tilted. Third, the control points along the edges consistently dip below their
immediate inner neighbors.

The following subsections quantify these qualitative observations by analyzing different aspects of sur-
face geometry:

» Curvature, to capture overall smoothness patterns.
« Tilt, to measure directional inclination of facets.

» Edge behavior, to assess the consistent dip of boundary control points.
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Each of these analyses provides parameters and empirical ranges that later guide the implementation
of the corresponding regularization terms.

Curvature Distribution While z-coordinate statistics quantify the magnitude of deviations, they do
not capture local surface roughness. Curvature provides this additional perspective, revealing how
smoothly or abruptly the surface changes between neighboring control points. High local curvature
may indicate unrealistic surface shapes that should be constrained during prediction.

The curvature for each control point was computed as defined in Section 4.1.7. Table A.6 summarizes
the resulting statistics, based on the same 108 288 control points as in the z-coordinate analysis.

The distribution of curvature values (Figure 4.8) shows three distinct peaks: values near 0 (center
points), around 0.04 (edge points), and around 0.08 1/m (corner points). This indicates that most large
curvatures occur along the facet boundaries, while the centers remain nearly flat.
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Figure 4.8: Distribution of curvature values across all heliostat control points. Three distinct peaks are visible: values near 0
1/m corresponding to center points, around 0.04 1/m for edge points, and around 0.08 1/m for corner points.

To confirm this, the control points were splitinto edge and center regions. The results confirm that edges
account for nearly all significant curvature values, while the centers remain close to zero. Detailed
statistics are provided in Table A.7.

Further inspection of the highest-curvature surfaces shows that the extreme values all occur at facet
corners. This is partly an artifact of the Laplacian calculation, which uses zero-padding for points out-
side the facet, thereby exaggerating curvature values at the boundaries and particularly at the corners.
However, this concentration of high curvature at the edges is also physically plausible: the material at
the facet boundaries has more degrees of freedom and is less constrained, which can lead to larger
deviations than in the more rigid central region. Since the Laplacian artifact and the genuine physical
effect are difficult to disentangle, curvature regularization will be applied only to center points to avoid
penalizing artificial edge exaggerations while still capturing realistic surface smoothness.

The highest curvature value is observed on the AA36 heliostat in the Julich field, as shown on the left
in Figure 4.9. This surface appears to exhibit an issue, as the facets seem to include a canting angle,
especially when compared to Figure 4.7. A possible explanation is that two heliostats were swapped



41. Surface Prediction via Physics-Aware Deep Learning 29

during measurement, causing the canting to be computed incorrectly. Since this data originates directly
from the PAINT database, it is however impossible to find the definite origin of this error. Nevertheless,
the surface is retained in the generation and augmentation of the training data. In machine learning
applications, edge cases often provide valuable information, so this surface was not excluded despite
being visibly different from the other surfaces [43].
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Figure 4.9: Example of a heliostat surface (AA36) with the highest measured curvature values in the Jilich field. The surface
exhibits irregular canting, likely due to measurement inconsistencies or swapped heliostats.

The reference curvature for regularization was set to the mean curvature of the center points (0.000281
1/m). An initial deviation threshold equal to this mean was used, but later reduced to 0.00005 1/m after
preliminary tests indicated that the original threshold insufficiently penalized high-curvature predictions.

In addition to curvature, the following subsection examines the global tilt of the facets to determine
whether a tilt regularization term is warranted.

Tilt Distribution While curvature describes local surface roughness, tilt measures the global orien-
tation of each facet. Excessive tilt could indicate a systematic misalignment, even if the surface is
otherwise smooth.

Tilt angles relative to the vertical normal vector were computed as defined in Section 4.1.7. The results
in Table A.8 show that the mean observed tilt is 0.043°, or 0.76 mrad. Such small values confirm that
the measured surfaces are effectively flat in terms of overall orientation, without any excessive tilt.

Given this, tilt regularization will be configured to penalize any significant deviation from the vertical nor-
mal vector, ensuring that predicted facets remain globally aligned while allowing for the minor variations
observed in the real data.

Lastly, the behavior of the surface edges is analyzed, as they display distinctive structural patterns.
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Edge Dip Distribution Visual inspection of measured surfaces (e.g., Figure 4.7) shows that edge
control points generally have lower z-coordinates than their adjacent inner points. This effect is most
pronounced at the corners, where two neighboring points are missing. Such dips are likely caused by
the NURBS surface representation and the lack of geometric constraints at the boundaries, rather than
by the physical properties of the real heliostats.

Nevertheless, this characteristic is consistently present in the parameterized NURBS surfaces used
to generate the flux density images. To ensure consistency between the training data and predicted
surfaces, this behavior is modeled explicitly through an edge dip regularization. The edge dip is defined
as the z-coordinate difference between an edge point and its immediate inner neighbor, as described in
Section 4.1.7. Table A.9 summarizes the observed statistics; the mean dip value is used as the margin
parameter for the regularization term.

The deflectometry analysis therefore provides quantitative parameters for all surface-shape regulariza-
tions: curvature thresholds, edge dip margins, and z-value constraints. These parameters are applied
during training to guide the network toward realistic and physically consistent predictions. Building on
these empirical constraints, the following section describes how they are implemented mathematically
to reduce the solution space and prevent the network from converging to implausible geometries.

4.1.9. Further Reduction of Solution Space

Predicting a heliostat surface from flux density measurements is an inherently ill-posed inverse prob-
lem: many distinct geometries can produce nearly identical flux density images. Without additional
constraints, the neural network may converge to a surface that matches the flux density but is geomet-
rically unrealistic.

The empirical bounds derived from deflectometry analysis (Section 4.1.8) provide a quantitative defini-
tion of realistic surface shapes. These bounds form the basis for the geometry-based constraints, which
are implemented as penalty terms in the training loss to limit surface magnitude, enforce smoothness,
encode known structural patterns, and promote prediction diversity.

In addition to geometry-based constraints, data-level strategies can further reduce ambiguity by altering
heliostat positions to increase the information content of the flux density images. This complementary
approach aims to make the inverse problem better conditioned.

The following subsections first present the geometry-based constraints—directly linked to the physical
measurements—before introducing the data-level strategies.

z-Values Regularization

The first geometry-based regularization strategy constrains the z-coordinate of the predicted control
points. This constraint is directly motivated by the deflectometry analysis in Section 4.1.8, which
showed that real heliostat surface deviations are small—typically within a few millimeters.

Without such a bound, the neural network may produce unrealistically large deviations during early
training. In extreme cases, these exaggerated shapes can cause the ray tracer to output completely
black flux density images. Once this occurs, the image loss may stagnate, and the model can converge
prematurely to an incorrect solution.

To prevent this, the absolute z-coordinates of all predicted control points are limited to a maximum
threshold z;;,,, set according to the measured data. A penalty term is added to the loss whenever this
threshold is exceeded, proportional to the violation magnitude and scaled by a high penalty factor ~,.jim:

Lz-lim,reg = Yz-lim Lz-lim (47)

Here, L,.im represents the violation magnitude beyond z;;,,,.

While the z-limit enforces a realistic range, it does not actively encourage small deviations. There-
fore, the next subsection introduces an L2 regularization term to bias the network toward minimal but
physically plausible departures from the ideal heliostat surface.
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L2 Regularization

The second geometry-based constraint builds on the deflectometry findings in Section 4.1.8, which
showed that real heliostat surfaces deviate from the ideal shape only slightly—typically on the order of
millimeters or less. This motivates biasing the predicted z-coordinates toward small values that reflect
physically plausible geometries.

Even with the z-limit regularization in place (Section 4.1.9), the network may still produce unnecessarily
large variations within the allowed range. Such shapes can be unrealistic yet still yield low image loss
because of the ill-posed nature of the problem.

To counter this, an L2 regularization term is applied directly to the predicted z-coordinates:

Li» =|Z]3 (4.8)

Here, Z is the 4 x 8 x 8 tensor of predicted z-coordinates, and || Z||3 denotes its squared L2 norm:

Zﬁj,k (4.9)
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Where f indexes the four facets, and i, j denote the 8 x 8 control points. A weight factor v, determines
the impact of this regularization on the overall loss:

Lioreg = n2Li2 (4.10)

The influence of L5 g can be scheduled over the course of training. A high initial penalty helps keep
predictions close to the ideal surface during early training, aiding stable convergence. Later, the penalty
can be reduced to allow more flexibility for refining the predicted geometry. If the penalty remains
too strong throughout, the model risks producing overly flat surfaces that fail to capture meaningful
deviations. In this work, primarily linear decay of the loss term is investigated.

While L2 regularization encourages small deviations globally, it does not guarantee local smoothness.
To address this, the next section introduces a curvature-based regularization that penalizes excessive
local roughness in the predicted surfaces.

Curvature Regularization

The third geometry-based constraint addresses local smoothness. Deflectometry analysis (Section
4.1.8) showed that real heliostat surfaces are generally smooth, with higher curvature only near the
edges and minimal abrupt variations in the center. This motivates a regularization term that penalizes
excessive local roughness in the predicted geometry.

Even when z-limits (Section 4.1.9) and L2 regularization are applied, the network may still generate
surfaces that are globally plausible but locally jagged. Such oscillations can still achieve low image
loss because multiple shapes can produce nearly identical flux density images.

The curvature at each control point is computed as defined in Section 4.1.7 using the discrete Laplacian
operator. For each predicted surface, the mean curvature is compared to a reference value Cies Ob-
tained from the real-surface analysis. A loss is applied only when the deviation exceeds a tolerance 7:

LZ:(Opredi—c f)2 ifI;ﬁ@
Lowwe = 4 " ict * where Z = {i | [Cpreai — Cref] > 7} (4.11)
0 otherwise

where Cpreq,; is the predicted curvature of sample i, Cies is the reference curvature, 7 is the curvature
deviation threshold, Z is the set of indices where the deviation exceeds 7, and N is the number of
samples in Z. The loss is scaled by a weight factor veyrve:
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Lcurve,reg = Yeurve Lcurve (4- 1 2)

This regularization is activated only after a warm-up period of several epochs. Applying it too early
could destabilize training because initial predictions may be highly curved, leading to large penalties
and poor convergence. Starting later allows the network to establish the general shape before fine-
tuning smoothness.

While curvature regularization enforces local smoothness, it does not address potential global misalign-
ments of an entire facet. Even a uniformly tilted surface can produce smooth curvature values while
deviating from the correct orientation. The next subsection therefore introduces a tilt regularization to
maintain proper global alignment with respect to the vertical axis.

Tilt Regularization

Even when constraints on magnitude, smoothness, and edge shape are satisfied, the predicted surface
can still exhibit a uniform tilt relative to the z-axis. Such global misalignments may have little effect on
the flux density image, but they reduce the physical realism of the reconstructed geometry.

To counter this, a tilt regularization term penalizes deviations of each facet’s normal vector from the
vertical, as defined in Section 4.1.7. The contribution of this term to the overall loss is scaled by a
weight factor:

Liitreg = titt Lttt (4.13)

This encourages the network to maintain correct global facet orientation in addition to producing locally
plausible surface shapes.

While tilt regularization enforces correct global orientation, it does not address localized structural pat-
terns observed in real surfaces. One such pattern is the systematic dip of control points along facet
edges, which is modeled by the edge dip regularization introduced in the next subsection.

Edge Dip Regularization

Deflectometry measurements reveal a recurring local feature in real heliostat facets: the outermost
control points, located along the first and last rows and columns, tend to be slightly lower in the z-
direction than their immediate inner neighbors (Figure 4.10). This bending effect occurs independently
of canting.

General smoothness constraints, such as curvature regularization (Section 4.1.9), treat all points uni-
formly and cannot enforce this localized deformation. Without an explicit constraint, the network may
produce edges that are unrealistically flat or even raised relative to the interior, contradicting real-
surface behavior.

To encode this feature, an edge dip regularization is introduced. Let Zg44e be the z-coordinate of an
edge control point and Zinner that of the immediately adjacent inner control point. A margin m, derived
from statistical analysis, specifies the expected drop in z-values between the inner and outer points.
All distances are measured in meters.
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Figure 4.10: Visualization of the edge dip effect, showing the systematic lowering of the outermost facet control points (Zeqge)
relative to their immediately adjacent inner points (Zinner). This feature, consistently observed in measured heliostats, is
incorporated into the edge dip regularization term to better reflect realistic surface behavior.

The constraint is expressed as:

A = Zedge — Zinner + m <0 (4.14)

where a penalty is applied whenever A > 0. The corresponding loss term is defined as:

(Ei;[A%p] + Ei j[A%a) + Ei j[Afgn] + Eij[Dbottom]) (4.15)

RN,

Lgip =

with E; ;[-] denoting the mean along a given edge, and A?op refers to the squared violation for the top
row, as defined in Equation 4.14. The final regularization term added to the training loss is:

Ldip,reg = 'YdipLdip (4.16)
where vy;p is the penalty factor that controls the strength of this regularization.

By incorporating this term, the network learns to reproduce realistic edge bending patterns, comple-
menting the broader smoothness constraints of curvature regularization.

Together, curvature, tilt, and edge dip constraints guide each facet toward shapes consistent with real
heliostat surfaces. However, these terms alone do not guarantee variety in the solutions: the network
may still settle on a single, suboptimal geometry that satisfies all constraints. The next subsection

presents a repulsion regularization that promotes exploration of alternative, physically valid surface
shapes.
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Repulsion Regularization

Even with the described geometric regularizations, the inverse problem remains ill-posed: many dif-
ferent surface geometries can produce nearly identical flux density images. As a result, the network
may converge to a surface that matches the flux density but is geometrically incorrect, limiting the
exploration of other plausible shapes.

This lack of diversity in predictions reduces the likelihood of discovering the true surface geometry.
Once the model finds a shape that yields a sufficiently low image loss, it may repeatedly converge to
this geometry, ignoring alternative solutions that could match the optical data more accurately.

To address this, a repulsion regularization strategy is introduced. The method stores previously pre-
dicted surfaces in a buffer. If the network generates a new prediction that is too similar to any stored
surface, a penalty is applied to the loss. This forces the network to search for geometrically distinct
shapes that still match the flux density images. Training continues over many epochs, and the final
model is chosen as the one achieving the lowest surface loss on the test set, increasing the chances
of capturing the ground truth surface among the explored alternatives.

Formally, the repulsion loss is defined as:

1 & )
Lrep = N E (cos(6;)) (4.17)
i=1

where Ly, is the repulsion loss, N is the number of stored surfaces, and cos(6;) is the cosine similarity
between the current prediction and the i-th stored surface. Cosine similarity is chosen because it
emphasizes differences in shape rather than magnitude:

COS(Qi) _ Zcurrent * Zi, past (4.18)
||zcurrentH : ||Zz||

where zcurrent is the current surface prediction and zi, past is the i-th stored surface in the buffer. The
final repulsion term added to the training loss is:

Lrep,reg = 'Yreerep (4.19)

where ¢, controls the strength of this penalty.

The regularizations described so far operate directly on the predicted geometry, constraining its mag-
nitude, smoothness, orientation, and diversity. However, the ill-posed nature of the problem can also
be addressed at the data level by increasing the information content of the flux density images. The
following strategy modifies the training data itself—specifically, the heliostat positions—to generate
flux images that are more sensitive to surface variations, providing the network with stronger cues for
reconstruction.

Synthetic Heliostat Positions

The regularizations described so far constrain the predicted geometry. An alternative way to reduce the
ill-posedness of the inverse problem is to increase the information content of the input data itself. In this
context, the spatial configuration of heliostats plays a crucial role in shaping the flux density patterns
that the network learns from.

While the real heliostat positions from the Jilich CSP plant are used for most experiments, alternative
synthetic layouts are explored to assess how geometric configuration affects prediction performance.
The working hypothesis is that heliostats located closer to the receiver generate sharper, more localized
flux patterns. A narrower angular spread of reflected sunlight should yield features with higher spatial
contrast, potentially making the inverse problem less ambiguous.

In the real plant, heliostats are located tens to hundreds of meters from the receiver, producing more
diffuse flux distributions and exacerbating ambiguities in surface reconstruction. To test the effect of
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optical sharpness, synthetic datasets are generated with heliostats placed at random distances of 5—
15m and 30-70 m from the receiver. Here, the distance is the direct line-of-sight from the heliostat
center to the receiver. Because the Jllich receiver is mounted more than 50 m above ground level,
these configurations are physically unrealistic—the simulated heliostats would effectively “float” in mid-
air. Figure 4.11 illustrates a random layout within the 30—70 m range on the left and a slightly different
layout for the 5-15 m experiments on the right.
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Figure 4.11: Randomly generated heliostat layouts used in synthetic datasets. Left: positions sampled within a spherical shell
spanning 30-70 m from the receiver. Right: positions sampled within a 5-15 m range, constrained to a horizontal plane at
receiver height to approximate a flat-field arrangement. The receiver is marked in red, and heliostat positions in blue.

For the 5-15 m dataset, a slightly different heliostat position scheme was adopted. Instead of sampling
from a three-dimensional shell, the positions were drawn randomly from a horizontal plane at the same
height > as the receiver. This adjustment was motivated by providing a closer conceptual approxima-
tion to real heliostat fields, which are typically arranged on (nearly) flat ground. These positions are
illustrated by Figure 4.11. This means that for these experiments, the receiver is also in the same plane
as the heliostats.

The primary aim of these additional synthetic datasets is to evaluate whether such adaptations reduce
ill-posedness and improve prediction accuracy. If beneficial, this could enable a two-stage training
strategy: pretraining on close-distance configurations to learn the core shape—flux mapping, followed
by fine-tuning on the real, more complex field geometry.

However, this modification of heliostat positions introduces a secondary challenge. Canting vectors,
which define the facet orientations for focusing sunlight onto the receiver, are inherently linked to real-
world heliostat positions. Recomputing canting for synthetic positions would require additional optical
design steps. Instead, the canting vectors from the original Jilich layout are retained, and only the
heliostat positions are replaced with synthetic ones. This mismatch leads to flux density images such
as the one shown in Figure 4.12, where the reflected light from each facet is no longer co-focused but
appears as separate bright spots.

Interestingly, this unintended defocus may provide an advantage: the individual facet reflections can
make certain surface features more visible in the flux density images, potentially reducing ambiguity in
the inverse mapping. To explore this further, an additional experiment is conducted in which the cant-
ing vectors are explicitly included as an extra neural network input, allowing an evaluation of whether
supplying this information improves prediction quality.
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Figure 4.12: Example flux density image of a heliostat with mismatched canting, where reflected light from individual facets is
not co-focused, producing separate bright spots on the receiver.

Summary of Regularization Strategy

The regularization approach developed in this work explores both geometry based regularizations as
well as dataset-level modifications. Each component targets a specific aspect of the prediction task,
and together they address both the physical realism of individual surfaces and the broader challenge
of exploring the solution space. They were introduced in the following order:

+ z-limit regularization: Prevents unrealistic surface magnitudes.

* L2 regularization: Encourages small deviations from the ideal shape.

» Curvature regularization: Enforces smoothness of the surface.

« Tilt regularization: Aligns global surface orientation with the expected z-direction.
» Edge dip regularization: Models the natural bending of facet edges.

* Repulsion regularization: Promotes diversity and mitigates convergence to suboptimal local
minima.

+ Dataset-based strategy: Uses synthetic heliostat positions closer to the receiver to produce
sharper flux images and reduce problem ill-posedness.

Together, these constraints guide the network toward physically plausible, varied, and accurate surface
reconstructions while also encouraging broader exploration of the solution space.

4.1.10. Regularization Implementation

Having established the set of regularizations used in this work, the next step is to integrate them into
the training pipeline in a way that allows for controlled activation, tuning, and comparison. This section
describes how each regularization was implemented, how its parameters were selected, and how two
successive configurations—one manually designed and one obtained via Bayesian optimization—were
developed.

The regularizations described in Section 4.1.9 will be integrated into the training loop as modular com-
ponents, each of which could be activated or deactivated independently. This design makes it possible
to isolate their individual effects and to explore different combinations during experimentation.

Selection of Regularization Parameters

Initial parameter estimates for each regularization are derived from the deflectometry-based surface
analysis presented in Section 4.1.8. These values serve as physically motivated starting points, which
are then refined through local test runs-with a low number of training samples-to evaluate their effect
on convergence and stability.

For each active regularization, the weight factor is tuned so that its contribution represented roughly
1-20% of the total loss. This range ensures that the regularization influences optimization without
overwhelming the image loss.

However, two exceptions are made: The z-limit regularization and the regularization on outputs receive
significantly higher initial weights, as both play a decisive role in constraining predicted magnitudes
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early in training. For the z-limit, the weight remains constant to strictly enforce predefined boundaries.
For the regularization on outputs, the weight starts high and decays linearly, ensuring a strong early
influence that diminishes once other regularizations became dominant.

Two main configurations of regularization parameters are tested:

* V1: Manually tuned configuration The first complete configuration (V1) is determined manu-
ally using the procedure described above. The resulting weights of the different regularizations
differ by orders of magnitude due to the varying scales of the loss terms and their respective
sensitivities.

+ V2: Bayesian optimization To further refine the setup, a Bayesian optimization is performed over
the parameter space of regularization parameters defined in Table A.10. The best-performing trial,
based on minimal surface loss on the test set, is selected as the V2 configuration. This version
included a notable addition — the regularization on outputs — which is absent from V1.

Table A.11 compares the two configurations. The Bayesian search leads to substantially lower weights
for the curvature and tilt penalties, suggesting that weaker geometric constraints improve performance.
The dip margin is reduced by an order of magnitude, producing sharper enforcement of edge dips. The
z-limit weight remains in the same range.

Additional Regularizations

In addition to the regularization terms included in the V1 and V2 configurations, two additional regu-
larizations will be tested individually to assess their potential impact on training dynamics. These are
the regularization on outputs—already integrated into the V2 setup—and the repulsion regularization,
which aims to encourage diversity in the predicted surfaces. The corresponding parameters are sum-
marized in Table A.12.

The regularization on outputs is tested individually, exploring the following decay strategies:

* Linear decay to zero at half of the total training epochs — strong influence early in training, re-
duced in later stages.

+ Linear decay to zero at the final training epoch — maintains influence throughout the entire training
process, but still gradually decreases its contribution.

The repulsion regularization includes two tunable parameters:

* Repulsion loss — minimum change in flux image loss required over a predefined number of
epochs. If this condition is not met, the current surface is "repulsed,” prompting exploration of
alternative predictions. Repulsion threshold — loss value below which the repulsion mechanism
becomes inactive.

The implementation and tuning of the various regularizations—ranging from geometric constraints such
as curvature and edge dip penalties to exploratory mechanisms like repulsion—form the basis of further
addressing the inherent ill-posedness of the inverse surface reconstruction problem. By systematically
comparing the manually defined V1 configuration with the optimized V2 parameters from the Bayesian
search, and by testing additional regularizations individually, their respective impacts on training dy-
namics and ill-posedness can be better understood.

With the individual components of the full approach now established, the next step is to illustrate how
they work together within the full pipeline. The following section presents flow diagrams of the pri-
mary scripts, showing how dataset preparation, ray tracing, loss computation, and regularization are
integrated into the complete training process. These diagrams progress from data preprocessing, to
the main training loop, and finally to the incorporation of the regularization components, providing a
step-by-step overview of the framework in operation.

4.2. Flow Diagrams of Primary Scripts

Having described the dataset design, ray tracing, loss functions, and regularization strategies in detail,
it is illustrated next how these components interact in practice. The following section presents flow
diagrams of the primary scripts. These diagrams first depict the data preprocessing pipeline, then the
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main training loop, and finally the integration of the regularization components. Together, they offer a
step-by-step representation of how the entire framework operates in practice.

4.2.1. Data Preprocessing

Before the neural network can learn from heliostat data, the raw measurements and simulated inputs
must be transformed into a consistent, well-structured dataset. This preprocessing stage ensures that
all training examples share the same coordinate conventions, remove any confounding effects of cant-
ing, and augment the data to improve model generalization. The process also prepares the training
samples for efficient batch-wise raytracing, which will later feed the image loss computation.

In the raw PAINT database, the real surface measurements already include canting, and the ideal
simulated surfaces also contain it. This means that canting and true surface deviations are combined in
a single shape representation. To perform augmentation independently of position and canting, these
components need to be separated. Furthermore, the original dataset is too small and too position-
specific to effectively train a deep neural network without augmentation.

The preprocessing pipeline, illustrated in Figures 4.13 and 4.14, resolves these issues in two stages:
Stage 1 — Preparing canting-independent surfaces

As shown in Figure 4.13, the function generate_ideal_heliostats uses translation and canting vectors
to produce ideal heliostat surfaces (with canting) for each position. The function get_z_displacement
then loads both the ideal surfaces and their real counterparts from the PAINT database, subtracting
the two to remove the canting component. The result is a tensor describing only the deviations from
the ideal shape, independent of both canting and heliostat position.

These canting-independent surfaces are then split into training and test sets, followed by augmentation
with generate_augmented_surfaces through rotations and interpolations. Augmentation is applied only
to the training set, while the test set remains unaltered to stay consistent with Lewen et al [24].

generate_ideal_heliostats
Get canting .| Generate ideal N Fit NURBS- Save ideal surface
vectors ” heliostat ” surface (with canting)
get_z_displacement

Load ideal surface .
Remove canting by
Save real surface

subtracting ideal from
Load deflectometry deflectometry surface
surface

generate_augmented_surfaces
Split real data into Augment with rotations Save augmented surfaces
Load real surfaces A > . . .
training and test data and interpolations (no canting)

Figure 4.13: Workflow diagrams for generating ideal heliostats, extracting real surface displacements, and creating augmented
training surfaces used in the dataset preparation.

Stage 2 — Generating flux density images

The second stage, shown in Figure 4.14, creates the optical output images needed for training. Each
augmented surface is paired with a randomly selected heliostat position, and the corresponding ideal
surface with canting is stored at the same index. These matched pairs form the simulated training
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heliostats: real positions with real canting vectors from the ideal heliostat, combined with augmented
but physically plausible surfaces.

For parallelization efficiency (Section 4.1.4), these matched heliostats are grouped into chunks of eight.
For each chunk, the function overwrite_scenario_xyz_surface merges the ideal and augmented sur-
faces into a realistic surface with canting applied. It then calculates the surface points and normals
required by the raytracer and writes them into the heliostat field parameters of the scenario.

generate_flux_images_parallel

Load ideal surfaces Load augmented surfaces

(with canting) (no canting)

Match augmented surfaces with
random heliostat positions

v

Chunk training surfaces for
parallel raytracing

If chunks

»< saved < total number
of chunks
overwrite_scenario_xyz_surface
Add position dependent Call overwrite_scenario
canting by adding ideal xyz surface
surface to augmented - — raytracing
surface
¢ Return raytracing scenario Define incident ray
Calculate new surface ¢ direction
points and normals Calculate sun positions ‘ : :
i ¢ | Align heliostats ‘
Overwrite raytracing Parallel raytracing of . v -
scenario augmeneted surfaces chunk Deflnel b;tmap
resolution
o | Trace rays ‘
Return flux density image v
l Add angular deviations
Save training data including: for scrittenng
flux images, sun and :
heliostat positions 4| Generate bitmap ‘

Figure 4.14: Workflow diagram of the generate_flux_images_parallel function, showing the main steps from loading
surfaces to generating and saving flux density images for training.

Random but realistic Sun positions for the Julich CSP plant are generated, and raytracing is performed
in parallel for each chunk. The raytracing consists of the steps as described in detail in Section A.4.
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The resulting flux density images are stored in the training dataset along with the Sun positions and
heliostat positions used.

With preprocessing complete and flux density images generated, the framework is ready to integrate
these datasets into the neural network training loop, described in the following section.

4.2.2. Training Loop

The training loop integrates all components introduced in the previous sections — from data pre-
processing and neural network prediction to raytracing and loss computation — into a single, automated
pipeline. Its purpose is to iteratively update the network weights so that predicted heliostat surfaces
yield flux density images that match the measured references. The overall process is implemented
in two main stages: the configuration of the run file, which defines all parameters and resources for
training, and the execution of the train_dnn function, which performs the training iterations (Figures
4.15 and 4.16).

Stage 1: Configuring the run file

The run file serves as the entry point for the training pipeline, specifying all required inputs and hyper-
parameters. It first loads the raytracing scenario, allowing parameters such as the number of rays or
aim points to be configured. While heliostat field parameters can be set arbitrarily at this stage, they
will later be overwritten with the model predictions.

Both ideal surface tensors (including position-dependent canting) and real surface tensors from de-
flectometry are loaded. The ideal surfaces are necessary for integrating canting into the predicted
geometry, while the real surfaces are used only for validation checks to measure how closely predic-
tions match the ground truth. To avoid excessive memory usage, all large datasets are lazy loaded,
meaning that only the required portions are held in memory at any given time.

run
) . Load ideal
Load and define Load ideal and real . ) )
. xy-grid and Define Define
raytracing surfaces for surface ) o
. . translation hyperparameters regularizations
scenario comparisons vectors

»

<
)

Y

Load training and test
dataset from dataloader

v

Initialise neural | Define model
network model | parameters

v

Call train_dnn

Normalization of inputs —>»

Figure 4.15: Workflow diagram of the run script, outlining the main steps of dataset preparation and model initialization.

The run file also loads:
1. The fixed x—y grid for control points
2. Translation vectors for each facet and heliostat
3. Hyperparameters such as learning rate, scheduler, weight decay, and number of training samples
4. The set of regularizations to apply during training (Section 4.1.9)
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After normalizing all inputs to the range [0,1], the neural network model is defined and initialized. All
parameters are then passed to the train_dnn function.

Stage 2: Executing the train_dnn function

The train_dnn function begins by setting up experiment logging with a TensorBoard writer. The training
data are sampled and grouped into chunks of eight heliostats — a requirement imposed by the ray-
tracer’s parallelization strategy (Section 4.1.4) to ensure that all heliostats in a batch share the same
Sun position.

For each batch, the neural network predicts the z-coordinates of the control points, outputting a 4x8x8
tensor per heliostat. These predictions are mean-centered to remove any vertical offset, ensuring
comparability between surfaces. If regularizations are enabled, their penalties are computed here.
The predictions are then passed to overwrite_scenario, which reconstructs the full NURBS surface
by combining the fixed x—y grid with the predicted z-coordinates, applying facet translation vectors,
and adding the ideal surface to restore canting. The corresponding surface points and normals are
computed and written into the heliostat field parameters.

The updated scenario is then used for raytracing in parallel, producing a normalized flux density bitmap
for each heliostat. The image loss between the predicted and reference bitmaps is computed, and
regularization penalties are added if applicable. This total loss is backpropagated through the network,
updating the model weights.

At the end of each epoch, the training loss and the surface loss is compared to the best recorded value.
If improved, the model parameters are saved. An early-stopping mechanism halts training if the loss
plateaus, preventing unnecessary computation.

Trainging Loop Summary
In summary, the training loop combines:
» Pre-processed, canting-corrected datasets
» Neural network predictions of heliostat surfaces
* Integration of predictions into a raytracing scenario
+ Parallel computation of flux density images
* Loss calculation combining image and regularization terms
» Automated checkpointing and early stopping

Together, these steps form a structured and repeatable process for addressing the inverse heliostat
surface reconstruction problem.
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Figure 4.16: Flow diagram of the train_dnn function, illustrating the training process of the neural network. The workflow

includes surface prediction, raytracing, loss computation (including optional regularizations), and weight updates through

backpropagation, with iterative checks for stopping criteria.
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4.2.3. Software

The implementation of the proposed approach described in the flow diagrams is developed in Python
3.10.0, a widely used programming language for scientific computing and machine learning. In the
context of integrating machine learning models with physics-based processes, an efficient framework
is required to support both high-performance numerical computations and automatic differentiation.
To address this requirement, the PyTorch framework is employed in combination with other standard
Python libraries [44]. PyTorch utilizes tensors as its fundamental data structure, which can be formally
regarded as generalized arrays or multidimensional matrices capable of storing variables, intermediate
results, and gradients required for backpropagation during neural network training.

All relevant functions and scripts for the described approach can be found via GitHub [45].

4.3. Methodology Summary

In summary, the methodology integrates pre-processed and canting-corrected datasets, a structured
training pipeline, and targeted regularization strategies to address the ill-posed nature of the inverse
heliostat surface reconstruction problem. The flow diagrams above illustrate the interaction between
these components—from data preparation and neural network surface prediction to raytracing and
loss optimization—highlighting the coherent structure of the approach. This framework provides the
foundation for the experimental investigations presented in the following chapter.



Results

This chapter presents the experimental findings of this work, evaluating the ability of the proposed
physics-aware deep learning framework to reconstruct heliostat surfaces from flux density images. The
results are structured to assess the general training behavior and analyze the impact of regularization
strategies. Finally, the nest performing models are compared against the supervised state-of-the-art.

5.1. General Results

This section presents the outcomes of the full training pipeline. The primary focus is on evaluating
the training loop itself and the role of regularization strategies in enabling the network to reconstruct
heliostat surfaces from flux density images.

Preliminary experiments confirmed that, without constraints, the network fails to converge to meaningful
flux density predictions. For this reason, even configurations not labeled as implementing regulariza-
tions include a z-value limit to prevent surfaces from drifting outside physically plausible bounds (Sec-
tion 4.1.9). In the following, the term regularizations therefore refers to additional constraints beyond
this baseline. It will also sometimes be abbreviated to regs in naming conventions.

Model performance is assessed using two complementary metrics introduced in Section 4.1.6:

» The MAE between predicted and ground truth flux density images, which serves as the primary
indicator of training quality. Accurate image reconstruction is treated as a prerequisite for surface
prediction, since the flux density distribution is the observable input in the inverse problem.

» The MAE between predicted and real heliostat surfaces, which provides a direct measure of
reconstruction accuracy once image alignment is achieved.

During training, both metrics are logged at regular intervals, and qualitative surface visualizations are
generated every ten epochs. Final results are reported on the test set.

To systematically evaluate the influence of different design choices, a structured series of experiments
was conducted. Starting from the baseline configuration obtained by grid search, individual factors—
such as regularization strategies, data parameters, and network settings—were varied one at a time.
The outcomes are summarized in Table 5.1, which lists for each experiment the number of training
samples, the resulting flux image MAE, the surface MAE, and a short description of the condition
applied.

This experimental design isolates the effect of each component on model performance and establishes
a foundation for the discussion of trade-offs and implications in Chapter 6.
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Table 5.1: Summary of experimental results across different configurations. The table lists the number of training samples, flux
MAE, and surface MAE for each experiment group. Best-performing values are highlighted in bold.

Group Experiment Training Flux MAE  Surface MAE
Samples [m]
Standard 5000 2.09x 1072  3.14x 107*
Baseline Surface model checkpoint 50000 2.08 x 1072 3.06 x 1074
Train model checkpoint 50000 1.77x1072 383 x107*
. MAE (standard) 5000 2.09 x 102 3.14 x 1074
Loss Function
SSIM loss 5000 2.06 x 1072 3.81 x 1074
Training Sample 5k training samples (standard) 5000 2.09 x 1072 3.14 x 1074
Scaling 10k training samples 10000 234x107%2  3.18x10~*
50k training samples 50000 2.08 x 1072  3.06 x 1074
Grid search (standard) 5000 2.09 x 1072 3.14 x 1074
Hyperparams )
Bayesian opt. 5000 288 x 1072  3.12x107*
All regs V1 (manual) 5000 2.89x 1072 298 x 10~*
o All regs V1 (manual) 50000 276 x 1072 2.89 x 1074
Regularizations
All regs V2 (Bayes) 5000 519 x 1072 2.55 x 107*
Repulsion 200 3.30x 1072 321 x107*
Repulsion 5000 2.01 x 1072 3.16 x 1074
Outputs reg lin. decay, 5000 2.73x 1072  2.88x 107*
max epochs
Outputs reg lin. decay, 5000 3,78 x 1072 2,55 x 1074
half epochs, surface model
Outputs reg lin. decay, 5000 1.55x 1072  3.49 x 1074
half epochs, train model
Close 30-70m 5000 4.92 x 1072 2.85 x 1074
Synthetic Datasets Close 30—70m, canting as input 5000 6.94 x 1072 6.61 x 107*
Close 5-15m 5000 4.42x 1072 247 x1074

The individual experiments and their objectives are outlined in the following, following the order of Table

5.1.

5.1.1. Baseline

The baseline experiments establish the reference performance against which all other configurations
are compared. Using 5000 training samples, the standard configuration achieved a flux MAE of 2.09 x
10~2 and a surface MAE of 3.14 x 10~%.

In addition, two model checkpoints were compared:

1. Best surface model: the checkpoint reached during training where the surface MAE is minimal.

This model provides the most accurate surface reconstruction.

2. Best training model: the checkpoint with the lowest overall training loss, which also corresponds
to the lowest flux density loss. This model typically appears near the end of training.

The distinction between these two checkpoints is illustrated in Figure 5.1, where the surface MAE
reaches its minimum earlier, while the flux MAE continues to decrease throughout training. This effect
is also visible in Table 5.1, where the surface-optimal checkpoint yields the lowest surface MAE in
the baseline group, while the training-optimal checkpoint achieves a lower flux MAE. As the training
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loop primarily minimizes the flux density loss, it continues optimizing flux prediction beyond the point
where the surface prediction is most accurate. This behavior reflects the ill-posed nature of the inverse
problem.

Surface MAE over Epochs
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Figure 5.1: Training curves of the surface reconstruction error (Surface MAE) and the flux density error (Flux Density MAE)
over epochs. The surface MAE reaches its minimum at an earlier stage of training, while the flux density MAE continues to
decrease for a longer duration. Markers indicate the minimum values for each metric, corresponding to the surface-optimal and
training-optimal checkpoints, respectively. As these values occur during training, they do not hold weight yet until the model is
tested on the test set.

Unless stated otherwise, the surface-optimal model is evaluated in the following experiments.

5.1.2. Loss Function

One additional experiment using the SSIM loss function within the training loop was conducted to vali-
date the choice of MAE as the primary error metric. The SSIM-based experiment resulted in a flux MAE
of 2.06 x 102 and a surface MAE of 3.81 x 10~%. This confirmed MAE as the more suitable choice for
subsequent experiments, as Flux MAE is comparable while surface MAE performs worse with SSIM.
The discrepancy to the results found in Table A.4 may be explained by the now much higher number
of training samples.

5.1.3. Training Sample Scaling

The effect of dataset size was evaluated by training with 10 000 and 50 000 training samples, in addition
to the standard 5000. With 50 000 training samples, the model achieved the lowest overall error within
the training sample scaling group (2.08 x 10~2 flux MAE, 3.06 x 10~* surface MAE). However, the
improvements over smaller datasets were marginal, and no consistent trend was observed across
different numbers of training samples. Increasing the dataset size beyond 5 000 training samples yields
only limited improvements, indicating diminishing returns from additional training samples and longer
runtime.

5.1.4. Hyperparameters

The baseline hyperparameter configuration was derived from a grid search. To test whether a more
automated tuning approach could further improve performance, Bayesian hyperparameter optimization
was applied. It obtained a configuration with a cyclic learning rate. However, it achieved slightly worse
flux prediction (2.88 x 102 flux MAE) while maintaining a surface MAE of 3.12 x 10~4, showing no clear
advantage over the baseline.
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5.1.5. Regularizations

Several regularization strategies were evaluated, both individually and in combination. The V1 configu-
ration resulted in a slightly lower surface MAE compared to the baseline, but at the cost of a higher flux
MAE. Increasing the number of training samples only marginally improved both error metrics. In con-
trast, the V2 configuration produced a substantial reduction in surface MAE, but the flux MAE increased
by a much higher margin. The predictions on the test set can be found in Appendix A.9.5.

Among the individually tested regularizations, the most effective was the output regularization with
linear decay, where the weight decayed to zero by half the training epochs and the checkpoint was
selected based on the best training loss. This setup achieved the lowest flux MAE overall (1.55 x
10~2), though accompanied by a higher surface MAE (3.49 x 10~%). With the exception of repulsion, all
regularization strategies reduced surface MAE compared to the baseline, but consistently increased
flux MAE, underscoring a trade-off between flux accuracy and surface reconstruction.

5.1.6. Synthetic Datasets

Finally, synthetic data test cases were conducted to examine whether reducing the heliostat—receiver
distance could mitigate the ill-posedness of the inverse problem. Two distance ranges were evaluated:
30-70 m and 5-15 m. Both closer range yielded lower surface MAE values compared to the base-
line. An additional experiment included canting values as inputs, but this did not improve performance
compared to the non-canting case. The 5—15 m configuration achieved the best overall surface MAE
(2.47 x 10~* at 5000 training samples), confirming that shorter heliostat-receiver distances improve
surface reconstruction accuracy.

5.1.7. Summary

In summary, the experiments demonstrate that the standard configuration provides a consistent ref-
erence performance, while neither alternative loss functions nor hyperparameter optimization led to
substantial improvements. Increasing the number of training samples had limited effect, suggesting
diminishing returns beyond 5 000-10 000 samples. Regularization strategies highlighted a clear trade-
off between flux and surface accuracy, with output regularization producing the best flux results but
worse surface predictions. The synthetic distance experiments showed that shorter heliostat—receiver
distances improve surface reconstruction, and lead to the best surface MAE, supporting the hypothesis
that stronger optical signals aid the inverse mapping.

Building on these findings, the following sections focus on the two configurations that achieved the best
results: the model with the lowest flux density image loss, and the model with the lowest surface MAE.

5.2. Lowest Flux Density Loss

The best result in terms of flux density image prediction is obtained by saving the best training model
from a configuration using 5000 training samples, where output regularization employed a linear decay
reaching zero at half the number of epochs. This setup achieves an average flux density image MAE
of 1.55 x 1072, the lowest among all experiments.

Figure 5.2 illustrates the behavior of this model. Part (a) shows the training progression of both flux
density image and surface predictions. The flux density image converges rapidly, with only minor
improvements beyond epoch 10, while the surface prediction initially approaches the correct shape but
subsequently stagnates at an inaccurate geometry. Part (b) presents predictions for three randomly
selected flux images from the test set, representing the best flux image prediction results obtained in
this study.
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Figure 5.2: Flux density image predictions obtained with the best-performing flux density model. (a) Training progression at
selected epochs, showing flux density predictions alongside corresponding surface reconstructions and ground truth. (b) Test

predictions on three randomly selected surfaces, demonstrating the model’s ability to reproduce flux density images from
unseen data.

Figure 5.3 compares the predicted surfaces with the ground truth surfaces from the test set. Although
the model successfully captures certain surface features—such as the tendency for edge control points
to exhibit lower z-values and center points to remain more positive—it does not accurately reproduce
the overall surface geometry. This results in a relatively high surface MAE of 3.49 x 10~4, despite the
good alignment of the corresponding flux density images.
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Figure 5.3: Surface prediction test results of the best flux density prediction model for six randomly selected test surfaces.
Ground truth (GT) and predicted surfaces are shown for comparison, with color indicating deviations in the z-direction.

The resulting flux density accuracy statistics, computed as described in Section 2.3.1, are summarized
in Table 5.2. For comparison, Lewen et al. [24] reported a median flux prediction accuracy of 92% using
their supervised surface estimation approach, whereas the pipeline developed in this work achieves
84%. This outcome is unexpected, given that the present training loop explicitly optimizes flux image
loss, while Lewen et al. target surface prediction as their primary objective. Overall, the results indicate
that the proposed unsupervised framework achieves flux density prediction performance that is clearly
improved compared to the ideal assumption, yet remains consistently below the accuracy obtained with
the supervised approach.
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Table 5.2: Comparison of flux prediction accuracy statistics across methods. Results are reported for the supervised approach
of Lewen et al. [24], their ideal assumption baseline, and the unsupervised pipeline developed in this work.

Accuracy Statistic Lewen et al. [24] Ideal Assumption [24] Pipeline

Minimum 0.43 0.37 0.54
Q1 (25%) 0.90 0.59 0.80
Median 0.92 0.67 0.84
Q3 (75%) 0.94 0.74 0.89
Maximum 0.98 0.90 0.93

While this subsection highlighted the configuration that achieved the most accurate flux density predic-
tions, the primary objective of this work remains the accurate reconstruction of the heliostat surface
geometry. Therefore, the model that achieved the lowest surface MAE during training is examined in
the following section.

5.3. Lowest Surface Loss

The lowest surface reconstruction error is achieved with a synthetic dataset in which the heliostats
are positioned much closer to the receiver than in the standard configuration. This setup reduces flux
density prediction performance on the test set but yields the best surface MAE across all experiments,
reaching 2.47 x 10~* m. Representative flux density predictions from this model are shown in Figure 5.4.

Part (a) illustrates the training progression. As described in Section 4.1.1, the synthetic dataset differs
from the standard case because canting is not applied correctly for the new position. As a result,
reflections do not focus perfectly on the receiver and produce broader flux patterns. To capture these
patterns, the target area was enlarged accordingly. Under these conditions, the model learns the
flux distribution quickly: the loss stabilizes within roughly 10 epochs, with only minor improvements
thereafter. The example surface shown on the right converges toward the general shape of the ground
truth but still exhibits geometric discrepancies.

Part (b) presents several flux density predictions from the test set. Their visibly lower quality com-
pared to the best flux-image model in the previous section reflects the increased flux MAE, despite the
improvement of surface prediction.
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Figure 5.4: Flux density image predictions obtained with the best surface prediction model. (a) Training progression at
selected epochs, showing flux density predictions alongside surface reconstructions and ground truth. (b) Test predictions on
three randomly selected surfaces, illustrating lower flux prediction quality compared to the best flux-image model, despite
improved surface prediction.

Nevertheless, the corresponding surface reconstructions show improvement, as illustrated in Figure 5.5.
Although visible discrepancies remain between predicted and actual surfaces, especially in magnitude,
this model captures the overall facet geometry slightly more faithfully than the flux-focused model in
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Figure 5.3. In particular, the facet edges exhibit greater variation, rather than the uniformly negative
displacement observed in earlier results.
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Figure 5.5: Surface prediction test results of the best surface prediction model for eight randomly selected test surfaces.
Ground truth (GT) and predicted surfaces are shown with color-coded z-deviation. Compared to the flux-focused model, the
predictions capture facet edges with greater variation, although discrepancies in magnitude remain.

In some cases, such as the first and third surface from the right, the general predicted pattern aligns
with the general shape of the ground truth, though the model consistently underestimates the absolute
z-values, as indicated by the lighter shading. This tendency is visible across all predictions. In contrast,
other examples—such as the third surface from the left—show more pronounced deviations from the
ground truth.

It should also be noted that not all ground truth surfaces exhibit a clearly interpretable pattern, as the
TEST18 ground truth in Figure 5.5 shows. Part of this variability may arise from measurement noise or
inaccuracies in the deflectometry data itself.

A comparison with the mean of the 5000 augmented training surfaces, shown in Figure 5.6 as the
mean ground truth surface, indicates that the predictions capture several of the global characteristics
of the data. Both the individual TEST43 prediction and the mean test surface prediction generally
exhibit depressed facet edges and elevated centers, which are also present in the mean ground truth.
However, in the predictions these edge regions are less sharply defined, and the boundaries between
elevated and depressed areas appear smoother.

In the upper-left and lower-right facets, the central shape of the mean ground truth is reproduced reason-
ably well, albeit with a reduced magnitude in the predictions. By contrast, the top-right and bottom-left
facet shapes are reconstructed less smoothly. Nevertheless, the predicted deviations are closer in
order of magnitude to the ground truth than the other two facets.

Overall, the TEST43 prediction is highly similar to the mean test surface prediction, consistent with
the behavior observed for other samples in Figure 5.5. This suggests that the network predominantly
learns an underlying global mean pattern characteristic of the dataset, while showing limited ability to
reconstruct fine-grained variations of individual heliostats.
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Figure 5.6: Comparison of predicted and ground truth mean surfaces. From left to right: prediction for a single test heliostat
(TEST43), mean prediction across all test heliostats, and mean of the 5000 augmented training surfaces (ground truth). Color
indicates facet-wise z-deviation in meters.

Table 5.3 presents a comparison of the surface MAE results on the test set, using sum normalization
to ensure consistency with the evaluation in Lewen et al. The median surface MAE achieved by the
best-performing model is 2.4 x 10~* m, which is notably higher than the surface MAE of 1.4 x 10~* m
reported by Lewen et al. on the same test set of heliostats [24].

Table 5.3: Comparison of surface MAE statistics between the supervised approach of Lewen et al. [24] and the unsupervised
pipeline developed in this work. Reported values include the minimum, first quartile (Q1), median, third quartile (Q3), and
maximum MAE across the test set of heliostats.

Surface MAE Statistic Lewen et al. [24] [m] Pipeline [m]

Minimum 0.00007 0.00011
Q1 (25%) 0.00012 0.00019
Median 0.00014 0.00024
Q3 (75%) 0.00017 0.00029
Maximum 0.00070 0.00047

Another comparison can be made with the results of Table A.7.1, where the deviations of real heliostat
surfaces from their ideal shapes were quantified. The mean absolute z-displacement was found to be
3.7x10~* min the deflectometry data. Assuming an ideal surface would therefore introduce an average
error of this magnitude. By contrast, the proposed pipeline achieves a median surface prediction MAE

of 2.4 x 10~*m, indicating that it reconstructs the true surfaces more accurately than the ideal-surface
assumption.

Taken together, this indicates that the unsupervised pipeline, although not yet matching the 1.4 x 10=*m
accuracy of the supervised method by Lewen et al., nonetheless improves upon the simplistic assump-
tion of ideal surfaces. The results therefore highlight both the promise of integrating deep learning
with a physics-based training loop and the need for further refinements in training strategies, model
architecture, and regularization design to close the remaining performance gap.

With the experimental results now presented and analyzed, the following chapter places these find-
ings in a broader context. It reflects on their implications for inverse surface prediction, and critically
examines the strengths and limitations of the proposed approach.



Discussion

This chapter builds upon the results presented in Chapter 5 by providing a detailed interpretation and
critical evaluation. First, the experimental findings are discussed in depth. Subsequently, general limita-
tions of the proposed approach are addressed, including both methodological and practical challenges.
The chapter concludes with recommendations for future research directions aimed at further improving
surface reconstruction performance and the overall robustness of the pipeline.

6.1. Reflection on Results
The reflection on the results follows the order of the experiments as presented in Table 5.1.

6.1.1. Best Surface vs. Best Flux Model

The first set of experiments compares the effect of selecting the best surface prediction model during
training versus the best flux density prediction model. This comparison is evaluated during two configu-
rations: the baseline setup with 50 000 training samples, and a configuration within the regularizations
setup with 5000 training samples combined with output regularization. Although several parameters
differ between these cases, a consistent trend emerges: selecting the best surface model yields slightly
lower surface MAEs, while selecting the best flux model produces lower flux image MAEs.

A notable pattern is that the best surface prediction model often arises very early in training, as illus-
trated in Figure 5.1. The surface MAE curves typically show a sharp initial decline, followed by a mild
increase and eventual plateau in the range of 2 x 10~ to 3 x 10~*. This plateau reflects convergence
toward an alternative surface that reproduces the flux density distribution well but deviates from the
ground truth geometry.

In some cases, the best surface model is reached within the first five epochs, or even earlier. An illus-
trative example is the 50k training samples experiment from Table 5.1, where the lowest surface MAE
occurs in Epoch 1, prior to convergence toward a different solution with higher surface loss. Figure A.6
shows the corresponding training curve, highlighting how the apparent best surface model may arise
very early, before convergence. This supports the observation that selecting checkpoints based on
surface loss can favor unstable early solutions. The final test performance, however, remains compa-
rable to other runs, as reflected in Table 5.1. This suggests that surface-based checkpoint selection
can capture favorable early solutions, but prolonged training—driven by flux optimization—gradually
shifts the model away from them.

6.1.2. Number of Training Samples

The first set of experiments discussed in Chapter 5 examined the impact of increasing the number of
training samples to the neural network. Contrary to the initial expectation, a higher number of training
samples did not lead to significant improvements in either the flux density image MAE or the surface
MAE. Instead, the performance remained relatively stable, with only minor fluctuations. Two explana-
tions are possible: either the network already converges to a valid solution using just 5000 training
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samples, or the number of training samples remains insufficient to produce a significant improvement
in surface MAE.

Notably, across the three runs—where the number of training samples was the only varying parameter—
the network consistently converged to similar, incorrect surfaces during training, as illustrated in Fig-
ure 6.1. While there are minor variations among the predictions, the overall shape is nearly identical.
This explains the comparable prediction quality across these runs: the network quickly converges to a
suboptimal surface, even with a low number of training samples.
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Figure 6.1: Predicted surface approximation of Facet 1 of heliostat AUG1 after training with 5000, 10 000, and 50 000 samples.
Across all three cases, the network converges to a similar but incorrect surface shape (red), differing from the ground truth
(green). This indicates that increasing the number of training samples alone does not resolve the convergence to a suboptimal
solution.

This behavior highlights the core limitation: the incorrect surface already yields a flux density image
that is difficult to distinguish from the ground truth. Any deviation away from it risks degrading the flux
prediction, even if it would move closer to the true surface. Addressing this issue requires additional
regularization to penalize implausible surfaces and better constrain the inverse mapping.

6.1.3. Bayesian Hyperparameters

Most experiments used the standard hyperparameters obtained from the grid search (Table A.3). For
comparison, one run applied the hyperparameters derived from Bayesian optimization, while keeping
the loss function identical. This configuration did not yield improvements in either surface MAE or flux
MAE, and was therefore not pursued further.

A possible explanation is that the Bayesian optimization was conducted under conditions that could be
refined: the search space may not have been specified narrowly enough to capture effective regions,
only 25 trials were run, and the evaluation was based on 200 training samples.

6.1.4. Regularizations

V1 & V2 Configurations

The Regularization experiment group in Table 5.1 presents experiments incorporating additional reg-
ularizations. The first configuration, V1, was derived through heuristic reasoning combined with local
testing, as summarized in Table A.11. Each term was added directly to the loss, with weights typically
contributing between 1% and 20%. The assumption was that a subtle influence would guide training
without overwhelming the primary objective. In retrospect, this balanced weighting may have been too
simplistic, since some terms may need to dominate more strongly to be effective.

The regularization-specific parameters were motivated by the deflectometry data of real heliostat sur-
faces. However, when applied jointly in V1, the regularizations did not greatly outperform the standard
configuration: the flux density MAE worsened, while the surface MAE improved only marginally. In-
creasing the number of training samples only improved both outcomes slightly.
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The resulting surface predictions of the V1 configurations are shown in Figure A.15 in the Appendix. The
predictions appear overly smooth and flattened, with weak variation and a rigid, square-like structure.
This suggests that some terms—such as the edge-dip regularization—imposed overly strong priors,
leading to surfaces that matched the structural bias rather than the true geometry.

To address these shortcomings, a second set of regularization parameters, V2, was identified using
Bayesian hyperparameter optimization, targeting the minimization of surface MAE.

The V2 configuration is presented in Table A.11. This setup marks a significant improvement in surface
prediction quality, achieving the shared second-best surface MAE across all experiments, as shown in
Table 5.1. However, the flux density image MAE remains relatively high, which is a recurring trade-off
when surface accuracy improves.

Unlike previous runs, this was also the first experiment in which the surface MAE steadily decreased
throughout training, as illustrated in Figure A.21. The error curve exhibits a consistent downward trend,
without the early stagnation or reversal observed in other configurations. This suggests that the regular-
ization weights found via Bayesian optimization allowed the network to avoid premature convergence
toward an incorrect surface and instead continue refining its predictions across epochs. This behav-
ior indicates that appropriately tuned regularization can alter the training dynamics in a favorable way,
enabling the model to improve surface reconstruction beyond the early plateau observed in other ex-
periments.

The most apparent differences to V1 is that the predicted surfaces during the testing are more rigid,
less diverse, and even flatter, as illustrated by Figure A.19. This flatness leads to flux densities that
emulate the shape of ideal surfaces, as shown by Figure A.20.

Taken together, the comparison between V1 and V2 highlights both the promise and the limitations
of regularization. Bayesian optimization in V2 successfully improved surface MAE and stabilized the
training dynamics, preventing the early stagnation observed in V1. However, this came at the cost of re-
duced geometric richness: the predicted surfaces were flatter and less diverse, and the corresponding
flux densities resembled idealized shapes rather than realistic measurements. Thus, while V2 demon-
strates that carefully tuned regularization can improve numerical accuracy in surface prediction, it also
underscores that the current formulations remain too restrictive to fully capture the variability of real
heliostat geometries. Further refinement of the regularization terms is therefore required to balance
accuracy with realism.

Repulsion

The repulsion regularization was evaluated separately from the other terms, as it introduces a distinct
concept. Instead of nudging predictions toward a specific geometry, it penalizes convergence to sur-
faces that no longer improve flux density prediction. Despite this novel formulation, the strategy did not
improve either surface MAE or flux MAE relative to the standard configuration.

To give the mechanism sufficient opportunity to act, training was extended to 1 000 epochs. The training
curve in Figure A.26 indeed showed repeated peaks and decays, consistent with transitions between
surface solutions. The lowest surface MAE occurred only at epoch 433, and the corresponding model
was saved and evaluated. However, test results still underperformed compared to the standard setup,
suggesting that repulsion-induced transitions to new surfaces did not lead to genuinely better solutions.

Intermediate predictions (Figure 6.2) confirm that the network explored multiple surface states: the
surface at epoch 304 is already close to the later minimum. While this demonstrates that the regular-
ization encourages exploration, the final solutions failed to generalize to the test set. A likely cause is
overfitting, as the number of training samples was reduced to 200 to keep runtime manageable under
the extended schedule.
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Figure 6.2: Predicted surfaces at different stages of training with 200 samples: epoch 225, epoch 304, and epoch 924. While
the network explores multiple surface states, the predictions all converge toward a suboptimal shape (red) that deviates from
the ground truth (green).

An additional run with 5000 training samples and 500 epochs was carried out to test whether larger
training sample sets might help the model discover more accurate solutions. However, this configu-
ration also failed to outperform the baseline, with both flux and surface errors not showing significant
improvement. This indicates that simply extending training or scaling training samples is not sufficient
for the repulsion strategy to succeed.

Two main limitations emerged from this approach. First, the solution space may be too vast for repulsion
alone to guide the model reliably toward the correct surface. Second, the mechanism may discard
promising solutions prematurely, as its parameters were not systematically tuned. More fundamentally,
even if the correct surface were reached, the model has no way of recognizing it without external surface
information—contradicting the unsupervised objective of the pipeline. For these reasons, the repulsion
regularization remains uncompetitive in its current form and was not pursued further.

Regularization on Outputs

The best flux prediction results were obtained by applying output regularization with a linear decay
schedule, where the regularization weight was reduced to zero at half the maximum number of training
epochs. As reported in Section 5.2, this approach achieved the lowest average flux MAE on the test
set at 1.55 x 1072,

Figure 5.2 showed that the predicted flux images closely match the ground truth in both shape and
intensity, with only minor—but still visible—deviations. Compared to the supervised approach of Lewen
et al., this model achieves slightly lower accuracy, but it still represents a substantial improvement over
the ideal-surface assumption. This highlights that realistic flux density predictions can be achieved
within the unsupervised framework.

Importantly, the ability to generate surfaces that result in realistic flux density images is valuable in
itself. Even if the surfaces are not perfectly accurate, producing physically plausible flux distributions
contributes meaningfully to the broader goal of optimizing CSP plant efficiency. This method thus
represents a step toward further automating flux density optimization in solar field calibration.

Figure 5.3 presented the corresponding surface predictions. The linear decay appears beneficial com-
pared to a slower decay to zero, as it prevents over-regularization: the network is initially guided toward
flatness but later given freedom to adapt to surface geometry. However, the predicted surfaces remain
overly rigid, following the square-like structure observed in other experiments and deviating from re-
alistic geometries. Interestingly, this structured pattern emerges even without applying the V1 or V2
regularizations, suggesting that the network has an intrinsic tendency to favor such shapes for repro-
ducing flux images.

Taken together, these findings indicate that output regularization with linear decay is effective for improv-
ing flux accuracy but insufficient for accurate surface reconstruction. While this strategy strengthens
the optical side of the inverse problem, additional constraints are required to counteract the network’s
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bias toward rigid, non-real surfaces. Future approaches may benefit from combining output regular-
ization with more geometry-aware terms, such as those in the V1 configuration, to achieve a better
balance between flux prediction and surface accuracy.

6.1.5. Synthetic Datasets

To address the ill-posedness of the inverse problem and discourage convergence toward incorrect sur-
face predictions, a set of experiments investigated the effect of positioning the heliostats significantly
closer to the receiver. The first attempt employed a range of 30—70 m, which yielded a slight improve-
ment in surface MAE relative to the standard configuration. However, this gain came at the cost of a
substantial increase in flux density image MAE.

This outcome is expected: at shorter distances, flux images contain finer details and distinct facet struc-
tures, making them inherently more difficult to predict. The redefined heliostat positions, combined with
the lack of canting adjustments, further altered the flux characteristics, leading to sharper, less homoge-
neous patterns. While these changes provided stronger geometric cues for surface reconstruction, they
simultaneously increased the complexity of flux prediction and reduced the model’s ability to generalize
across test cases.

To compensate for the altered flux patterns, an additional experiment introduced the canting vector as
an extra input, aiming to provide the model with more contextual information. However, this modification
had little effect: the predicted flux images were comparable—though slightly worse—than those of
the experiment without canting, and the surface reconstructions degraded further, becoming almost
structureless and yielding a substantially higher surface MAE. These outcomes suggest that, at least in
the present setup, simply supplying canting information does not enhance reconstruction performance.
Consequently, this approach was not pursued further.

A final experiment further reduced the heliostat distance to 5-15 m. The rationale was that positioning
heliostats at very short ranges would yield flux density images with stronger spatial detail, thereby pro-
viding the network with richer information for surface reconstruction. This expectation was confirmed:
the experiment achieved the lowest surface MAE of all runs, with a value of 2.47 x 10~* m.

The results in Figures 5.5 and 5.6 demonstrate that the network has learned some structural patterns
present across the dataset, such as depressed edges and elevated centers. However, the predictions
are not yet competitive when compared to the supervised benchmark. While individual predictions can
resemble the mean ground truth surface, this similarity is only partial: some facet regions and mag-
nitudes still deviate noticeably from the mean ground truth. The strong similarity between individual
predictions and the mean surface predictions also highlights a limitation: the model tends to regress
toward an “average heliostat” and fails to reconstruct fine-scale, heliostat-specific deviations. This
indicates that while the network is effective at capturing some dataset-level biases, it does not gener-
alize sufficiently to the variability of individual geometries. The consistent underestimation of absolute
z-values further suggests a conservative bias, where predictions remain within a reduced dynamic
range.

Overall, the experiments with closer heliostat positions indicate that reducing the distance to the re-
ceiver can provide stronger geometric cues that improve surface reconstruction, albeit at the cost of
flux density prediction accuracy. The results from the 5-15 m configuration suggest that such data
may be useful as a pretraining step, allowing the network to internalize structural patterns before being
fine-tuned on more realistic settings. However, the strong resemblance of the predictions to the mean
training surface also highlights the risk of overfitting to dataset-level trends rather than faithfully recon-
structing individual geometries. Future research should therefore investigate whether short-distance
pretraining can be integrated without compromising generalization to realistic heliostat fields.

6.2. General Limitations

The previous section presented and reflected on the results obtained in Chapter 5. This section out-
lines general limitations that apply to the overall training procedure and experimental design. These
limitations may have influenced the outcomes and provide important context for interpreting the results
and guiding future work.
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6.2.1. Dataset

This deep learning approach, while incorporating the physical characteristics of the system, faces sev-
eral limitations. A primary concern is that all training data are fully simulated. Although efforts were
made to enhance realism—such as basing the surface geometry on real deflectometry data and gen-
erating interpolated, augmented surfaces—these still do not fully represent actual heliostat surfaces
found in Julich or other CSP plants.

To mitigate this, 20% of the dataset was preserved as unaltered real surfaces to introduce a stronger
bias toward physical realism. Nevertheless, even these real surfaces were paired with randomly as-
signed heliostat positions. In most experiments, these positions were drawn from real locations in the
Julich field, but in those investigating proximity to the receiver, entirely artificial and unrealistic positions
were used.

As a result, the dataset does not reflect the true distribution of surface—flux relationships encountered
in practice. This limitation implies that, even if the model performs well within the simulated framework,
its ability to generalize to real-world heliostats remains uncertain and will ultimately need to be validated
on measured flux data.

6.2.2. Augmentation

Another limitation lies in the way real surface data were augmented to generate the training dataset.
Specifically, 20% of the training surfaces were kept as unmodified real surfaces—423 unique geome-
tries placed at different heliostat positions. However, the training data were not shuffled, meaning that
the first 10 000 surfaces consisted entirely of these repeated real examples. While the heliostat posi-
tions varied, the underlying surface geometry did not, limiting the diversity of the training samples in
these smaller datasets.

As a result, all experiments with 10 000 surfaces or fewer were effectively trained only on variations
of the same 423 geometries. This restricted diversity may have encouraged overfitting and reduced
generalization, since the model was not exposed to the broader set of augmented geometries. In
contrast, experiments with 50 000 surfaces included a larger proportion of augmented data, which
should, in theory, support stronger generalization. However, this benefit was not clearly reflected in the
results.

One possible explanation is that the augmentations themselves did not introduce enough variability to
meaningfully expand the training distribution. This interpretation is consistent with Figure 5.6, where
the mean ground truth surfaces of the 5 000- and 50 000-surface datasets appear very similar. Although
augmentation techniques such as surface rotation were applied, their overall effect on the geometry
distribution may have been too limited to significantly influence model performance.

Taken together, these findings suggest that the augmentation strategy did not sufficiently enrich the
training set, limiting the model’s ability to escape biases toward “average” surface patterns. More
sophisticated augmentation methods may therefore be required to improve robustness.

6.2.3. Canting

Another limitation arises from the way canting is handled in the generation and augmentation of surface
data. In the current approach, canting values are separated from the real surfaces and later re-applied
to ideal heliostats that incorporate these canting vectors. This process assumes that canting can be
represented as a simple translational offset in the z-direction for each control point. However, in reality,
canting involves not only vertical displacement but also a slight angular rotation of the surface.

This rotational component is currently neglected. As aresult, when subtracting the ideal heliostat shape
from the real, canted heliostat to isolate the surface deformation, the z-direction correction ensures that
control points are locally aligned. However, due to the omission of rotation, the interpolated NURBS
surface between control points does not accurately reflect the true surface shape. This discrepancy is
then propagated when the surface is added to a new ideal heliostat at a different position during the
augmentation process.

Importantly, these rotational errors do not cancel out. Since each heliostat position is associated with
different canting properties and thus a different angular offset, small but systematic inaccuracies are



6.2. General Limitations 58

introduced during surface augmentation. These errors, though minor, create an inconsistency between
the intended and actual surfaces used in training.

Within the simulated environment, this limitation does not undermine the validity of the results, since
all surfaces are generated and treated consistently. However, before applying the model to real mea-
surement data, the canting procedure must be revised to incorporate both translational and rotational
effects more accurately. Otherwise, the mismatch between simulated and physical canting would risk
introducing systematic errors into the reconstruction process.

6.2.4. Parallel Raytracing

Loss Evaluation Restricted to One Sun Position

Another key limitation arises from how the raytracing component is integrated within the training loop,
particularly in the calculation of loss (see Section 4.1.4). In the current implementation, each predicted
surface is evaluated by raytracing it under only a single Sun position—the first of the eight available
for that sample. The resulting flux density image is then compared to its ground truth counterpart, and
the loss is computed solely on this image. Although the network training samples contains eight flux
images (one per Sun position) together with the heliostat position, only one of these views contributes
to the feedback signal during backpropagation.

This design was chosen for efficiency: raytracing is performed batch-wise across multiple predicted
surfaces for the same Sun position during training data generation, which greatly reduces runtime.
However, the current implementation does not allow a single predicted surface to be raytraced under all
eight Sun positions within the loop. As a result, seven potentially informative flux images are discarded,
and the loss reflects only one view of the surface

Including all eight Sun positions in the loss computation would provide a richer and more reliable learn-
ing signal. Each predicted surface would then be tested under multiple lighting conditions, reducing
ambiguity in the inverse problem and encouraging convergence toward geometries that are consistent
across different views.

By relying on only one Sun position, the model risks learning surfaces that reproduce flux patterns
accurately for that specific view but perform poorly for others. This imbalance may partly explain why
reconstructions sometimes converge to surfaces that are optically plausible (under one Sun position)
but structurally inaccurate overall.

Looking ahead, extending the loss calculation to multiple Sun positions appears to be an important
step toward improving robustness. Ideally, each predicted surface would be evaluated under all eight
Sun positions, producing eight flux images and corresponding loss terms instead of just one. While this
would increase computational cost—roughly by a factor of eight—the overhead may be manageable
with improved parallelization strategies. Balancing efficiency with representational fidelity will therefore
be an important consideration for future work.

Limited Sun Position Variability across Batches

Another limitation stems from how Sun positions are handled during training. To enable parallel raytrac-
ing as described in Section 4.1.4, all surfaces within a given batch are required to share the same set
of eight Sun positions. The current implementation does not support evaluating each surface under its
own randomly sampled Sun positions within the same batch.

This design simplifies processing but comes at the cost of reduced variability: instead of every surface
being exposed to unique illumination conditions, entire batches rely on identical Sun positions. While
experiments with 50,000 training samples still included 6,250 distinct sun—position sets—providing sub-
stantial diversity at the dataset level—the within—batch uniformity limits the model’s exposure to fine-
grained variability that could otherwise improve generalization.

The restriction also introduces practical drawbacks. Because only one set of Sun positions can be used
per batch, batch sizes must remain relatively small to preserve diversity across training. Larger batch
sizes would either require regenerating the full training dataset with new sun—position assignments or
risk further reducing variability. This lack of flexibility not only increases runtime but also complicates
systematic exploration of batch-size effects on training performance.
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Looking ahead, enabling independent sun—position sampling per surface within a batch could simul-
taneously increase variability, improve runtime efficiency through larger batch sizes, and allow more
flexible experimentation.

6.2.5. Computational Efficiency

A further limitation concerns the substantial computational cost of training. For example, training with
5000 training samples over 100 epochs typically requires around 12 hours, while the same setup with
50000 training samples can take 5-6 days. Much of this cost stems from the raytracing and loss
evaluation components, which dominate runtime and highlight the need for further optimization.

In contrast, inference is highly efficient once a model has been trained. Both flux density images and
surface predictions can be generated within minutes, making the approach practical for real-time or
near-real-time deployment in calibration or monitoring scenarios.

Taken together, these observations emphasize an important trade-off: while the training procedure is
computationally expensive, its outcomes can be used efficiently for inference in downstream applica-
tions. This makes the approach well-suited for deployment once a model is available. However, the
high training cost limits the ability to explore design choices and iterate quickly during development. Fu-
ture work should therefore also focus on accelerating training to make experimentation and refinement
more feasible.

6.2.6. lll-Posedness of the Inverse Problem

At the core of this work lies an inherently ill-posed inverse problem: predicting a continuous heliostat
surface from limited and indirect observations, namely flux density images. From the outset, it was
clear that this task is underdetermined, as many different surface shapes can generate visually similar
flux distributions.

This ambiguity was repeatedly confirmed in the experiments and became most apparentin the repulsion-
based training strategy. While the repulsion loss was intended to help the model escape suboptimal
minima, its behavior instead highlighted the vastness of the solution space. The model frequently tran-
sitioned between distinct surface geometries that all produced comparable flux images, underscoring
the lack of a unique solution under the current setup.

The findings indicate that, without stronger constraints or supervision—such as synthetic datasets with
closer, though less realistic, heliostat positions—the model often converges to plausible yet structurally
inaccurate surfaces. Nevertheless, the best-performing experiment demonstrated that certain dataset
designs can enable the network to capture some structural patterns of the ground truth, suggesting
that partial recovery of surface geometry is possible. Even so, these improvements remain limited in
scope, and the underlying ill-posedness continues to restrict the model’s ability to reconstruct surfaces
faithfully across diverse cases. This constraint is not just a limitation of the present implementation but
a property of the problem itself, and it will need to be addressed further in future research.

6.3. Recommendations and Future Research

This section outlines potential directions for improving the proposed method and guiding future research
toward achieving more accurate heliostat surface predictions.

6.3.1. Data Augmentation

Future work could focus on introducing richer and more varied surface augmentations. Instead of rely-
ing on reusing a limited set of geometries across positions, new strategies could involve perturbations
of facet curvature or localized deformations that mimic real manufacturing imperfections. Such diver-
sity could help better approximate the range of surfaces encountered in practice and lead the model
beyond its current tendency to predict average-like geometries.

6.3.2. Improved Parallel Raytracing

A key priority for future work is to extend the current loss mechanism in the training loop to incorporate
all eight Sun positions. In the present setup, reconstructions often reproduce flux density patterns well
but correspond to incorrect surface geometries, reflecting the ambiguity of the inverse problem. Multi-
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Sun loss calculation could directly address this issue by testing each predicted surface under multiple
illumination conditions, thereby narrowing the solution space and encouraging convergence toward
geometries that remain structurally consistent. Similarly, removing the restriction of batch-wise Sun
position uniformity would increase variability, allow larger batch sizes, and improve runtime flexibility.

6.3.3. Regularization Strategy

This work highlighted the potential of output regularization with linear decay for improving flux prediction.
However, surface reconstructions remained limited, often collapsing to rigid, square-like structures. A
promising next step is to combine this output regularization with more geometry-aware terms, such
as curvature or edge constraints, and to evaluate these systematically. Doing so may reconcile the
trade-off observed here between flux fidelity and surface accuracy.

6.3.4. Heliostat Position Strategy
Additionally, experiments with closer heliostat positions (5—-15 m) demonstrated the benefit of using
datasets that emphasize stronger flux detail. Future work should exploit this by introducing pretraining
on closer, synthetic positions before fine-tuning on realistic configurations, thereby combining richer
training signals with practical applicability.

6.3.5. Real-World Validation and Canting

Ultimately, the framework should be validated on real CSP heliostats to confirm its practical applicability.
While simulated datasets have demonstrated promising performance—particularly in flux prediction—
the step to real-world deployment requires addressing the simplified treatment of canting. Incorporating
angular as well as translational components into canting would align simulated surfaces more closely
with physical reality, ensuring that models trained on augmented data can transfer reliably to measured
flux patterns.

With these recommendations in mind, this work concludes with a summary of its key findings, the
limitations encountered, and the broader implications of the results for heliostat surface reconstruction
using deep learning.



Conclusion

This work set out to explore the feasibility of reconstructing heliostat surfaces from flux density images
using a deep learning model informed by the underlying physics of the system. The best-performing
flux simulation model was able to reproduce flux density distributions with high accuracy, achieving
an average flux image MAE of 1.55 x 10~2 on the test set—equivalent to a median accuracy of 84
% under the normalization used by Lewen et al. Although this is slightly below the 92 % median
accuracy reported in their supervised approach, the results demonstrate that the method can generate
flux predictions of competitive quality. At the same time, the corresponding surface reconstructions
of this experiment were less reliable, highlighting the fundamentally ill-posed nature of the inverse
problem.

To mitigate this ambiguity, several strategies were explored to reduce the solution space through reg-
ularization and dataset design. The strongest result was achieved when training on synthetic datasets
with closer heliostat positions (5-15 m), yielding a median surface MAE of 2.4 x 10~ on the test set.
Nevertheless, when compared to the supervised approach by Lewen et al., which achieved a median
surface MAE of 1.4 x 10, the present method still falls short in terms of surface reconstruction accu-
racy.

Nonetheless, the surface predictions reveal that the network has internalized certain structural patterns,
as the reconstructed surfaces partially resemble the mean ground truth surface of the training dataset.
This suggests that the model is capable of capturing dataset-level biases, although it also does not
reproduce the mean surface itself with full accuracy. More critically, its ability to generalize to individ-
ual heliostat geometries remains limited, as the reconstructions tend to collapse toward average-like
shapes rather than faithfully representing unique surface variations.

Despite the limitations in surface reconstruction, the model retains significant functional value for CSP
applications. By reproducing flux distributions with high fidelity, it can already serve as a surrogate tool
for calibration or optimization tasks, where the goal is often to achieve a desired flux pattern rather
than to recover the exact underlying geometry. In this sense, the network provides practically useful
adjustments to heliostat surfaces without requiring direct access to ground truth measurements.

Beyond this functional utility, the main computational advantage of this framework lies in its ability to
rapidly generate surface predictions via the integrated differentiable ray tracer. Once trained, the net-
work can propose candidate surfaces much faster than conventional optimization- or raytracing-based
reconstruction methods, making it suitable as a surrogate model in calibration or control scenarios. Im-
portantly, the predicted surfaces are not unique: for most experiments, the model produces different
geometries that reproduce the same flux distribution, thereby revealing more about the inherent ambi-
guity of the inverse problem. Only in the close-range (5—15 m) experiment did the predictions collapse
toward an average-like surface, highlighting that this diversity depends on the input regime.

Looking ahead, a final advantage of this approach is that it does not inherently rely on surface measure-
ments. Since the model can be supervised purely through flux images, future training could be carried
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out directly on measured flux distributions, without the need for deflectometry data. This would signifi-
cantly reduce the experimental effort required for dataset generation and make the method significantly
easier to apply in operational CSP plants.

In summary, while precise surface reconstruction remains a challenge, this work demonstrates that
physics-informed deep learning can deliver accurate flux predictions and capture some average struc-
tural surface behavior in the training data. It struggles however with the precise reconstruction of
individual surfaces. With continued progress on regularizations and dataset design, this framework
has potential to evolve into a practical tool for heliostat calibration and CSP field optimization.
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Appendix

A.1. GitHub

All the main scripts and functions are uploaded to a GitHub Repository (https://github.com/atenzler/
Heliostat_Surface_Prediction_via_Physics Aware _Deep_Learning), with reduced example data to al-
low for inspection and reproducibility.

A.2. Sun Position Calculation

The following section provides a detailed description of the method used to compute the solar azimuth
and elevation angles for a given time and observer location. The implementation is based on empirical
astronomical models and includes corrections for atmospheric refraction and topocentric parallax [24].

Observer Inputs
The observer’s geographic coordinates are given by:

+ Latitude: ¢ in degrees
* Longitude: \ in degrees
These are converted to radians:
o-m AT

¢rad = ﬁa /\rad = ﬁ

Atmospheric parameters are assumed constant:

P =1.01325bar, T =20°C

1. Universal Time and Julian Day
Given time components (hour, minute, second), the universal time in hours is computed as:

minute  second

T = hour
v + 60 + 3600

The Julian Day offset J D, from the reference epoch (J2000.0) is calculated as:
fm<2: y=y—1, m =m-+12

Else: v =y, m' =m

UT
JD, = |365.25(y' — 2000) | + [30.6001(m’ + 1)] +d + 7~ — 11585
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where m is the month and y is the year integer.

Define: At

2. Heliocentric Longitude
The base angular term:
6 =0.0172019 - t — 0.0563

The heliocentric longitude is computed using a harmonic expansion:

L = 1.740940 + 0.017202768683 - 4 0.0334118 - sin(6) + 0.0003488 - sin(26)

Add lunar perturbation:
L =L +0.0000313 - sin(0.2127730 - t — 0.585)

Add higher-order harmonic corrections:

L = L +0.0000126 - sin(0.004243 - t + 1.46) + 0.0000235 - sin(0.010727 - ¢ + 0.72)
+0.0000276 - sin(0.015799 - £ + 2.35) 4 0.0000275 - sin(0.021551 - ¢ — 1.98)
+0.0000126 - sin(0.031490 - £ — 0.80)

Apply correction for long-term orbital variation:

t

ty = ——
271000

L = L + [((—0.000000230796 - t5 + 0.0000037976) - to — 0.000020458) - t5 + 0.00003976] - 3

3. Geocentric Coordinates
Apply a small nutation (small, periodic oscillation in the Earth’s axial tilt and rotation axis) correction:

At = 0.0000833 - sin(0.0009252 - t — 1.173)

Earth’s obliquity:

e = —0.00000000621 - ¢ + 0.409086 + 0.0000446 - sin(0.0009252 - ¢ + 0.397)

Geocentric solar longitude:
Ageo = L + m 4+ Ay — 0.00009932

Right ascension « and declination §:
a = arctan 2 (sin(Ageo) - cos(€), cos(Ageo))
0 = arcsin (sin(e) - sin(Ageo))
4. Local Hour Angle

H represents the angular distance between the local meridian and the Sun’s position in the sky, mea-
sured westward along the celestial equator. It is computed as:

H = 6.30038809903 - JD; + 4.8824623 + At) - 0.9174 4+ Mg —
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5. Parallax Corrections
Apply parallax corrections to declination:

Ad = —0.0000426 - (sin(¢raq) — ¢ - cos(¢rad))
8 =6+ A
Adjusted components:

cosd’,sind’ = cos(8),sin(d")
cos H,sin H = cos(H),sin(H)
Ao = —0.0000426 - cos(¢raq) - sin(H)
cosH' sinH =cos H +Aa-sinH, sinH — Aa-cosH

6. Solar Elevation Angle
The solar elevation angle without refraction is:

Oelev, no refrac = arcsin (sin(¢graq) - sin &’ + cos(praq) - cosd’ - cos H')

Atmospheric refraction correction (if fejey, no refrac > —0.01):

0.084217 - 50— 1

Arefrac =

273 T 0.0031376
+ tan eelev, no refrac + eelev, no refrac+0.089186

Final elevation angle:

9elev = eelev, no refrac 1 Arefrac

Convert to degrees:
180

o _
9elev - eelev .

7. Solar Azimuth Angle
The azimuth angle is computed as:
- ;. sin ¢’
Oazim = —arctan2 | sin H', cos H' - sin(¢raq) —

cos(das)

cos ¢’

Convert to degrees:
180

o
eazim = eazim .

A.3. Number of Sun Positions

To verify the impact of sun position, experiments were conducted using 200 heliostats, comparing a
setup with only one sun position per heliostat to one with eight sun positions. Using eight sun positions
increases the input diversity, as the network receives eight flux images and corresponding sun positions

for each heliostat instead of a single pair.

The results, shown in Table A.1, indicate that using multiple sun positions significantly reduces the
MAE of the flux image predictions. This improvement is also visually evident in Figure A.1, where
the predictions from the eight-sun setup more closely resemble the ground truth. Additionally, the sur-
face MAE—used as an evaluation metric—also decreases when multiple sun positions are employed,

confirming the advantage of using eight sun positions.
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Table A.1: Comparison of flux image MAE and surface MAE when using one versus eight sun positions per heliostat.
Incorporating multiple sun positions reduces both error metrics, highlighting the benefit of increased input diversity.

Sun Position Flux image MAE Surface MAE

One Sun Position 8.10 x 1073 3.78 x 1074

Eight Sun Positions 6.54 x 1073 3.42 x 1074

One sun position Eight sun positions
Prediction Ground Truth Prediction Ground Truth

MAE: 0.008098 MAE: 0.006540

Figure A.1: Example predictions for one and eight sun positions per heliostat. Predictions from the eight-sun setup more
closely resemble the ground truth flux distributions and achieve lower MAE values than the single-sun setup.

A.4. Raytracing Procedure

This section gives a detailed description of the raytracing procedure. The ray tracer begins by aligning
each heliostat. To achieve this, it computes an orientation matrix that ensures the incoming solar
rays are reflected toward the specified aim point. This orientation matrix is subsequently applied to all
surface points and surface normals of the heliostat. The alignment follows the law of reflection:

F=i—20- 7)i (A.1)

where 7 is the reflected ray, i is the incident ray, and 7 is the surface normal. Here, - denotes the dot
product. For the alignment procedure, 7 must be reoriented to achieve the correct reflection direction.
The desired surface normal, 7i,4.s, can be derived by inverting the law of reflection:

Fides = —t Tdes_ (A.2)
=%+ Taes |
where 7., is the unit vector pointing from the heliostat to the aim point, defined as:
Tdes = a-p (A3)

lla — 7l
with @ representing the aim point and p'the position of the heliostat surface origin.

After determining 7., the desired surface normal 7i,., is calculated. The alignment process then
iteratively solves for the two joint angles of the heliostat: one angle rotates about a primary axis, while
the other rotates about an axis perpendicular to it. The joint angles are adjusted until the surface
orientation matches 7,4.s. Once the correct angles are found, they are applied, and the heliostat is
aligned with the chosen aim point.

The ray tracer then utilizes all the provided information to perform the ray tracing process. It first applies
the law of reflection (Equation A.4) to compute the ideal reflection direction of rays for each surface
point. In the next step, small angular deviations are introduced around this ideal direction to simulate
light scattering. This results in a cloud of rays distributed around the preferred reflection direction.
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Finally, the raytracer uses all the given information to trace the rays. It does this by applying the law
of reflection in Equation A.4 again to compute a preferred reflection direction of rays for each surface
point. In the next step, small angular deviations are applied to this reflection, to simulate the scattering
of light. This gives a cloud of rays around the ideal reflection direction, to imitate non-ideal conditions.

The ray tracer then computes the line—plane intersection between the target area plane and each
scattered ray to determine the exact impact points on the target area. These intersection points are
projected onto a bitmap representation of the target area, which is divided into discrete pixels. Each
ray impact increments the intensity value of the corresponding pixel, such that regions with multiple ray
hits exhibit higher intensity values.

The overall output of the ray tracer is a bitmap with a predefined resolution and pixel size. In these im-
ages, brighter regions correspond to areas receiving higher ray intensity, while darker regions indicate
areas receiving little to no rays. An example of this output was shown earlier in Figure 2.3 on the right
side.

A.5. Hyperparameters

Table A.2: Search space for Bayesian hyperparameter optimization. Ranges are specified for learning parameters, weight
decay, regularization strength, and scheduler settings, with conditional parameters applied depending on the selected
scheduler.

Hyperparameter Search Space

Optimizer ["Adam"]

Criterion ["MAE", "MSE", "RMSE", "SSIM]
Learning Rate [1078, 10~ 1] (log-uniform)

Weight Decay [1078, 10~ ] (log-uniform)
Regularization on Outputs  [107°,10?] (log-uniform)
Scheduler ["None", "ReduceLROnPlateau,

ExponentiallR, CyclicLR, CosineAnnealingLR]

Scheduler Parameters (Conditional)

ROP Factor 0.1,0.9] (float)
ROP Patience 3 10] (int)
ROP Threshold 6.10~?] (log-uniform)

Exponential Gamma

[
3,
:
Cyclic Base LR [10
[
[
[
[

0~ ]
0. 85 O 999] (float)
3] (log-uniform)
0~ ]

Cyclic Max LR 1 3 10 (log-uniform)
Cyclic Step Up 5, 50] (int)

Cosine T_max 10, 100] |nt)

Cosine nmin 10~%,1073] (log-uniform)
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Table A.3: Comparison of hyperparameter configurations obtained from the default grid search and Bayesian optimization.
While both approaches use the Adam optimizer and 100 training epochs, the Bayesian search selects SSIM as the loss
criterion and identifies a CyclicLR scheduler with tuned learning rate parameters and regularization values.

Hyperparameter Grid Search Result Bayesian Result
Optimizer Adam Adam
Criterion MAE SSIM

Batch Size 8 8

Max Epochs 100 100
Scheduler None CyclicLR
Learning Rate 0.001 1.2439 x 1078
Weight Decay 0 1.5708 x 107°
Output Weight Decay - 60.993

Cyclic Base LR - 5.0494 x 10—°
Cyclic Max LR - 1.0093 x 103
Cyclic Step Up - 11

Number of Inputs variable variable

A.6. Error Metric Evaluation

The choice of error metric in the training loop was evaluated. The error metric defines the magnitude of
the loss between the predicted flux density image and the ground truth image, and therefore can signif-
icantly influence convergence and accuracy. Four models were trained with identical hyperparameters
and 224 training samples, using MAE, MSE, RMSE, or SSIM as the loss function.

To enable a fair comparison, the predictions of all models were evaluated using a uniform “meta”
metric—the MAE of the flux density image and the surface—even if another loss function (e.g., SSIM)
was used during training. As shown in Table A.4, SSIM produced slightly better flux image predictions,
while MAE and MSE achieved marginally better surface MAEs. RMSE performed the worst in both
cases. Overall, to ensure comparability with previous work by Lewen et al., the MAE was chosen as
the default error metric for all subsequent experiments.

Table A.4: Evaluation of different loss functions (MAE, MSE, RMSE, SSIM) in terms of flux density MAE and surface MAE.
SSIM yielded the lowest flux density error, while MAE and MSE achieved the lowest surface errors. RMSE performed worst
across both metrics.

Error Metric Flux Density MAE Surface MAE

MAE 1.48 x 1072 1.92 x 1074
MSE 1.42 x 102 1.84 x 1074
RMSE 1.71 x 102 2.13 x 1074
SSIM 1.26 x 1072 2.08 x 1074

A.7. Deflectometry Data Analysis
The 423 Deflectometry surfaces available in the PAINT database were analyzed in order to inform the
regularizations. The detailed results of this analysis can be found here.
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A.7.1. Order of Magnitude

Table A.5: Statistical summary of z-coordinates across 423 real heliostat surfaces from the PAINT database. Values
characterize the order of magnitude and variability of surface deviations.

Statistic Value [m]
Minimum z —0.008906
Maximum z 0.007841
Mean —0.000023
Mean || 0.000370
Standard Deviation o, 0.000518
Median 0.000009
Interquartile Range (IQR) 0.000560
Range (zmax — Zmin) 0.016747

A.7.2. Curvature

Table A.6: Statistical summary of Laplacian curvature values across all facets and surfaces in the PAINT database. The
results capture the distribution and range of curvature magnitudes used to inform regularization design.

Statistic Value [1/m]
Minimum C —0.005466
Maximum C' 0.100079
Mean pc 0.020191
Mean |uc| 0.020438
Standard Deviation o¢ 0.024946
Median 0.000183
Interquartile Range (IQR) 0.040686
Range (Cax — Chin) 0.105544

Table A.7: Statistical comparison of Laplacian curvature between edge and center control points across all facets. Edge
regions show substantially higher curvature magnitudes than central regions.

Center C [1/m]

Statistic Edge C [1/m]
Minimum C 0.028818
Maximum C' 0.100079
Mean pc 0.046355
Mean |uc| 0.046355
Standard Deviation o 0.014326
Median 0.040710
Interquartile Range (IQR) 0.001350
Range (Cmax — Cmin) 0.071261

0.000000
0.005466
0.000281
0.000281
0.000307
0.000187
0.000285
0.005466

A.7.3. Tilt

Table A.8: Distribution of facet tilt angles relative to the vertical axis. Tilt angles are generally small, with most facets exhibiting
only slight deviations.

Statistic Value [°]
Mean tilt angle 0.0428
Median tilt angle 0.0442
Standard Deviation 0.0343
Maximum tilt angle  0.4383
Minimum tilt angle  0.0000
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A.7.4. Edge Behavior

Table A.9: Statistical summary of edge dip behavior across all surfaces, quantifying the tendency of facet edges to deviate

relative to their interior regions.

Statistic Value
Minimum —0.003402
Maximum 0.002569
Mean 0.000220
Absolute Mean 0.000254
Standard Deviation o 0.000246
Median 0.000202
Interquartile Range (Q3 - Q1) 0.000291
Range (max - min) 0.005971

A.8. Regularization Implementation

Table A.10: Search space for Bayesian optimization of regularization hyperparameters. Each regularization term was explored

across several orders of magnitude using

log-uniform sampling.

Hyperparameter

Search Space

Limit z-values, weight

Curvature Penalty, weight

Curvature Penalty, ref. curvature [1/m]
Edge Dip, weight

Edge Dip, dip margin [m]

10%,10°] (log-uniform)
102, 107] (log-uniform)
10~°,1073] (log-uniform)

10~?,103] (log-uniform)

Tilt Penalty, weight
Regularization on outputs, weight

[
[
[
[102,10] (log-uniform)
[
[
[

10%,10°] (log-uniform)
1072,10?] (log-uniform)

Table A.11: Comparison of regularization parameter values obtained from surface analysis (V1) and Bayesian optimization
(V2). The Bayesian search produced different weighting scales and margins across terms, reflecting alternative trade-offs

between geometric constraints.

Regularization Term

V1 (Surface Analysis)

V2 (Bayesian Optimization)

Limit z-values, weight 1x10° 2.73 x 10°
Limit z-values, limit [m] 5.0 x 1074 5.0 x 1074
Curvature Penalty, weight 1 x 10° 1.12 x 103
Curvature Penalty, ref. curvature [1/m] 5.0 x 107° 9.52 x 1074
Edge Dip, weight 1x10° 8.20 x 102
Edge Dip, dip margin [m] 2.2 x 1074 1.30 x 107°
Tilt Penalty, weight 1 x 10% 1.67 x 103
Regularization on outputs, weight - 8.47 x 10!
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Table A.12: Additional regularization terms explored individually. Parameters specify the decay strategy for output

regularization and the thresholds applied in repulsion regularization.

Regularization Term Weight Parameters

linear_decay = True
(decay to 0 by half epochs)
linear_decay = True
(decay to 0 by max epochs)
repulsion_loss = 0.001
repulsion_threshold = 0.004

Regularization on Outputs, half 100
Regularization on Outputs, max 100

Repulsion Regularization 1000

A.9. Additional Results

This section is structured to show all results form Table 5.1, and is ordered in the same way as the

table.

A.9.1. Baseline Results

Standard

Figure A.2 and Figure A.3 show the surface predictions and the flux density predictions of the standard
experiment configuration respectively. These will be used as reference for all other experiments. All
experiments below will follow this general result structure, and will not be captioned individually.

|_
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Figure A.2: Surface predictions of the standard model.
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(a) Flux Density "TEST2’

(b) Flux Density "TEST20”

2 4

(c) Flux Density "TEST52”

Figure A.3: Comparison of flux density predictions (left) and ground truth (right) of the standard model.
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Figure A.4: Surface predictions
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Figure A.6 shows the development of the surface MAE of predicitions during training of the model.
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[«
X
=
o
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(a) Flux Density "TEST2’

(b) Flux Density "TEST20”

(c) Flux Density "TEST52”

Figure A.5: Comparison of flux density predictions (left) and ground truth (right)
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Figure A.6: Surface MAE curve during training of the baseline 50k inputs experiments
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Train model checkpoint (50k Training Samples)
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Figure A.7: Surface predictions

(a) Flux Density "TEST2”

(b) Flux Density "TEST20”

(c) Flux Density "TEST52"

Figure A.8: Comparison of flux density predictions (left) and ground truth (right)
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A.9.2. Loss Function
SSIM
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Figure A.9: Surface predictions
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Figure A.10: Comparison of flux density predictions (left) and ground truth (right)
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A.9.3. Input Scaling
10k inputs
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Figure A.11: Surface predictions
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(a) Flux Density "TEST2”

(b) Flux Density "TEST20"

(c) Flux Density "TEST52”

Figure A.12: Comparison of flux density predictions (left) and ground truth (right)



A.9. Additional Results

80

A.9.4. Hyperparameters
Bayesian opt.
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Figure A.13: Surface predictions
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(a) Flux Density "TEST2”

(b) Flux Density "TEST20"

(c) Flux Density "TEST52”

Figure A.14: Comparison of flux density predictions (left) and ground truth (right)
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A.9.5. Regularization Results
All regs V1 5k
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Figure A.15: Surface predictions

(a) Flux Density "TEST2”

(b) Flux Density "TEST20"

(c) Flux Density "TEST52”

Figure A.16: Comparison of flux density predictions (left) and ground truth (right)
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All regs V1 50k
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Figure A.17: Surface predictions

(a) Flux Density "TEST2”

(b) Flux Density "TEST20”

(c) Flux Density "TEST52"

Figure A.18: Comparison of flux density predictions (left) and ground truth (right)
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All regs V2 (Bayes)
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Figure A.19: Surface predictions
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(a) Flux Density "TEST2’

(b) Flux Density "TEST20"

(c) Flux Density "TEST52"

Figure A.20: Comparison of flux density predictions (left) and ground truth (right)

Figure A.21 illustrates the surface MAE during the progression of training the V2 regularization config-
uration.
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Surface MAE curve over Epochs for V2 configuration
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Figure A.21: Surface MAE during training of the V2 configuration.
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Figure A.22: Surface predictions
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(a) Flux Density "TEST2’

(b) Flux Density "TEST20”
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(c) Flux Density "TEST52”

Figure A.23: Comparison of flux density predictions (left) and ground truth (right)
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Figure A.24: Surface predictions
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Train loss [log scale]

(a) Flux Density "TEST2’

(b) Flux Density "TEST20”

(c) Flux Density "TEST52”

Figure A.25: Comparison of flux density predictions (left) and ground truth (right)
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Figure A.26: Repulsion regularization training loss curve over 1000 epochs.
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Output reg. lin decay, max epochs
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Figure A.27: Surface predictions

(a) Flux Density "TEST2”

(b) Flux Density "TEST20”

(c) Flux Density "TEST52"

Figure A.28: Comparison of flux density predictions (left) and ground truth (right)
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Output reg. lin decay, half epochs, surface model
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Figure A.29: Surface predictions

(a) Flux Density "TEST2”

(b) Flux Density "TEST20”

(c) Flux Density "TEST52"

Figure A.30: Comparison of flux density predictions (left) and ground truth (right)
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Output reg. lin decay, half epochs, train model
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Figure A.31: Surface predictions

(a) Flux Density "TEST2”

(b) Flux Density "TEST20”

(c) Flux Density "TEST52"

Figure A.32: Comparison of flux density predictions (left) and ground truth (right)
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A.9.6. Synthetic Dataset
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Figure A.33: Surface predictions

(a) Flux Density "TEST2”

(b) Flux Density "TEST20"
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(c) Flux Density "TEST52”

Figure A.34: Comparison of flux density predictions (left) and ground truth (right)
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Close, 30-70m, canting as input
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Figure A.35: Surface predictions
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(a) Flux Density "TEST2”

(b) Flux Density "TEST20”

(c) Flux Density "TEST52"

Figure A.36: Comparison of flux density predictions (left) and ground truth (right)
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Close, 5-15m
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Figure A.37: Surface predictions

(a) Flux Density "TEST2”

(b) Flux Density "TEST20”

(c) Flux Density "TEST52"

Figure A.38: Comparison of flux density predictions (left) and ground truth (right)
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