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Abstract
Hydrofoils can under certain circumstances cause a phase change from liquid water to water vapor. This phe-
nomenon is called cavitation and is caused by the low pressure over the hydrofoil when the vessel exceeds a
certain velocity though the water. Cavitation can take different forms depending the angle of attack α and the
flow conditions which are characterized with the cavitation number σ . The different types of cavitation can have
different effects on flow and loads.

Computational Fluid Dynamics (CFD) is widely used in aero and hydrodynamic design, with (U)RANS most
commonly used for CFD in the industry due to its relatively low computational cost while providing sufficiently
accurate results. Cavitation models in URANS simulations need a multiphase framework in order to model
the liquid/vapor interface of the cavitation bubbles. The Schnerr-Sauer cavitation model uses simplified bubble
dynamics equations for relatively fast calculation while providing accurate results. In current project, a Volume
of Fluid method is used the Schnerr-Sauer cavitation model is used with URANS CFD simulations to improve
and enhance the behaviour and performance prediction of hydrofoils sections under cavitating conditions. Given
the industrial context of this project, the simulations are conducted using constrained computational resources.

Validation is performed for a non-cavitating test case using a NACA-0012 section, followed by validation
for a cavitating test case using a modified NACA-66 section. Mesh convergence studies have been performed,
turbulence models have been compared and the turbulent viscosity has been modified. The final set-up uses the
SST turbulence model with a modified turbulent viscosity exponent n = 2.3.

To assess the flow behavior and hydrofoil section performance under cavitating conditions, a comparison is
made in CFD using cavitation models, relative to the current practice. This study shows that the lift and drag
results for a simulation without cavitation model are underestimated compared to the simulation with cavitation
model in conditions of stable cavitation. For conditions with unstable cavitation, strong unsteady disturbed flow
and loads are found that are not captured by the simulation without cavitation model.

The transition from stable to unstable cavitation is studied by investigating cavitation bubble length and its
corresponding fluctuation as a function of the stability parameter ps =

σ
2(α−α0)

. The conditions found for the
transition from stable to unstable cavitation are consistent with reference value at about ps = 4. The inception
of stable cavitation is found at about ps = 7 which is considered to be more optimized to delay the formation of
cavitation compared to ps = 8.5 for experimental observations on the NACA-0015.

The lift, drag and performance polars are studied for several values of σ . The lift and drag polars for lower
σ , i.e. higher cavitation rate, show a stronger increase in both lift and drag for stable cavitation cases. The
performance (or Lift over Drag) is slightly increased at α = 4◦ for σ = 1.2 and 1. For higher angles of attack,
the increase in drag surpasses the increase in lift and the performance decreases. These finding only hold the
stable cavitation cases (α < 8◦ for all tested σ , and α = 6◦ for σ = 1) since the unstable cavitation results are
inconclusive.

The main limitation of the set-up developed in current project is that the predictions in cloud cavitation
show significant discrepancies in capturing the unstable shedding characteristics with respect to the reference
data. As a result, the cloud cavitation shedding frequency is not accurately captured, resulting in an inadequate
representation of vibrations and loading due to cloud cavitation.
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1
Introduction

1.1. Background
Hydrofoils are lifting surfaces attached to waterborne vessels. Similar to the wings of an airplane, hydrofoils
(or simply foils) generate a lifting force as the vessel increases speed due to the flow of the water around the
foil. This force lifts the hull out of the water, reducing or eliminating the hull’s contact with the water reducing
drag, and further increasing speed and efficiency. Rising out of the water using hydrofoils is often referred to as
foiling.

During the second half of the 20th century, extensive development of hydrofoil vessels was carried out by the
USA and the Soviet Union. These developments were mainly for the purpose of making commercial passenger
ships and military vessels [26] [40]. More recently, hydrofoils have been used in water sports and major sailing
competitions like America’s Cup since 2013. The America’s Cup design teams have helped to integrate the use
of more modern design methods such as Vortex Lattice Method (VLM), RANS Computational Fluid Dynamics
(CFD) and Fluid-Structure Interaction (FSI) into high performance sailing [30] [11]. Standardizing these tools
within the field of sailing has contributed to the increase of use of hydrofoils in water sports in general and has
led, for example, to the inclusion of foiling disciplines in the Olympic Games [33] [23].

VPLP Design is a naval architecture firm renowned for many award-winning and revolutionary boat designs.
They have been involved in America’s Cup campaigns, record-breaking Ultime Trimaran designs and many other
renowned projects in the sailing world. VPLP’s racing division brings together naval architects, structural and
performance engineers to create fast and efficient boats using tools such as VLM, CFD and FSI.

Figure 1.1: 36th America’s Cup Team Luna Rossa Prada Pirelli foiling at high speed [Photo: Studio Borlenghi].

1
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Unlike aeroplane wings, hydrofoils operate under water, which can cause complications under certain condi-
tions. A phenomenon called cavitation occurs when hydrofoils exceed a certain speed, causing the water around
the foil to form vapour bubbles that disrupt the flow around the foil and can cause damage when it collapses.
Cavitation can take different forms depending on the angle of attack and the cavitation number (details of the
physics of the phenomenon are given in the section 2.1). Incipient cavitation takes the form of small bubbles
which convect with the flow and have little effect on the flow and foil performance. As cavitation increases due
to an increase in velocity or a decrease in ambient pressure, a fixed cavitation bubble forms at the leading edge
of the foil, changing the flow around the foil. This has been shown to alter foil performance [20] [18]. Increasing
the cavitation rate further leads to an unsteady form of cavitation in which bubbles are periodically formed and
shedded. This is called cloud cavitation and has been shown to cause vibration and erosion on propeller blades
[44] [45] [24]. The surface erosion caused by the collapse of the cavitation bubbles is an active area of research
and is particularly relevant to ship propellers, pumps and tidal stream turbines [42] [8]. These types of cavitation
have negative effects and are best avoided or mitigated. If the rate of cavitation is further increased, a state of
supercavitation can be achieved. Supercavitation can have beneficial effects in certain applications, such as the
operation of torpedoes [2] [3] .

Figure 1.2: Cavitation at the tip of the blades and in the trailing vortices in the wake of a propeller in a water tunnel experiment at the David
Taylor Model Basin [28].

In hydrofoil design, low fidelity tools such as VLM or panel methods are often used in the early stages of
design where many design configurations and operating conditions are tested. Such tools are based on potential
flow theory and perform inviscid linearised flow calculations, giving a rough qualitative overview of the aero/hy-
drodynamic performance [17]. For many industrial applications, potential flow methods do not give sufficiently
accurate results. For these cases other methods must be sought. Computational Fluid Dynamics (CFD) can pro-
vide high fidelity results that have been shown to be consistent with experimental results and real life applications.
CFD methods calculate the Navier-Stokes equations on a discretised computational domain. There are three main
frameworks within CFD; Direct Numerical Simulations (DNS) solve the full range of spatial and temporal scales,
requiring a large amount of computational resources. Large Eddy Simulations (LES) partially model the smallest
length scales using filters, which significantly reduces the overall computational cost compared to DNS, although
it still requires significant computational resources for most practical applications. Finally, (unsteady) Reynolds
Averaged Navier-Stokes (RANS, or URANS for unsteady RANS) fully models the smallest length scale using
averaged Navier-Stokes equations, resulting in the Reynolds stress term to be modelled. RANS requires the least
computing power and is most commonly used in industrial applications.

One of the key quantities studied in the design of hydrofoil geometry using these numerical tools is the pres-
sure distribution over the geometry. The forces on the geometry are derived from this pressure field. Knowing
that cavitation occurs when the pressure falls below a certain critical pressure, it is reasonable to assume that
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where the pressure distribution falls below this critical pressure, cavitation is likely to occur. However, the ac-
tual formation of cavitation bubbles is not captured in typical hydrodynamic potential flow or CFD simulations.
Because of the flow disturbances due to the formation of cavitation bubbles, relying solely on a simulation that
neglects the cavitation phenomenon will not accurately depict a cavitating flow. This potentially means that such
a result may not capture the correct loading acting on the studied geometry. In order to account for real cases of
cavitating flow, these numerical methods require some additional attention.

In early work on cavitation modelling, Tulin and Wu used linearized theory to calculate the drag analytically
on steady, two dimensional cavity flows about slender bodies [39] [43]. Acosta and Watanabe extended this work
for steady and unsteady partial cavities respectively and found an analytical relation between the cavity length,
cavitation number and angle of attack of the hydrofoil [1] [41]. Moreover, potential flow solvers which consider
cavitation have been developed using boundary element methods [5] [6] [7]. However these methods are still
restricted within the assumptions of potential flow theory and only obtain low fidelity results.

In order to implement a cavitation model in CFD methods like (U)RANS or LES, a Volume of Fluid (VOF)
multiphase simulation must be used in order to track the water/vapor interface [14]. For this, bubble dynamics
equations known as the Rayleigh-Plesset Equations [29] need to be calculated in order for the cavitating flow to
be solved. Several different different cavitation models have been proposed with models solving more or fewer
terms in the Rayleigh-Plesset Equations and thus require less or more computing power. The Schnerr-Sauer
cavitation model simplifies the original Rayleig-Plesset equation by eliminating several terms which makes it
computationally relatively inexpensive. Still, using this cavitation model in URANS CFD simulations has shown
to obtain robust simulations with accurate results [22].

For VPLP Design, it is important to keep innovating in order to remain competitive. One of the biggest
obstacles to improving the top speed of foiling sailing vessels is cavitation. It is therefore important to evaluate
the current methods of cavitation analysis and to incorporate the current state of the art knowledge and methods
to the analysis of cavitating flows around hydrofoils. By enabling the prediction of cavitation, this will grant
an advantage in hydrofoil design, ultimately leading to a methodology for optimizing hydrofoil geometry under
cavitating conditions.

The operating conditions of fast foiling sailing vessels with a velocity up to about 50 knts or about 26 m/s,
with angles of attack up to about 8 degrees. Thus, these conditions should therefore be considered and studied.
Moreover, as a company operating in the industry, VPLP must take into account the computational power and
calculation time at their disposal. These restrictions should therefore also be taken into account in the choices
of the models used. For these reasons, implementing the Schnerr-Sauer cavitation model in a URANS CFD
simulation will be the starting point of this study.

1.2. Research Objectives
The main objective of this MSc Thesis Project is stated as follows:

Assessment of using CFD to improve analysis and performance prediction of cavitating hydrofoil sec-
tions within an industrial setting, compared to current design practice.

The cavitation analyses conducted and developed in this project are intended for industrial purposes, meaning
the calculation time and processing power are limited. For the purpose of this project, the simulation time will
be restricted to about 8 hours for a single run, and the total time for a series of simulations (e.g. polar plots) is
limited to about 50 hours. These simulations will be conducted on a machine with about 20 CPU cores using
a URANS solver from the commercial software Star-CCM+ and the Schnerr-Sauer cavitation model. Once the
models have been implemented and the setup is validated and ready to be used, the following sub-questions will
be addressed:

• How do the results obtained from cavitation analysis on a hydrofoil section using a cavitation model
compare with results obtained from analysis conducted without a cavitation model?

• How can the transition from stable to unstable cavitation on a hydrofoil section be predicted?
• How do the lift and drag coefficient and performance polars of a cavitating hydrofoil section depend on

the cavitation number?
• What are the limitations of the final setup?
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1.3. Report Outline
This project consists of a section on the theory, the methodology, the results and a conclusion.

The theory chapter discusses the physics of cavitation and the equations that describe the bubble behavior.
It also reviews CFD frameworks and the numerical models that are relevant for this project. Additionally, it
discusses the analytical relation between the cavity length, cavitation number and angle of attack for a flat plate
hydrofoil.

In the methodology, a suitable CFD framework and cavitation model will be chosen considering the frame-
works presented in the Theory section and the restrictions stated in the research objectives. Next, the steps to
perform a reliable and accurate CFD simulation are discussed. Furthermore, the geometry, operating conditions
and experimental reference for the cases with and without cavitation are presented. These cases will be used to
validate the model developed in this project. Moreover, a method comparison of cavitation analysis to evaluate
the improvement the analysis. Also, a stability and polar analysis are proposed in order to study the performance
of the cavitating hydrofoil sections.

The results chapter presents and discusses the results of the validation cases, analysis comparison, stability
and polar studies.

The conclusion chapter summarizes the main findings and answers the research questions. It also includes
some recommendations for further development.



2
Theory

In this chapter, the important physics of the cavitation phenomenon are discussed and the necessary equations
are derived. Furthermore, a general overview of the CFD frameworks and numerical models is given. More
emphasis and depth will go to the models relevant to the current study. The final section is dedicated to the linear
theory concerning the relationship between operating conditions and cavity length.

2.1. Physics
The phase of a fluid is dependent on both temperature and pressure. Increasing the temperature of a liquid up
to the boiling point will cause the liquid to vaporize. This phase change due to temperature is called boiling.
Similarly, decreasing the pressure in a liquid up to a critical pressure, called the saturation vapor pressure, will
cause the liquid to vaporize. This phenomenon is called cavitation. A phase diagram is shown in figure 2.1 where
the phase of a liquid is shown as a function of temperature and pressure.

Figure 2.1: Phase Diagram [10]

Thus, cavitation occurs when the local static pressure falls below the saturation vapor pressure of the fluid
which causes vapor bubbles to form in within the flow. Cavitation can come in different forms. It can come as
transient isolated bubbles, as attached sheet cavities, cavitation vortices or even supercavitation [10]. The rate of
cavitation is characterized using the cavitation number σ which is a dimensionless value defined as the difference
between the local static pressure p and the saturation vapor pressure pv divided by the dynamic pressure:

5
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σ =
p∞ − pv
1
2 ρlU2

∞
, (2.1)

with liquid density ρl and free stream velocity U∞.
In figure 2.2, the different cavitation regimes over a hydrofoil for increasing σ are illustrated [16]. In this

illustration, it can be seen that for the highest value of σ for which cavitation occurs, it comes in the form of
incipient bubbles which convect with the flow. As the value for σ decreases, by increasing the flow velocity or
decreasing the ambient pressure, the cavitation comes in the form of a steady partial sheet cavity going from the
leading edge of the foil to about half the chord length. As the cavitation number further decreases, cavitation
comes in the form of unsteady partial cavitation sheets shedding off from the hydrofoil. This is also referred to
as cloud cavitation. Decreasing σ further, the cavitation forms a large cavitation bubble encapsulating the whole
suction side of the hydrofoil. This is referred to as supercavitation.

Figure 2.2: Cavitation Regimes for increasing σ [16].

2.1.1. Cavitation Nuclei
In order for cavitation to occur, apart from the pressure requirement, cavitation bubbles need a surface to nucleate
on. This often comes in the form of impurities in the fluid. These small pre-existing bubbles in the fluid are called
cavitation nuclei or seeds. The equilibrium state of these seeds require the following condition [10]:

p∞ = pg + pv −
2 S
R

(2.2)

where pg is the partial pressure, S the surface tension and R the bubble radius. Two mechanism are considered
in the equation: (1) the internal pressure which increases the bubble radius, and (2) the surface tension, reducing
the bubble radius. From this, we find the minimum bubble radius and pressure which are called the critical radius
Rc and critical pressure pc respectively:

Rc = R0

√
3pgR0

2S
(2.3)

pc = pv −
4S
3Rc

(2.4)

with the initial bubble radius R0.
When the minimum static pressure in the fluid falls below the vapor pressure, two scenarios have to be con-

sidered: pmin > pc and pmin < pc. When pmin > pc, the nucleus radius increases slightly and then returns to its
initial radius. When pmin < pc, the bubble becomes unstable and the bubble radius grows much larger than its
initial size.

It is useful to consider the development of a bubble going though a Venturi nozzle for this unstable case. In
figure 2.3 such a nozzle is illustrated with a seed going though it. The stages of development of the seed with
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its associated pressure, surface tension and radius are depicted. While the seed is going though the throat of
the nozzle, the pressure falls below the critical pressure pc at which point the seed continues to grow while the
pressure is already increasing. It grows until the local pressure has surpassed the vapor pressure, downstream
from the throat, after which the bubble collapses.

Figure 2.3: Unstable case (pmin < pc) of a nucleus evolution in a Venturi nozzle[10].

The number of seeds, or the seed density, initially present in the fluid has an important influence on the
response of the liquid to pressure variations and it is therefore important to measure this density in the fluid. The
nucleus density is characterized the critical density pc as show in figure 2.4. Figure 2.4 shows a measurement
(dynamic measurement method) of the nuclei population as a function of the critical pressure minus the vapor
pressure (pc − pv) with a fit though the measurement points.

Figure 2.4: Typical histogram of nuclei population as a function of critical pressure (dynamic method of measurement) [10].
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2.1.2. Rayleigh-Plesset Equation
One of the main equations in cavitation theory is the Rayleigh-Plesset equation which governs the dynamics of
a bubble in a fluid. To derive this equation, consider a spherical bubble with time dependent radius R(t) with a
homogeneously distributed vapor and uniform pressure pv. Moreover, an incompressible and either Newtonian
or inviscid liquid is assumed and gravity is neglected [10].

Due to the pressure at the interface, kinematic viscosity µ and the surface tension S the normal stress at the
bubble interface is found to be

τrr =−p(R)+2µ
∂u
∂ r

∣∣∣
r=R

+
2S
R
. (2.5)

On the other hand from inside the bubble, the vapor pressure pv and partial pressure pg of the gas balance
this out:

−τrr = pv + pg. (2.6)

Assuming an adiabatic transformation, the partial pressure is related to the initial pressure pg0 as follows:

pg(t) = pg0

[
R0

R(t)

]3γ

with heat capacity ratio γ .
Using previous expressions, the pressure at the cavity interface can be written as follows:

p(R) = pv + pg0

(
R0

R

)3γ
− 2S

R
+ 2µ

∂u
∂ r

∣∣∣∣
r=R

(2.7)

The conservation laws of the fluid at the bubble interface are now analysed. Consider the flow at the bubble
interface. From the continuity equation ∇u⃗ = 0 in spherical coordinates, the interface velocity gives

u(r, t) =
R2

r2 Ṙ, (2.8)

with Ṙ = dR
dt . Now considering momentum conservation in spherical coordinates:

ρL

(
∂u
∂ t

+u
∂u
∂ r

)
=−∂ p

∂ r
+µL

[
1
r2

∂
∂ r

(
r2 ∂u

∂ r

)
− 2u

r2

]
. (2.9)

The velocity in expression 2.8 is now substituted in the momentum equation (2.9), variables are separated
and ∂ p and ∂ r are integrated from r = R to r → ∞. The viscous terms are cancelled out during substitution and
we are left with:

p(R)− p∞

ρL
= R

dṘ
dt

+
3
2

Ṙ2 (2.10)

The expressions for the pressure (2.7), velocity (2.8) and momentum (2.10) can be combined to obtain the
general Rayleigh-Plesset Equation:

ρ
[

RR̈+
3
2

Ṙ2
]
= pv − p∞ + pg0

(
R0

R

)3γ
− 2S

R
−4µ

Ṙ
R

(2.11)
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2.1.3. Bubble Collapse
With the Rayleigh-Plesset equation, some useful features of the vapor bubble can be described. In this section, the
bubble collapse is analysed. For this, the viscosity, non-condensable gas and surface tension terms are neglected.
Using these assumptions and rewriting the left hand side of the Rayleigh-Plesset equation 2.11 one obtains:

ρ
2ṘR2

d
dt

[
Ṙ2R3]= pv − p∞ (2.12)

Integrating this expression yields:

ρṘ2R3 =
2
3
(pv − p∞)(R3 −R3

0). (2.13)

During collapse, the bubble radius velocity is negative. Thus the expression for velocity becomes:

dR
dt

=−

√
2
3

p∞ − pv

ρ

[
R3

0
R3 −1

]
(2.14)

Separating variables and integration yields the characteristic collapse time:

τ =

√
3
2

ρ
p∞ − pv

∫ R0

0

dR√
R3

0
R3 −1

(2.15)

Numerical integration of the expression radius velocity 2.14 allows the calculation of the radius R(t) as a
function of time. Figure 2.5 shows how the bubble radius tends to 0 during the characteristic collapse time while
the radius velocity | ˙R(t) | asymptotically increases.

Figure 2.5: Evolution of bubble radius R and bubble radius velocity Ṙ during bubble collapse [10].

The value of τ is in good agreement with experimental results for a large range of initial bubble radii from
about 1 µm to about 1m [10]. For illustration, a water vapor bubble with an initial radius of 1 cm collapses in
approximately 1 ms with an ambient pressure of 1 bar. Moreover, for a bubble radius of about R/R0 = 1/20 one
finds a radius velocity of about |Ṙ| ≈ 720 m/s.

The high velocity values strongly indicate the need to consider compressibility during the final stages of
collapse. Also note the fact that physical aspects such as the presence of non-condensable gas, the finite rate of
vapor condensation, viscosity and surface pressure are not taken into account and will only slightly modify the
bubble behaviour. Still, the Rayleigh-Plesset equations capture the main features of the bubble collapse process.
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A Note on Surface Tension
When surface tension is taken into account, the bubble radius velocity (previously equation 2.14) becomes:

dR
dt

=−

√
2
3

p∞ − pv

ρ

[
R3

0
R3 −1

]
+

2 S
ρR0

R3
0

R3

[
1− R2

R2
0

]
. (2.16)

The surface tension effects become non-negligible when the S term becomes relatively larger with respect
to the pressure difference, yielding an expression for the initial bubble radius with significant surface tension
effects:

2S
ρR0

>
2
3

p∞ − pv

ρ
⇒ R0 <

3S
p∞ − pv

(2.17)

To put this in context, with a value of S = 0.072 N/m for water, assuming a pressure difference (p∞ − pv) =
1 bar, surface tension effect will become significant for bubbles with an initial bubble radius of R0 = 2.2 µm.
Values in this order of magnitude are exceptional in hydraulics.

2.1.4. Pressure Field
Before the integration over ∂ r in expression 2.10 the momentum equation yields

p(r)− p∞

ρ
= R̈

R2

r
+2Ṙ2

[
R
r
− R4

4r4

]
. (2.18)

Having derived the bubble radius velocity from the Rayleigh model (expression 2.14), the bubble radius
acceleration can also be calculated obtaining:

R̈ =− p∞ − pv

ρ
R3

0
R4 . (2.19)

Substituting the bubble velocity 2.14 and acceleration 2.19 in expression 2.18 we can obtain the non-dimensional
pressure field Π = p(r)−p∞

p∞−pv
:

Π(r) =
R
3r

[
R3

0
R3 −4

]
− R4

3r4

[
R3

0
R3 −1

]
(2.20)

Figure 2.6: Evolution of the pressure field Π during bubble collapse [10].

In figure 2.6, the evolution of the pressure field is shown for several values of bubble radii. It can be seen
that the pressure curve obtains an increasing peak as the bubble radius decreases. The pressure finds a maximum
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in the fluid when the bubble radius becomes smaller than R0/
3√4 ≈ 0.63 R0. The maximum pressure Πmax then

becomes:

Πmax =
pmax − p∞

p∞ − pv
=

[
R3

0
4R3 −1

]4/3

[
R3

0
R3 −1

]1/3 , (2.21)

with the maximum pressure found at position:

rmax

R
=

 R3
0

R3 −1
R3

0
4R3 −1

1/3

(2.22)

During the bubble collapse, high pressures are found close to the bubble interface. For illustration, for a
bubble radius R/R0 = 1/20 with (p∞ − pv) = 1 bar a maximum pressure of pmax = 1260 bar is attained.
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2.2. Numerical Modeling
In this section, numerical models relevant for current project are discussed. First the main CFD frameworks
are discussed. Next, the available turbulence models for URANS simulations are reviewed. Furthermore, the
Volume of Fluid (VOF) method and its implementation for a multiphase CFD simulation is elaborated. Next,
cavitation modelling is discussed and the main cavitation models are reviewed.

All models reviewed in this section are available in the commercial CFD software Simcentre Star-CCM+.

2.2.1. CFD Frameworks
CFD is a broad term containing of different types of simulation methods. Commonly used approaches for aero
and hydrodynamics problems are (Unsteady) Reynolds Averages Navier Stokes (U)RANS simulations which
require eddy viscosity turbulence models, Large Eddy Simulations (LES) which require subgrid-scale turbulence
models, and Detached Eddy Simulations (DES) which is a hybrid simulation framework combining (U)RANS
and LES characteristics. In the rest of this section, some of the main general qualities of these CFD simulation
methods are discussed.

(U)RANS
In RANS simulations, the Navier-Stokes equations are time averaged and thus the quantities are treated statisti-
cally with a mean and fluctuating component. As a result, an additional term, the Reynolds stress tensor, appears
in the momentum transport equation. Consequently, this term needs to be solved for which several models have
been developed. In Unsteady RANS (URANS), the temporary derivative of the velocity components is included
and thus obtains transient solutions. The closure models used to solve the Reynolds stress term are discussed
in section 2.2.2. Computationally, (unsteady) RANS simulations are generally less expensive compared with
LES. This is one of the reasons it is widely used in the industry for practical applications. For cases of unsteady
cloud cavitation, one would need to use URANS in order to capture the dynamics of the phenomenon. Also,
in Star-CCM+, the VOF method cannot be used with steady RANS. Thus for the purpose of the current study,
URANS is chosen both for steady cavitation cases as unsteady ones.

LES
In LES simulations, a spacial filter is applied which captures and solves all larges energetic scales and removes
the small scales. The small scales should then be modelled with subgrid scale turbulence models. In this ap-
proach more of the actual turbulence is explicitly solved and less modelled and thus the error in the turbulence
modelling should be less consequential and is often considered to be more accurate. On the other hand, for a
LES simulation with a sufficiently refined filter, LES requires a much more refined grid and more iterations than
RANS simulations and is therefore more computationally expensive than RANS. Furthermore, in LES the wall
region is modelled which makes the model not very effective for shear driven flows with walls.

Hybrid model: DES
The Detached Eddy Simulation (DES) is a hybrid modelling approach that combines features of RANS modelling
near the wall regions and LES modelling in detached flow regions. In this way, best of both worlds can be applied
in cases where a RANS approach in the boundary layers is desired, and LES in the unsteady separated regions.
As a result, DES keeps the advantages while avoiding the expensive mesh requirements of LES [34].

In STAR-CCM+, two DES variants are implemented: the Delayed Detached Eddy Simulation (DDES) and
the Improved Delayed Detached Eddy Simulation (IDDES) [35].

The DDES variant has a delay factor implemented that help the model to distinguish between regions that
need to be modelled RANS like and regions that need to be modelled LES like on mesh regions where there
might be uncertainty about the choice of the application of either one of the models.

The IDDES variant incorporates a dependence on wall distance which allows RANS to be used in regions
where the wall distance is much smaller than the boundary-layer thickness.

DES is a promising solution for certain simulations, however the meshing process should be approached with
caution. [35]
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2.2.2. (U)RANS Turbulence Models
In this section, the Eddy-Viscosity turbulence models are given which are available in STAR-CCM+. In the
following sections, the fundamentals of the turbulence models is given and a few of the most common closure
models are elaborated.

The Unsteady Reynolds Averaged Navier-Stokes (RANS) equations are derived by applying the Reynolds
decomposition [13]

ui = ui +u′i
on the quantities in the Navier-Stokes equations and Reynolds averaging the set of equations. Where ui is the

ensemble average and u′i the fluctuations of ui .
Applying this for the incompressible Navier-Stokes equations and Reynolds averaging yields the RANS

equations:

∂ui

∂ t
+u j

∂ui

∂x j
= gi −

1
ρ

∂ p
∂xi

+ν
∂ 2ui

∂x j∂x j
−

∂u′iu
′
j

∂x j
(2.23)

τi j =−u′iu
′
j

The problem with this formulations is that this expression always will have more unknowns than equations,
i.e. no solutions exist. This also known as the Closure Problem. The RANS turbulence models solve this problem
by approximating the Reynolds Stress Tensor.

Eddy viscosity models consider that turbulence leads to an exchange of momentum between fluid elements.
It assumes the Reynolds Stress is proportional to the mean strain rate Si j:

τi j ∼= 2νT Si j −
2
3

δi jk (2.24)

with the Kronecker delta function δi j and turbulence kinetic energy k. Substituting the eddy viscosity formu-
lation into the RANS equations gives:

∂ui

∂ t
+u j

∂ui

∂x j
=− ∂

∂xi

(
p
ρ
+

2
3

k
)
+

∂
∂x j

(2(v+νT )Si j) (2.25)

The modelling problem is now reduced to one unknown scalar field, namely the eddy viscosity νT .

The Jones and Launder (k− ε) model
The Jones and Launder, or k− ε model, is a two equation closure model that describes a transport equation for
the turbulence kinetic energy k and for the turbulence dissipation rate ε . The transport equation for k goes as
follows [15]:

ρ
(

∂k
∂ t

+u j
∂k
∂x j

)
=

∂
∂x j

[(
µ +

νT

σk

)
∂k
∂y

]
+νT

(
∂ui

∂x j

)2

−ρε −2µ
(

∂k0.5x
∂x j

)2

(2.26)

Transport equation for ε following the same structure as the transport equation for k:

ρ
(

∂ε
∂ t

+u j
∂ε
∂x j

)
=

∂
∂x j

[(
µ +

νT

σε

)
∂ε
∂y

]
+ c1 f1

ε
k

νT

(
∂ui

∂x j

)2

− c2 f2
ρε2

k
+2µνT

(
∂ 2ui

∂x2
j

)
(2.27)

with νT = cµ fµ ρ k2

ε , and constants

cµ = 0.09, c1 = 1.55, c2 = 2.0,

fµ = e
−2.5

1+ρk2/50µε , f1 = 1, f2 = 1−0.3e−ρk2/µε

σk = 1.0, σε = 1.3

The k− ε model is not very well suited for near wall flows since it is very sensitive for boundary conditions.
It is best not to use it for flows with strong pressure gradients or separation.
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The Witlox (k−ω) model
The Wiltlox, or k−ω , model is also e two equation model that describes the transport equation for the turbulence
kinetic energy k and the specific turbulence dissipation rate ω = 1

CD
ε
k .

The transport equation for k reads [25] [13]:

ρ
(

∂k
∂ t

+u j
∂k
∂x j

)
= τi j

∂ui

∂x j
−β ∗ρωk+

∂
∂x j

[
(µ +σk1νT )

∂k
∂x j

]
(2.28)

and the transport equation for ω reads:

ρ
(

∂ω
∂ t

+u j
∂ω
∂x j

)
=

γ1

νT
τi j

∂ui

∂x j
−β1ρω2 +

∂
∂x j

[
(µ +σω1νT )

∂ω
∂x j

]
(2.29)

With
vT =

k
ω

, τi j = 2vT Si j −
2
3

δi jk

and constants

σk = 0.5, σω = 0.5, β = 0.0750

β ∗ = 0.09, κ = 0.41, γ = β1/β ∗−σω κ2/
√

β ∗

This model is less sensitive to boundary conditions and thus better suited for flow predictions in the boundary
layer or flow with pressure gradients and separation.

SST model
The SST turbulence model is a combination of the k−ε model in the exterior flow, with the k−ω in the boundary
layer in order to benefit from the best of both models.

The high-Reynolds-number version of the k−ε model is formulated such that it matches the k−ω form [25]:

ρ
(

∂k
∂ t

+u j
∂k
∂x j

)
= τi j

∂ui

∂x j
−β ∗ρωk+

∂
∂x j

[(
µ +σ ′

kνT
) ∂k

∂x j

]
(2.30)

ρ
(

∂ω
∂ t

+u j
∂ω
∂x j

)
=

γ ′

νt
τi j

∂ui

∂x j
−β ′ρω2 +

∂
∂x j

[(
µ +σ ′

ω νT
) ∂ω

∂x j

]
+2ρσ ′

ω
1
ω

∂k
∂x j

∂ω
∂x j

(2.31)

With the constants:
σ ′

k = 1.0, σ ′
ω = 0.856, β ′ = 0.0828

β ∗ = 0.09, κ = 0.41, γ ′ = β ′/β ∗−σ ′
ω κ2/

√
β ∗

(2.32)

The k−ω model is then multiplied by a function F1 and the k−ε model by (1−F1). Both models are added
together giving [25]:

ρ
(

∂k
∂ t

+u j
∂k
∂x j

)
= τi j

∂ui

∂x j
−β ∗ρωk+

∂
∂x j

[
(µ +σkνT )

∂k
∂x j

]
(2.33)

ρ
(

∂ω
∂ t

+u j
∂ω
∂x j

)
=

γ
νt

τi j
∂ui

∂x j
−βρω2 +

∂
∂x j

[
(µ +σω νT )

∂ω
∂x j

]
+2(1−F1)ρσω2

1
ω

∂k
∂x j

∂ω
∂x j

(2.34)

For any constant ϕ in the SST model, the corresponding constant from the k−ω model ϕ1 (see 2.2.2) and
corresponding constant from the (rewritten) k − ε model ϕ2 (see 2.32), the resulting constant is composed as
follows:

ϕ = Fϕk−ω +(1−F)ϕk−ε

The function F is designed to equal 1 in the sublayer and logarithmic region of the boundary layer and 0 in
the wake region. It is defined as follows:

F = tanh

[
max

(
2

√
k

0.09ωy
;

500ν
y2ω

)]2

(2.35)
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with y being the distance to the next surface.
The value of σk from the k−ω model is changed to σk = 0.85, and the eddy viscosity is defined as:

νT =
ak

max(aω ; ΩF)
(2.36)

with a = 0.31.
This model has been documented to show good behaviour in adverse pressure gradients and separating flows.

Although the model is designed to benefit from the best properties of the k−ω and k− ε models, it does not
always give more accurate results than the separate models.

The Spallart-Allmaras model
The Spallart-Allmaras model is a one equation model based on a postulated transport equation for the eddy
viscosity [13]:

∂ ṽ
∂ t

+u ·∇ṽ =

Cb1 (1− ft2) S̃ṽ+ ft1∆u2 +
1
σ

∇ · [(v+ ṽ)∇ṽ]+
Cb2

σ
|∇ṽ|2 −

[
Cw1 fw − Cb1

κ2 ft2

](
ṽ
d

)2

with

νt = ṽ fv1, fv1 =
χ3

χ3 +C3
v1
, fv2 = 1− χ

1+χ fv1
,

χ =
ṽ
v
, S̃ =

√
2Ωi jΩi j +

ṽ
κ2d2 fv2,

Ωi j =
1
2

(
∂u j

∂xi
− ∂ui

∂x j

)
, fw = g

[
1+C6

w3

g6 +C6
w3

]1/6

, g = r+Cw2

(
r6 − r

)
r =

ṽ
S̃κ2d2

, ft1 =Ct1gt exp
(
−Ct2

ωt

∆u2

[
d2 +g2

t d2
t
])

, ft2 =Ct2 exp
(
−Ct4χ2)

This model is robust and efficient since it only solves one equation. It is know to give good results for simple
attached flows as well as flow is separation. It less suited for the prediction of flow re-attachment and free shear
layers.

2.2.3. Multiphase VOF Model
For the simulation of cavitation in a fluid, a formulation is needed which represents both the liquid and vapor
phase. In this section, the multi-phase Volume of Fluid approach is elaborated.

In this formulation, the distribution of phases are defined with respect to the phase volume fraction αi of
phase i which describes the presence of the different phases in a grid cell. In this case, a system of a liquid
phase l and vapor phase v needs to be described. Hence, the liquid and vapor volume fractions are described
respectively as [36]:

αl =
Vl

V
and αv =

Vv

V
, (2.37)

where the sum of the volume fractions of all phases must equal 1. For cells only containing the liquid phase,
the liquid volume fraction becomes αl = 1 and the vapor volume fraction αv = 0. And vice versa for cells
containing only the vapor phase. Cells with values of αi between 0 and 1 indicate a presence of both liquid and
vapor and an interface in the cell. The method requires at least three cells across each droplet or bubble, meaning
that no bubbles or droplets can be captured within a single cell for cells with 0 < αv < 1. In such a case, the mesh
should be further refined so that the droplet is again encapsulated by at least three cells.

The mixture density ρm and dynamic viscosity µm are then defined as a function of the liquid and vapor
densities:

ρm = αlρl +αvρv, (2.38)



16 Chapter 2. Theory

µm = αl µl +αvµv. (2.39)

With this formulation, the continuity and momentum equation can be expressed as:

∂ρm

∂ t
+

∂
(
ρmuj

)
∂xj

= 0 (2.40)

∂ (ρmui)

∂ t
+

∂
(
ρmuiuj

)
∂xj

=− ∂p
∂xi

+
∂

∂xj

[
µm

(
∂ui

∂xj
+

∂uj

∂xi
− 2

3
∂uk

∂xk
δij

)]
. (2.41)

With the decomposition of the liquid and vapor phases, the continuity equation can also be decomposed for
phase i:

∂ (ρiαi)

∂ t
+

∂ (ρiαiu j)

∂xj
= ṁi (2.42)

with the source term (or mass transfer rate) ṁi. For some models this term is divided up in a source and
sink (or evaporation and condensation) term ṁi = ṁ+

i − ṁ−
i . Replace the subscript l with v for the continuity

decomposition 2.42 for the vapor phase. To simulate cavitation in this framework, source and sink terms in this
VOF method are defined by a cavitation model.

2.2.4. Cavitation Modelling
To describe cavitation with the VOF multiphase method, a seed-based mass transfer model is used [37].

In order for cavitation to occur (as discussed in section 2.1.1), cavitation nuclei need to be initially present
in the fluid. The cavitation starts to expand outward from these seeds. In this present model, the following
assumptions are made: (1) The seeds are uniformly distributed in the liquid, characterized by the number of
seeds per unit of volume of liquid n0. (2) All seeds initially have the same radius.

The number of seeds in a control volume V can now be expressed as a function of the seed density and liquid
volume fraction Ns = n0αlV . With the volume of a bubble being Vb =

4
3 πR3, the total vapor volume in the control

volume becomes:

Vv = NsVb = n0αlV
4
3

πR3 (2.43)

Assuming the volume fraction is known, the bubble radius can now be calculated:

R =

(
3αv

4πn0αl

)1/3

(2.44)

The rate of change of a bubble volume is can now be expressed as:

dVb

dt
= 4πR2 dR

dt
= 4πR2Ṙ

Multiplying with the number of seeds in the control volume Ns and the vapor density density ρv gives the
mass transfer rate per unit volume from the left hand side of continuity equation 2.42:

ṁ = n0αlρv4πR2Ṙ (2.45)

The only unknown left in the mass transfer rate 2.45 is the bubble radius velocity Ṙ.

At this point, the various Cavitation models provide different approaches. In the following section, the various
models will be discussed.
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Rayleigh-Plesset
The Rayleigh-Plesset (R-P) cavitation model calculates the bubble radius velocity Ṙ by solving the Rayleigh-
Plesset equation as derived in 2.1.2, neglecting the non-condensable gas term [37]:

ρ
[

RR̈+
3
2

Ṙ2
]
= pv − p∞ − 2S

R
−4µ

Ṙ
R

(2.46)

This equation can be rearranged and solved iteratively using an implicit Euler Scheme.
This is the most accurate model option since it takes into account the bubble radius acceleration, surface

tension and viscosity terms. On the other hand, this also makes it the most computationally expensive cavitation
model to use.

Schnerr-Sauer
The Schnerr-Sauer (S-S) model is a simplification of the Rayleigh-Plesset equation where the bubble radius
acceleration, surface tension, non-condensable gas and viscosity terms are neglected yielding [37]:

Ṙ =

√
2
3

(
pv − p

ρl

)
(2.47)

Due to the simplification, the Schnerr-Sauer model is less computationally expensive compared with the
full Rayleigh-Plesset model 2.2.4. However, it might not capture all the necessary physics depending on the
application and the accuracy requirements. For the analysis of steady and unsteady cavitation around hydrofoils,
numerous papers show results of the Schnerr-Sauer model to be coherent with experimental results [22] [27].
This makes it a good candidate for application in this study and will therefore be implemented in this work.
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2.3. Linear Theory of Cavitation
Thin airfoil theory is a linear theory based on potential flow around a two dimensional airfoil with small thickness
with respect to the chord length. Using this theory expressions for lift and drag as a function of the angle of
attack can be derived. Potential flow assumes an inviscid, incompressible and irrotational fluid meaning that its
an idealised model. Nevertheless, it serves as a valuable tool to gain insight on basic properties of the airfoil.

Tulin used thin airfoil theory to derive an expression for the maximum cavity length lmax/c as a function of
the parameter σ

2α with angle of attack α (in radians) for cavities larger than the chord length [39]:

α
(

2
σ
+1
)
= (l −1)

1
2 (2.48)

Acosta extended this and derived an expression which describes the maximum cavity length as a function of
σ

2α for partial cavitation (smaller that the chord length) [1]:

σ
2α

=
1(

c
lmax

−1
)1/2

[
2

c
lmax

−1+2
(

c
lmax

)1/2( c
lmax

−1
)1/2

]
(2.49)

Both expressions are visualised in figure 2.7.

Figure 2.7: Relation of σ
2α with respect to the maximum cavity length expressed by Acosta [1] for partial cavitation and Tulin [39] for

super cavitation.



3
Methodology

In this chapter, the methodology towards answering the research questions is elaborated. First, two test cases
are presented which are used to validate the simulation results and the numerical models used in this work. A
test case for non-cavitating as well as a case for cavitating conditions are presented, for which the geometry,
operating conditions and experimental reference is discussed. Next, the procedures in order to make a robust and
accurate CFD simulation are discussed. Moreover, a method comparison of cavitation analysis with and without
cavitation model is proposed, as well as an analysis of the stability of steady to unsteady cavitation and a polar
and efficiency analysis.

3.1. Test Cases
On order to validate the simulation results and numerical models used in this work, test cases are simulated for
which experimental data is available. In order to gradually work towards the final set-up, a non-cavitating case
is considered first. When this non-cavitating case is validated, the cavitating case can be implemented using the
non-cavitating case as a starting point. In this section, the geometries, operating conditions and experimental
reference data of the two test cases are discussed.

3.1.1. Non-Cavitating
The experimental reference data is from a NASA Report by Ladson [19]. This data is used to validate the non
cavitating CFD simulation results.

For the non-cavitating test case, a NACA-0012 section geometry is chosen (see figure 3.1). The section is
symmetric and has a relative maximum thickness of 12% of the chord at 30% of the chord length. The coordinates
data of the geometry are from the UIUC Airfoil Coordinates Database [31]. A chord length of 1 m is chosen.

-0.075

-0.050

-0.025

0.000

0.025

0.050

0.075

0.00 0.25 0.50 0.75

Figure 3.1: NACA-0012 Geometry

For the non-cavitating test case, the Reynolds number is set to Re = 5.93 × 106, the Mach number to
M = 0.3 in air with a density of ρ = 1.225kgm−3. The following series of angles of attack is measured
α = [−2.02, 4.03, 6.08, 8.13, 10.12, 12.12, 14.27, 16.25].

19
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3.1.2. Cavitating
The experimental reference data for the cavitating test case is from Leroux et. al. [20]. This test case will be
used to validate the cavitating set-up and the numerical models used in the simulations. Numerous academics
have used the experimental data from Leroux for validation purposes. Seo et. al. is one of them and performed
numerical validation on the same test case [32]. His results are also used for comparison in the results.
The geometry used for this case is a NACA-66(mod) section geometry (see figure 3.2). The NACA-66 geometry
has a relative maximum thickness of 12% of the chord at 45% of the chord length and with a relative maximum
camber of 2% at 50% from the chord length. The coordinates of this modified NACA-66 geometry are provided
in the paper from Leroux et. al. [20]. The chord length is c = 0.15. The saturation vapor pressure
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Figure 3.2: Modified NACA-66 Geometry

Steady Sheet Cavitation
The operating conditions used in this test case are as follows. The freestream velocity is set at U∞ = 5.33m/s
corresponding to a Reynolds number of Re = 0.8× 106 in water with a density of 997.98kg/m3 at an angle of
attack of α = 6.5◦. The cavitation number is varied for values of σ = [1.29, 1.35, 1.4] and one for non-cavitating
flow, i.e. σ > 2.

Unsteady Cloud Cavitation
When the steady sheet cavitation cases have been carried out, operating conditions for unsteady cloud cavitation
are implemented and conducted. For the first unsteady cloud cavitation case, an angle of attack of α = 6.5◦,
a cavitation number of σ = 1.05 and a freestream velocity of U∞ = 5.33 m/s is used. For the second cloud
cavitation case, the angle of attack is set to α = 8◦, the cavitation number to σ = 1.27 and the freestream velocity
stays at U∞ = 5.33 m/s. For the third cloud cavitation case, the angle of attack is set to α = 8◦, σ = 1.31 and
a freestream velocity of U∞ = 12.86m/s (or 25 knts). For this last case, no experimental data is available and
hence this case cannot be used for the actual validation. The purpose of this case is to see how the model handles
more extreme cloud cavitation scenarios.
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3.2. CFD Simulation Setup
For this project, an finite volume Unsteady RANS solver from the commercial software Star-CCM+ is used. In
order to create a robust simulation which obtains accurate results, several steps need to be taken into account. In
this section, an in depth overview of the necessary steps are discussed.

3.2.1. Meshing Strategy
The first step in making a finite volume CFD simulation is making an appropriate computational mesh on which
the solutions of the URANS equations are calculated.

The first consideration is the dimensionality of the computational mesh, which can be two or three dimen-
sional. At first glance, a two dimensional domain would be a natural choice since for this study two dimensional
hydrofoil sections are considered. Also the amount of cells is many times smaller for a two dimensional domain
than for a three-dimensional domain, reducing the computational time considerably. However, since cavitating
flow is turbulent and therefore inherently shows three dimensional flow dynamics, this choice should be reconsid-
ered carefully. For steady cavitation bubbles, the bubble length is more or less constant and the three dimensional
flow effects should therefore be limited. For unsteady cloud cavitation however, cavitation bubbles are shedded
periodically which is likely to show strongly three dimensional flow effects. Kashyap et. al. compared two and
three dimensional flow responses around a hydrofoil section and observed that the key stages in the two dimen-
sional cavity flows where consistent with the corresponding vorticity cycles for the three dimensional case [16].
Therefore, a two dimensional computational domain is concluded to be sufficiently accurate to capture the flow
features considered in this study.
Furthermore, as the topology of a C-type grid and an automated unstructured polyhedral mesh generation is
chosen. The automated mesh allows for easy mesh regeneration when performing a series of simulations with in-
crementing angle of attack of the hydrofoil geometry. Around the hydrofoil geometry prism layers are generated
in order to capture and resolve the flow near the hydrofoil surface.

Boundary Layer Treatment
In order to In Star-CCM+, the controls of the prism layer is prescribed by number of prism layers Np, the total
prism layer thickness ∆tot and the prism layer growth rate Sp. In order to capture the boundary layer sufficiently
well, the values of these parameters must be set up with care. Since the viscous sub-layer needs to be captured,
it is important that the value of the non-dimensional wall distance y+ is below 1. For this, the definition of y+ is
used to find an appropriate value of the first layer thickness of the prism layer. The non-dimensional wall distance
is defined as follows:

y+ =
yuτ ρ

µ
(3.1)

with the friction velocity uτ =
√

τw
ρ and with the wall shear stress τw = 1

2C f ρU2
∞. The skin friction coeffi-

cient is estimated with Prandtl’s one-seventh power law and provides a reasonable approximation for turbulent
boundary layers: C f = 0.027Re−1/7. With these definitions, one can find an expression for the wall distance
estimate a value for the first prism layer thickness:

y =
y+ µ

ρ

√
2

0.027Re−1/7 U2
∞
. (3.2)

With the desired value for y+ and the known values for the density ρ , viscosity µ and freestream velocity U∞,
one obtains the wall distance which is used as the first layer thickness ∆1.
The total thickness of prism layer can now be expressed using the first layer, growth rate and the total number of
layers using the geometric series, as follows:

∆1
1−SN p

p

1−Sp
= ∆tot . (3.3)

The growth rate is recommended to keep below 1.2 in order to limit numerical diffusion and the number of
prism layers Np is chosen.

When the simulation is run, the y+ value should be checked along the hydrofoil surface making sure it stays
below 1. Furthermore, it should be verified that the velocity gradients from the boundary layer are within the
prism layer along the hydrofoil geometry. If the velocity gradient falls outside of the prism layer, more layers
should be added in order to thicken the total prism layer ensuring the gradients fall within the prism layer.



22 Chapter 3. Methodology

Non-cavitating Test Case
The dimensions of the computational domain are parameterized by the chord length c of the hydrofoil. The
C-shaped domain forms a half circle upstream attached to a rectangle downstream from the hydrofoil geometry.
The leading edge of the hydrofoil geometry is at the center of a half circle with radius 10 c upstream from the
body with. The rectangular part of the domain has height 10 c in positive and negative y direction with respect to
the foil geometry and 15 c downstream in positive x direction measured form the leading edge of the hydrofoil
(see figure 3.5).

Figure 3.3: Full mesh

The cell sizes are parameterized with respect to the chord length c. The target size in the volume is set to 0.5c,
gradually decreasing the cell size towards the foil surface. Mesh control volumes are added to the leading and
trailing edge in order to make additional refinements with cell sizes of about 10−4c in these regions, assigning
an appropriate growth rate to ensure that the size of the cells in these regions gradually changes to the cells in the
volume. An additional mesh control volume is made as mesh refinement in the wake of the foil by adding a thin
line with cells of about 10−2c in x direction from the trailing edge of the foil up to about 8c downstream of the
foil. Again, an appropriate growth rate is assigned to the cells in the wake in order to make the cells gradually
fade in with the cells in the volume and on the other hand, not refining more cells than necessary outside the
wake.

Cavitating Test Case
For the cavitating case, the meshing strategy is slightly modified. The dimensions of the computational domain
have been increased by a factor 10. The parametrization is performed as described in the section for the non-
cavitating case. However, the base mesh density MS = 1 has been slightly increased. The thickness of the prism
layer has been increased with respect to the non-cavitating validation study in order to contain the cavitation
bubble for stable sheet cavitation cases. In figure 3.6 a detail of the vapor volume fraction at the leading edge
of the foil is shown for a converged steady cavitation case. The cell boundaries are highlighted in white to show
that the converged cavity bubble (in red, i.e. vapor volume fraction close to 1) for σ = 1.4 is contained within
the prism layer. Also, a slight refinement is added in the whole region above the suction side in order to account
for more en stronger gradients in pressure and velocity due to the cavitation bubble.
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(a) Leading edge

(b) Trailing edge

Figure 3.4: Mesh: Leading and trailing edge detail.
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Figure 3.5: Mesh around the NACA−66(mod) geometry section.

Figure 3.6: Detail of the volume fraction field a converged cavitation bubble at σ = 1.4 with highlighted mesh cell contours.

3.2.2. Mesh Convergence
Since the computational domain is discretized in finite volumes, it is inevitable that spatial discretization errors
occur, reducing the accuracy of the flow solution. Increasing the mesh density can help mitigating these errors,
increasing the resolution and accuracy of the flow solution. The number of cells in a simulation could theoret-
ically be increased indefinitely, however at one point, the increase in computational cost does not outweigh the
increase of accuracy in the flow solution. A mesh convergence study aims to analyse how the converged flow
solution depends on the mesh density. By doing so, it aims to find an appropriate mesh density considering the
accuracy of the flow solution and the computational cost. The mesh convergence study is performed by running
the same simulation while using different mesh densities.

Non-Cavitating Case
For A mesh scaling parameter MS is added to the parametric cell sizes in the volume, in the refined regions in
the leading edge, trailing edge and wake, as well as in the prism layer. A series of values for this mesh scaling
parameter is chosen, i.e. MS = [1.4,1.2,1,0.8,0.6,0.4], resulting in meshes with respectively, 29003, 33319,
39453, 48750, 63029 and 94433 mesh elements. Hence, this parameter quantifies the respective mesh densities
from coarse to fine. In figure 3.7, the meshes around the foil geometry with highest and lowest mesh density
around are shown.
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(a) MS = 0.4

(b) MS = 1.4

Figure 3.7: Mesh around the hydrofoil geometry with highers and lowest mesh density.

The simulations are now ready to be run. When the simulations are completed, the simulation time, lift and
drag coefficients are compared and plotted to analyse how the solutions converge with respect to the number of
mesh elements, i.e. mesh densities.

Cavitating Case

For the mesh convergence study for the cavitating case, the following series of scaling factors is chosen MS =
[1.2,1,0.8,0.6,0.4]. In figures 3.8a and 3.8b the mesh around the foil surface is shown for the mesh scaling of
1.2 and 0.4 respectively.
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(a) For MS = 1.2

(b) For MS = 0.4

Figure 3.8: Mesh around the foil surface

3.2.3. Time-Step
For Unsteady RANS simulations, i.e. the cavitating test case simulations, the influence of the solver time-step
size should also be investigated. For this, a base time-step of dt = t0/200 is chosen [16] with the characteristic
time-step t0 defined as t0 = c/U∞. This base time-step is then divided by a factor 2 and 4. A test case simulation
is then run with the chosen time-steps dt = [t0/200, t0/400, t0/800], from which the pressure lift and drag coeffi-
cients results are compared with experimental reference data from this test case in order to asses the influence of
the time-step on the simulation solution. From this study, the times-step size for the final set-up is chosen.

3.2.4. Turbulence Model
In the current study, a (U)RANS CFD framework is used which requires turbulence models in order to solve
the solver equations. One of the four models using the Boussineq hypothesis, the SA, k− ε , k−ω or the SST
turbulence model, is to be chosen for the final set-up. However, these models are all possible candidates and thus
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should a comparison study be conducted. Since the SST model combines the k−ε properties in exterior flow and
k−ω near the wall, the k− ε model will not be included in the comparison as cavitating flow is mainly exterior
flow. Thus, the cavitating reference case simulation is run for the SST , k−ω and SA turbulence model and the
results are compared with the experimental data. From this study, the turbulence model for the final set-up is
chosen.

3.2.5. Turbulent Viscosity
In the k−ω and k−ε turbulence models, the effective viscosity in the transport equations is defined as µ = µl +µt
with the liquid viscosity µl and turbulent viscosity defined as

µt = ρ Cµ k2/ε

for the k− ε model and
µt = ρ Cµ k/ω

for the k −ω turbulence model. These (U)RANS turbulence models are developed for fully in-compressible
single-phase flows and are not intended to be used for flow problems involving compressible multi-phase mix-
tures like cavitation. To account for this problem, Coutier-Delgosha [9] proposed a modification to the turbulent
viscosity where the density ρ is replaced by a function of the mixture density

µt = f (ρm)Cµ k2/ε

with the new density function defined as

f (ρm) = ρv +

(
ρv −ρm

ρv −ρl

)n

(ρl −ρv) .

Figure 3.9 shows how the modified turbulent viscosity with n = 3 (as used by Tran et. al. [38] and by Zhou et.
al. [46]) for cavitation is reduced as a function of the mixture density with respect to the non modified mixture
density varying form the density of water vapor ρ = 0.023kg/m3 to the density of water ρ = 997.561kg/m3.

Figure 3.9: Turbulent viscosity as a function of the mixture density for the n = 1 (non-modified) and n = 3 (modified).

This modification is implemented and tested for n = 3, n = 2 and n = 2.3 and the results are compared with
the experimental data.

3.2.6. Cavity Length Measurement
For the measurement of the cavitation bubble length within the CFD simulation, the vapor volume fraction field
is used. The vapor volume fraction has a value between 0 and 1 for each cell in the mesh. When the cell contains
only water the values is 0 when the cell contains only water vapor the value is 1. For values between 0 and
1 the cell contains an interface between the water and vapor phase. For the measurement of the cavity length,
the difference between the minimum and maximum x-position values is taken, in the hydrofoil section reference
frame, where the volume fraction is 0.5. The choice in this definition of the cavity length works well for stable
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cavitation bubble. However, for unsteady cavitation cases where the cavitation bubble detaches and sheds into
the flow, the value of the maximum x-position of the cavitation follows the shedded part of the cavitation. Hence,
this definition does not exclusively define the length of the “main” unbroken and attached cavitation bubble for
all cases. This should be taken into consideration, especially for unsteady cloud cavitation cases.

3.3. Cavitation Analysis With vs. Without Cavitation Model
Once the CFD set-up is validated and ready to be used, a study is done where CFD results acquired with cavitation
model are compared to results acquired without cavitation model. This study is performed in order to asses the
analysis of cavitation in CFD without cavitation model where only the pressure distribution is analysed of a flow
undisturbed by cavitation.

For this study, the same geometry and conditions are used as the cavitating test case. The geometry is the
modified NACA−66 section (see ??) with c = 0.15 at α = 6.5◦ in a freestream velocity of U∞ = 5.33 m/s and
Re = 8× 105. This time, the simulation will only be run for cavitation number σ = 1.4. This simulation will
be run two times, once with the validated cavitation set-up enabled. and once without the numerical cavitation
model.

A similar comparison is performed for section geometry referred to as BPXI. This time the operating condi-
tions are α = 4◦, U∞ = 18.52 m/s (or 36 knts) and σ = 0.63. For this hydrofoil section and these conditions, the
flow around the foil has presumably been known to cause cloud cavitation.

A comparison of the pressure distribution and the pressure field will give an indication if the more "prim-
itive" cavitation analysis without cavitation model is missing important information and if so, what important
information could be missing.

3.4. Stability Analysis
The influence of the cavitation bubble length on the cavitation stability has been studied experimentally and has
been documented by Leroux [20]. The cavitation is observed to be stable for a cavity length up to about l/c = 0.5.
For l/c > 0.5, cavity starts to oscillate in length and produces cloud cavitation. Reducing the cavitation number
further increases the cavity up to a point where the cavity becomes stable again and covers the whole suction side
of the hydrofoil, i.e. l/c > 1. This regime (or cavitation type) is called super cavitation.

As discussed in section 2.3, Acosta [1] and Tulin [tulin_steady_1960] derived analytical expressions for the
relationship between the cavity length l/c and the parameter σ

2α for cavities on a flat plate and slender bodies.
Watanabe et. al. further analysed analytically the transitional and partial cavitation [41]. Kjeldsen et. al. [18]
carried out experiments using a NACA−0015 section geometry in a water tunnel to investigate the spectral char-
acteristics of cloud and sheet cavitation using the parameter σ

2α to characterize the different cavitation regimes.
Arndt et. al. numerically investigated the same test case used by Kjeldsen found a criterion for cavitation stabil-
ity given by σ

2α ≈ 4 [4]. When this criterion is surpassed, Arndt found that the sheet cavity becomes unstable.
This result was found to be coherent with results from Leroux’s study [20] on the NACA− 66(mod) using the
parameter σ/2(α −α0) with α0 the angle of attack for which the section geometry gives zero lift, i.e. CL = 0.
For the NACA−66(mod), this angle of attack has a value of α0 =−2.5 [21].

For the stability analysis in the current study, a series of 25 simulations is carried out for fixed flow velocity at
u∞ = 5.33 m/s with the following values of the cavitation number σ = [2,1.6,1.4,1.35,1.29] and the following
angles of attack α = [0,2,4,6,8] degrees.

A second series of 35 simulations is run at fixed absolute pressure where pabs = ρgd + patm choosing depth
d to be at 1 meter below the free surface. The value of the cavitation number is then varied by changing the free
stream velocity. The simulations are thus carried out for all combinations of values for the free stream velocity
u∞ = [15,20,25,30,35,40,45] knots and angles of attack of α = [0,2,4,6,8] degrees.

As a asymmetrical section is used in this study, the stability parameter ps =
σ

2(α−α0)
is used with α0 being

the angle of attack for zero lift. The result for the cavity bubble length of both series of simulations is plotted as
a function of stability parameter ps alongside the relation derived from linear theory. The error bars of the root
mean squared of the cavitation bubble length over time gives an indication of the (un)steadiness of the cavitation
and thus give an rough estimation of the cavitation type for each value of ps. Moreover, a spectral analysis of the
time series of the cavity bubble length during the simulation of each data point can be conducted as done in by
Arndt et. al. [4]. This spectral analysis can then give an indication in what cavitation regime is produced by the
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operating conditions in the simulation. In turn, an estimation of the transition from steady to unsteady cavitation
can be made.

3.5. Polars
For the study of the polar loads in cavitating conditions, a series of simulations is carried out on for the followings
angles of attack α = [0, 2, 4, 6, 8]. This series of simulations is then conducted for the following cavitation
numbers σ = [1.6, 1.4, 1.35, 1.2, 1]. The lift and drag coefficient, as well as the performance L/D are then
reported in polar plots for the different polars per σ to be compared. The polars are also compared to experimental
reference data from Leroux et. al. [20] and values obtained from potential flow solver xFoil.
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Results & Discussion

In this chapter, all results are presented and discussed. First the non-cavitating and cavitating test cases are
presented for the validation of the numerical models and the results are discussed. Furthermore, results from
simulations of unsteady cloud cavitation conditions are presented. As this has not finally become part of the
actual validation, this study has a separate section. With use of the validated models and CFD set up, the results
from the method comparison of the cavitation analysis with cavitation model versus without cavitation model is
presented and discussed. Then, the results from the stability analysis is presented and discussed and finally, the
polar and efficiency studies are presented and discussed.

4.1. Test Case: Non-Cavitating
In this section the results from the simulations of the non-cavitating test case are presented. First the mesh
convergence is presented and discussed, then the lift and drag polars and finally the pressure distributions and
fields are shown and discussed.

4.1.1. Mesh Convergence
In table 4.1, some of the key solution quantities of the mesh convergence study are shown. The mesh scaling
parameter, solver time, mesh elements, lift and drag coefficients and L/D are shown for the executed simulations
of all mesh densities. Also added in the table are the result from the experimental data from Ladson [19] and the
result from potential flow solver for comparison.

In figure 4.1 the total solver time, lift and drag coefficients are plotted as a function of the number of mesh
elements .

Table 4.1: Mesh convergence output quantities in comparison with experiment and xFoil for NACA-0012 section at α = 10.12◦ for
Re = 5.93×106 and M = 0.3.

α = 10.12◦ Mesh Scaling Cd Cl L/D
Solver Time
(min) Mesh Elements

1.4 0.014039 1.10074 78.4058 4.13918 29003
1.2 0.013428 1.10429 82.2379 4.42002 33319
1 0.0131919 1.10552 83.8026 5.78125 39453
0.8 0.0127835 1.10899 86.7518 7.56895 48750
0.6 0.0126462 1.10959 87.7412 10.7118 63029
0.4 0.0125571 1.11186 88.5441 20.0685 94433

Experiment
(Ladson) 0.012 1.1251 95.78

xFoil 0.01105 1.2234 110.70

30
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(a) Lift Coefficient (b) Drag Coefficient

(c) Total Solver Time

Figure 4.1: Mesh convergence quantities for the NACA-0012 section at α = 10.12◦, Re = 5.93×106 and M = 0.3.

From results in table 4.1 an the plots in figure 4.1, it can be seen that the values for lift and drag coefficient
converge as the number of mesh elements increases. Also, the total solver time increases significantly as the
mesh elements. Considering the rate of convergence and the total solver time, the mesh scaled by MS = 0.8 is
considered to be sufficiently accurate as the error in lift coefficient with the experimental value is about 1.4% and
in drag coefficient around 6%. The error in lift and drag for the highest mesh density (MS = 0.4) is about 1.2%
and 4%, which is a slight improvement over the mesh with MS = 0.8. However, the increase in computational
time is 2.5 times higher. Hence, the mesh with MS = 0.8 is chosen.

4.1.2. Polars
The CFD simulation with MS = 0.8 is considered to be converged and thus this mesh density is used for further
studies. In this section, the results for the polars are given. Figure 4.2 shows the lift and drag polars and the
efficiency or L/D. The tables 4.2, 4.3 and 4.4 show the results for the lift, drag and pressure drag coefficients
respectively. The results are compared with results from Ladson [19] and xFoil and their respective errors are
given in the tables. In the polar plots, the lift and drag coefficients seem to be coherent with the experimental
results from Ladson [19] in the linear region up to about α = 13◦. At higher angles of attack, the data from
Ladson shows stall whereas this stalling is not captured in the current CFD study. This stall can also be seen in
the drag coefficient polar as the drag strongly increases in the experimental data for about α > 13◦. Again, this
increase is not captured by the current CFD study. In table 4.2, it can be seen that the error in the current CFD
results with respect to the experimental data is smaller than 2% in the range for angle of attack 4◦ < α < 12◦. As
mentioned above, for higher values the CFD did not capture the stalling behaviour, hence the larger errors. The
CFD measurement for α =−2.02◦ also shows a larger error of 7.12%, this can partially be explained by the fact
that errors are larger for smaller values.
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(a) CL (b) CD

(c) L/D

Figure 4.2: Polar Plots for the NACA-0012 section at α = 10.12◦, Re = 5.93×106 and M = 0.3.

Table 4.2: Lift Coefficient: Results Comparison for the NACA-0012 section with Re = 5.93×106 and M = 0.3.

α CFD Ladson xFoil Error Ladson (%) Error xFoil (%)
-2.02 -0.2481 -0.2316 -0.2623 7.12 5.42
4.03 0.4529 0.4452 0.4794 1.73 5.53
6.08 0.6781 0.6762 0.7216 0.28 6.03
8.13 0.9011 0.9039 0.9597 0.32 6.11
10.12 1.1092 1.1251 1.2237 1.41 9.36
12.12 1.3140 1.3172 1.4265 0.25 7.89
14.27 1.5175 1.3917 1.5947 9.04 4.84
16.25 1.6765 1.1132 1.5992 50.60 4.83
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Table 4.3: Drag Coefficient: Results Comparison for the NACA-0012 section with Re = 5.93×106 and M = 0.3

α CFD Ladson xFoil Error Ladson (%) Error xFoil (%)
-2.02 0.00558 0.0063 0.00543 11.43 2.76
4.03 0.00631 0.00728 0.00613 13.28 2.99
6.08 0.00799 0.00711 0.00715 12.33 11.70
8.13 0.00993 0.00822 0.00868 20.86 14.46
10.12 0.01241 0.012 0.01108 3.45 12.04
12.12 0.01593 0.01397 0.01437 14.06 10.88
14.27 0.02090 0.03023 0.02051 30.85 1.92
16.25 0.02755 0.20698 0.04036 86.69 31.75

Table 4.4: Pressure Drag Coefficient: Results Comparison for the NACA-0012 section with Re = 5.93×106 and M = 0.3

α CFD xFoil Error xFoil (%)
-2.02 0.00112543 0.00093 21.01
4.03 0.00175803 0.00161 9.19
6.08 0.00315054 0.00276 14.15
8.13 0.00512198 0.0044 16.41
10.12 0.00812373 0.00687 18.25
12.12 0.0118054 0.01045 12.97
14.27 0.0170235 0.01718 0.91
16.25 0.0241165 0.03796 36.47

4.1.3. Pressure Coefficient

Figure 4.3 shows the pressure coefficient distribution along the surface and the pressure field for α = 0◦ in 4.3a
and 4.3b, for α = 10◦ in 4.3c and 4.3d and for α = 15◦ in 4.3e and 4.3f. The overall shapes of the Cp distributions
are coherent with the experimental data by Ladson. However, the low pressure pressure on the suction side seem
to be slightly overestimated by the current CFD study compared to the experimental data from Ladson, i.e. the
current CFD results show slightly lower negative values. This difference is visibly largest for α = 15◦, which is
coherent with the earlier found results in the polar study in previous section.

In general, the results of the current CFD simulations are in good agreement with the reference data within
the relevant range angles of attack, that is up to about α = 10◦. This CFD simulation set up for non cavitating
flow can now be used as a base for the following test case, the CFD simulation for cavitating flow.
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(a) α = 0◦: Comparison of Cp over section surface. (b) α = 0◦: Cp Field around the Foil

(c) α = 10◦: Comparison of Cp over section surface. (d) α = 10◦: Cp Field around the Foil

(e) α = 15◦: Comparison of Cp over section surface. (f) α = 15◦: Cp Field around the Foil

Figure 4.3: Pressure Coefficient Results for the NACA-0012 section with Re = 5.93×106 and M = 0.3 at α = 0◦,10◦and15◦
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4.2. Test Case: Cavitating
In this section, the results for the validation of the cavitating test case are presented. First the mesh convergence
is reported and discussed. Next, the time-step and turbulence models studies are presented and discussed. Finally,
the results from the turbulent viscosity modification study is presented and discussed.

4.2.1. Mesh Convergence
In figure 4.4 some of the key quantities of the mesh convergence results are shown. The convergence of the
mean lift and drag is plotted (with the root mean square indicated with error-bars) as function of the number of
mesh elements in figures 4.4a and 4.4b respectively. Figure 4.4c shows the relative errors in the mean lift and
drag coefficients with respect to the mean result obtained with the highest number of mesh elements. Figure 4.4d
shows the total solver time in hours as a function of the number of mesh elements. Table 4.5 shows an overview
of the mesh convergence results. It can be seen that the errors in lift and drag coefficients for the mesh scaling
1.2 and 1 are all higher than 3%. For the mesh scaled by 0.8 the error in CL drops to 1.1% and the error in CD to
0.4%. As the mesh is scaled by 0.6 the errors in CL and CD are 0.1% and 0.2% respectively.

(a) Lift Coefficient (b) Drag Coefficient

(c) Relative errors in CL and CD (d) Total Solver Time

Figure 4.4: Convergence quantities as a function of mesh elements: α = 6.5◦, σ = 1.4, Re = 8 ·105

Table 4.5: Mesh Convergence Quantities Table

Mesh
Scaling

Mesh
Elements mean CL rms CL mean CD rms CD error CL [%] error CD [%]

Total Solver
Time (h)

0.4 300268 0.738 0.00644 0.0248 0.00035 0 0 6.5
0.6 157633 0.738 0.00469 0.0247 0.00037 0.1 -0.2 2.9
0.8 106284 0.746 0.00480 0.0249 0.00040 1.1 0.4 2.0
1 78532 0.764 0.00790 0.0257 0.00076 3.5 3.8 1.6
1.2 61189 0.765 0.01293 0.0258 0.00121 3.6 4.0 1.4
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As expected, the error in lift and drag decreases and the total solver time increases as the number of elements
increase. The simulations with mesh scaling 1 and 1.2 both have a solver time around 1.5 hours while still
having an error in lift and drag coefficient higher than 3%. For a mesh scaling of MS = 0.8, the solver time only
increases by 25% while the gain in the lift coefficient is about 70%, with an even larger gain drag coefficient.
For the mesh scaling of MS = 0.6, the solver time increases by about 45% and while the gain in CL and CD are
significant (relative gain is large because of the small values), the loss in solver time outweighs the gain in CL
and CD. Moreover, the relative errors for MS = 0.8 already are within acceptable margins and the simulation
time needs to be as short as possible if this simulation will be run for large series of runs. The dimensionless wall
distance Y+ is shown in figure 4.5 to demonstrate that the y+ value falls below 1 over the whole section surface.
With a small peak at the leading edge at 0.8, the dimensionless wall distance satisfies the condition Y+ < 1 to
capture the viscous sub layer. With these considerations in mind, the simulation with mesh scaling MS = 0.8 is
considered to be sufficiently converged. This mesh density will be used for the following simulations.

Figure 4.5: Wall y+ along the hydrofoil surface for the base mesh scaled by 0.8.

Now comparing the pressure distribution results from current mesh convergence study with reference values,
figure 4.6 shows the pressure coefficient results for the NACA-66(mod) at α = 6.5◦ with σ = 1.4 for the mesh
scaled by 0.4 and 1.2 compared to the experimental reference values form Leroux [20] and Seo [32]. The sudden
drop in pressure distribution of our current CFD mesh convergence studies at around x/c = 0.2 indicates the
end of the cavitation bubble. The constant pressure up to the leading edge is at the level of the saturation vapor
pressure. However, the pressure distribution of the finest mesh scaled by 0.4 does not correspond well with the
reference values. In fact, the mean lift coefficient according to the experimental values by Leroux give a value
of 0.852, which gives the results from most refined mesh an error of about 13% for the lift coefficient. Also,
the relative cavitation bubble length l/c given by the results of Leroux give a value of l/c = 0.29 compared to
l/c = 0.21 for the current CFD simulation results with mesh scaling 0.4, corresponding to an error of about 27%.
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Figure 4.6: Pressure distribution of NACA-66(mod) at α = 6.5◦ with σ = 1.4 with the finest and most coarse mesh from the mesh
convergence study compared to the experimental reference values from Leroux and the numerical validation from Seo.

Although the mesh convergence study finds a clearly converged solution, the results obtained do not agree
with the with the experimental reference values of Leroux and the numerical reference values from Seo [32].
From these results, it is clear that more simulation parameters should be studied in order to validate the simulation
set-up.
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4.2.2. Time Step
In order to study the influence of the time step size on the simulation results with the implemented Schnerr-
Sauer cavitation model, the simulation results for initial time step dt = t0/200 is compared with results from
simulations with time steps dt = t0/400 and dt = t0/800.

The pressure coefficient will again be compared since this discrepancy between the reference values and
the CFD results from current study. Figure 4.7 shows the pressure distribution results for the time steps dt =
[t0/200, t0/400, t0/800] as well as the experimental pressure distribution values from Leroux and the numerical
validation from Seo.

It can be seen that the pressure distribution curve for the CFD results of the compared time steps are practically
identical. As a result, the lift and drag are also identical for each time step size. Since no difference is measured,
it can be concluded that the solution already has converged at time step dt = t0/200 and that increasing the time
resolution further does not have an influence on the solution at the base time step. More simulation parameters
need to be studied in order to validate the simulation set up.

Figure 4.7: Pressure distribution of NACA-66(mod) at α = 6.5◦ with σ = 1.4 for time steps dt = [t0/200, t0/400, t0/800] and reference
values from Leroux and Seo.
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4.2.3. Turbulence Models
Next, the influence of the different turbulence models is investigated. The initial mesh convergence study pre-
sented in previous sections is executed with the SST turbulence model. The turbulence models which are con-
sidered in this comparison are the SST, the SA and k−ω turbulence models. The k− ε turbulence model is not
considered in this comparison since the properties of this model are included in the SST model for the exterior
flow. Hence the development and dynamics of the cavitation bubble will not change much with respect to the
simulation with an SST turbulence model.

In figure 4.8, the pressure distribution results for the different turbulence models are presented in comparison
with the experimental pressure distribution values from Leroux and the numerical validation from Seo. It can
be seen that the pressure stays at the saturation pressure about 0.015 further downstream chordwise along the
suction side for the SA model compared to the SST, meaning the cavitation bubble is about 1.5% longer. For the
k−ω model, the pressure stays a fraction longer at the saturation pressure, indicating a cavitation bubble that is a
little bit longer. However, the results for neither models approach the reference values within acceptable margins
for validation. Further simulation parameters need to be studied in order to validate the simulation set up. As no
significant improvement is achieved using any of the turbulence models, the turbulence model in further studies
is chosen based on relevant literature published within the last 15 years [27] [22] [38]. These studies the SST
model is used, thus this turbulence model is also used in further studies.

Figure 4.8: Pressure distribution of NACA-66(mod) at α = 6.5◦ with σ = 1.4 for different turbulence models and reference values from
Leroux and Seo.
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4.2.4. Turbulent Viscosity

In this section, the results for different values of the turbulent viscosity exponent n (see 3.2.5) are presented and
discussed.

Turbulent viscosity exponent n = 3

The results for the proposed value of the turbulent viscosity exponent n = 3 by Tran et. al. [38] are presented
and discussed in this section. In figures 4.9, the time series of the bubble size and the lift coefficients during
the simulation are shown. It can be seen that the both quantities show strong peaks and pulses from about 2.5
seconds resulting in a very noisy signal and a large root mean square.

(a) Maximum cavity length l/c as a function of physical time (s). (b) Lift coefficient CL as a function of physical time.

Figure 4.9: Convergence of the maximum cavity length and lift coefficient during the course of the simulation for the NACA-66(mod) at
α = 6.5◦, Re = 8×105 and σ = 1.4 for turbulent viscosity exponent n = 3.

In figure 4.10 the pressure distribution is shown where the mean CP values and the root mean square are
indicated in comparison with the reference values from Leroux [20] and Seo [32]. The drop in the mean value
at the suction side of the pressure distribution coincides with the drop in the reference values. However, above
x/c= 0.4 the mean value on the suction side is higher than the reference values. Also, the root mean square shows
very large values along the along most of the hydrofoil surface, especially on the suction side at the pressure drop
where the cavitation bubble ends. These high values in the root mean square are consistent with the peaks in the
bubble length l/c in figure 4.9a. As mentioned in the methodology, note that the bubble length l/c is defined as
the maximum value along the x-axis in the hydrofoil reference frame of the mesh elements with a vapor volume
fraction above 0.5 (see 3.2.6).
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Figure 4.10: Pressure distribution over the NACA-66(mod) at α = 6.5◦, Re = 8×105 with σ = 1.4 for turbulent viscosity exponent n = 3
compared with the reference values from Leroux [20] and Seo [32].

Figure 4.11 show the mean converged values of the bubble length l/c, lift coefficient CL and drag coefficient
CD as a function of the cavitation number for σ = [1.29,1.35,1.4]. The current CFD results are compared with
results form the reference studies from Leroux [20] and Seo [32]. The mean values and root mean square are
taken from the sample set of values from 0.5 to 0.7 seconds of physical time. The mean values of the quantities
are not far off from the reference values. However, the large root mean square in the values indicate that the
converged state shows significant unsteady behaviour.
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(a) Maximum cavity length as a function of the cavitation number σ . (b) Lift coefficient as a function of the cavitation number σ .

(c) Drag coefficient as a function of the cavitation number σ .

Figure 4.11: Maximum cavity length, lift and drag coefficients as a function of sigma compared to reference values from Leroux [20] and
Seo [32] for the NACA-66(mod) at α = 6.5◦, Re = 8×105 with turbulent viscosity exponent n = 3. The mean and root mean square values

are calculated from the time step samples from 0.5 to 0.7 seconds.

During the course of the simulation, images of the volume fraction field and absolute pressure field around
the hydrofoil are exported to give insights on the cavitation dynamics and general behaviour. In figures 4.12 and
4.13 the vapor volume fraction and absolute pressure fields are shown during one of the peaks to be seen in 4.9a
between 4.1 and 4.4 seconds for σ = 1.4. It can be seen that the end of the cavitation bubble shows some light
pulsating behaviour. These small pulsations cause perturbations in the pressure field as can be seen in figure 4.13
which explains the peaks in the lift coefficient and the large root mean square values in the pressure coefficient
distribution.

The value of exponent n has a significant impact on the behaviour of the cavitation bubble and the stability
of the bubble dynamics. In the following sections, various values of n will be examined to investigate its impact
on the cavitation behavior and determine the appropriate value that yields valid results.



4.2. Test Case: Cavitating 43

(a) t ≈ 0.419 (b) t ≈ 0.426

(c) t ≈ 0.433 (d) t ≈ 0.44

Figure 4.12: Images of the vapor volume fraction at times t ≈ [0.419,0.426,0.433,0.44] around the NACA-66(mod) at α = 6.5◦,
Re = 8×105 with σ = 1.4 for turbulent viscosity exponent n = 3 showing the instability in the cavitation bubble.

(a) t ≈ 0.419. (b) t ≈ 0.426.

(c) t ≈ 0.433. (d) t ≈ 0.44.

Figure 4.13: Images of the pressure field times t ≈ [0.419,0.426,0.433,0.44] over the NACA-66(mod) at α = 6.5◦, Re = 8×105 with
σ = 1.4 for turbulent viscosity exponent n = 3 showing instability in the cavitation bubble. A minimum pressure is added to the pressure

field such that pressure regions for which p < pv is indicated in white.
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Effects of lowering the exponent to n = 2
In this section, the simulation results for the turbulent viscosity modification with parameter n = 2 are presented
and discussed.

Figure 4.14 shows the time series of the cavity length l/c (a.) and the lift coefficient CL (b.) during the course
of the simulation. The signals of the bubble length and lift coefficient show a much more smooth convergence
than for the simulation with turbulent viscosity exponent n = 3. Moreover, the pressure coefficient distribution
in figure 4.15 does not show the very large root mean square around the mean values compared with the results
for n = 3. This smoother behaviour suggests that the stability of the cavity has increased and that no more severe
pulsations are present. However, the drop in the pressure coefficient tends slightly more towards the leading
edge with respect to the reference values, which suggests that the CFD predictions still slightly underestimate
the length of the cavitation bubble.

(a) Maximum cavity length l/c as a function of physical time
(s). (b) Lift coefficient CL as a function of physical time.

Figure 4.14: Convergence of the maximum cavity length and lift coefficient during the course of the simulation for the NACA-66(mod) at
α = 6.5◦, Re = 8×105 and σ = 1.4 for turbulent viscosity exponent n = 2.

Figure 4.15: Pressure distribution over the NACA-66(mod) at α = 6.5◦, Re = 8×105 with σ = 1.4 for turbulent viscosity exponent n = 2
compared with the reference values from Leroux [20] and Seo [32].
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Figure 4.16 shows the mean converged values of the bubble length l/c, lift coefficient CL and drag coefficient
CD as a function of the cavitation number for σ = [1.29,1.35,1.4]. Again, the current CFD results are compared
with results form the reference studies Leroux [20] and Seo [32] and the mean values and root mean square are
taken from the sample set of values from 0.5 to 0.7 seconds of physical time.

The root mean squares of the values are much smaller than for the simulations with n = 3 which is coherent
with the observations of the increased stability of the cavity bubble. Furthermore, in figure 4.16a the current CFD
results seem to be consistently underestimating the cavity bubble length l/c. In table 4.6 the error percentages of
the CFD results with respect to the experimental reference values from Leroux [20] are given. For a cavitation
number of 1.29, 1.35 and 1.4 the relative errors are about 18%, 15.7% and 6.9% respectively (the signs before
the percentages are left in the table to easily see whether the values over or underestimate the reference values).
Looking at figure 4.16b and 4.16c, it can be seen that the lift and drag coefficient values as a function of the cavi-
tation number are also significantly underestimated. For the lift coefficient, the relative errors with respect to the
reference values for a cavitation number of 1.29, 1.35 and 1.4 are 9.5%, 9.5% and 8.6% respectively (see table
4.6). For the drag coefficient, the relative error percentages with respect to the reference values for a cavitation
number of 1.29, 1.35 and 1.4 are 36.6%, 33% and 32.4% respectively.

Based on these results we conclude that the predictions provided by the model are not withing acceptable
error margins. Hence, the value for the turbulent viscosity exponent n is further adjusted and studied.

(a) Maximum cavity length as a function of the cavitation
number σ . (b) Lift coefficient as a function of the cavitation number σ .

(c) Drag coefficient as a function of the cavitation number σ .

Figure 4.16: Maximum cavity length, lift and drag coefficients as a function of sigma for the NACA-66(mod) at α = 6.5◦, Re = 8×105

and turbulent viscosity exponent n = 2 compared with reference values from Leroux [20] and Seo [32]. The mean and root mean square
values are calculated from the time step samples from 0.5 to 0.7 seconds.
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Table 4.6: Error percentages for l/c, CL and CD for the NACA-66(mod) at α = 6.5◦, Re = 8×105, σ = 1.4 and turbulent viscosity
exponent n = 2 with respect to reported values from Leroux.

σ 1.29 1.35 1.4
l/c -18 -15.68 -6.90
CL -9.47 -9.45 -8.57
CD -36.62 -33.01 -32.38

Optimized turbulent viscosity exponent n = 2.3

As discussed in the results for exponent n = 3 (see section 4.2.4), the length of the cavitation bubble is increased
which is desirable with respect to the reference data. However, the cavitation bubble also becomes unstable
which does not reflect the reference data. For the exponent n = 2 (see section 4.2.4), the instability is gone but
the cavity length and lift coefficient are still underestimated by an unacceptable margin. A few, simulations with
the exponent n between 2 and 3 have been tried with n = 2.3 having the best results between having a stable
cavitation bubble and being in agreement with the reference values. In this section, the simulation results for the
turbulent viscosity modification with parameter n = 2.3 are presented and discussed.

Figure 4.17 shows the convergence of the cavity length l/c (a.) and the lift coefficient CL (b.) during the
course of the simulation. The signals of the bubble length and lift coefficient show a smooth convergence just
like the simulation with turbulent viscosity parameter n = 2. Also, the pressure coefficient distribution in figure
4.18 does not show the very large root mean square around the mean values compared with the results for n = 3.
This smooth behaviour suggests that the cavity bubble is stable and does not pulsate. Moreover, the drop in the
pressure coefficient coincides with the pressure drop from the reference values.

(a) Maximum cavity length l/c as a function of physical time
(s). (b) Lift coefficient CL as a function of iteration.

Figure 4.17: Convergence of the maximum cavity length and lift coefficient during the course of the simulation for the NACA-66(mod) at
α = 6.5◦, Re = 8×105 and σ = 1.4 for turbulent viscosity exponent n = 2.3.
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Figure 4.18: Pressure distribution over the NACA-66(mod) at α = 6.5◦, Re = 8×105 and σ = 1.4 for turbulent viscosity exponent n = 2.3
compared with the reference values from Leroux [20] and Seo [32].

Figure 4.19 show the mean and root mean square values of the bubble length, lift and drag coefficients as a
function of the cavitation number and compares these values with the reference values. Table 4.7 shows the error
percentages of the bubble length, lift and drag coefficients for the simulated values of the cavitation number.

In figure 4.19a, it can be seen how the values of the bubble length for current CFD results are in agreement
with the reference for the simulated cavitation numbers. The relative errors in l/c for a cavitation number of
1.29, 1.35 and 1.4 are 3.1%, 6.2% and 2.4% respectively (see table 4.7). The values for the lift coefficient are
somewhat underestimated with respect to the reference values (see figure 4.19b).

The relative error percentages in CL for the cavitation numbers 1.29, 1.35 and 1.4 are 6.4%, 6.9% and 6.4%
respectively (see table 4.7), which are to be considered to be within acceptable margins. What stands out is the
relatively large root mean square value of the simulation for σ = 1.29. This large root mean square value suggest
that the end of the cavitation bubble shows some instabilities. This is not that surprising, since the the cavitation
bubble becomes larger and more unstable as the bubble length approaches l/c = 0.5

The relative errors in CD for the cavitation numbers 1.29, 1.35 and 1.4 are 28.3%, 31.8% and 32.1% respec-
tively (see table 4.7). The values for the drag coefficient are not in agreement with the reference values. As it
turns out, it is not trivial to get the drag coefficient withing reasonable margins, as can be seen by the results of
Seo et. al. in figure 4.19b.

Table 4.7: Relative error percentages for l/c, CL and CL for the NACA-66(mod) at α = 6.5◦, Re = 8×105 and turbulent viscosity exponent
n = 2.3 for σ = [1.29, 1.351.4] with respect to reported values from Leroux.

σ 1.29 1.35 1.4
l/c -3.11 -6.22 2.41
CL -6.39 -6.94 -6.44
CD -28.29 -31.78 -32.12

Table 4.8 shows the average relative error percentages of the cavity length l/c, the lift coefficient CL and drag
coefficient CD averaged over all measured values for σ for each value of exponent n. The average relative error
of the cavity length is 3.91% for the turbulent viscosity exponent n = 2.3 which is within acceptable accuracy
margins whereas for n = 2 and n = 3 the relative error does not provide acceptable accuracy exceeding the 10%.
The average relative error of the lift coefficient for n = 3 is lower than for n = 2.3, however, note that fluctuations
in l/c and CL where observed for n = 3 making the exponent n = 3 a unsuitable value for the model. This also
holds for the drag coefficient.
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Table 4.8: Average relative error percentages of l/c, CL and CD for the NACA-66(mod) at α = 6.5◦, Re = 8×105 with respect to reported
values from Leroux averaged over errors from σ = [1.29, 1.35, 1.4].

n l/c CL CD
3 12.60 4.30 24.33
2.3 3.91 6.59 30.73
2 13.33 9.17 33.96

(a) Maximum cavity length as a function of the cavitation
number σ . (b) Lift coefficient as a function of the cavitation number σ .

(c) Drag coefficient as a function of the cavitation number σ .

Figure 4.19: Maximum cavity length, lift and drag coefficients as a function of σ for the NACA-66(mod) at α = 6.5◦, Re = 8×105 and
σ = 1.4 with turbulent viscosity exponent n = 2.3 compared with reference values from Leroux [21] and Seo [32]. The mean and root mean

square values are calculated from the time step samples from 0.5 to 0.7 seconds.

With the value of the turbulent viscosity exponent at n = 2.3, the current CFD setup with implemented
Schnerr-Sauer cavitation model is considered to make sufficiently satisfactory predictions for the purpose of this
project. The simulations for current study are conducted with this setting.
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4.3. Cloud Cavitation
As documented by Leroux et. al. [20], two types of unsteady cavitation dynamics oscillations have been observed
to occur, which are referred to in the paper as dynamics 1 and dynamics 2. At α = 6.5◦ the frequency of the
oscillation has been observed to be more or less constant with a frequency of about ∼ 3.5 Hz for a range of
cavitation numbers in the unstable cavitation regime, i.e. dynamics 1. The second type of oscillation behaviour,
dynamics 2, has been observed as the angle of attack increases at about α = 7.5◦ with a frequency of about 40 Hz.

In section 4.3.1, the flow conditions for the reference case for ’dynamics 1’ by Leroux is replicated with
the current CFD setup. The results are presented and discussed. In section 4.3.2, the flow conditions for the
the reference case for ’dynamics 2’ by Leroux is replicated with the current CFD model. Again, the results are
presented and discussed. For both cases, the same NACA-66(mod) geometry is used as for the steady sheet
cavitation cases.

4.3.1. Dynamics 1
The flow conditions for the dynamics 1 reference case by Leroux are a free-stream velocity of u∞ = 5.33 m/s, an
angle of attack of α = 6.5◦ and a cavitation number of σ = 1.05. The frequency of the bubble shedding can be
determined by looking at the (quasi) periodic signal in the cavity length and the lift coefficient (figure 4.20). To
do this, we look at the up crossings of the signal where the signal is more of less clean. For the cavity length, we
look at the up-crossings at l/c = 0.6 and for the lift coefficient, we look at the up-crossings at CL = 0.8. The time
between two up-crossings gives an estimation for one period. Next, the mean of the four estimations is taken
to get the final estimation. For the cavity length signal this gives a mean period of 0.339s and a frequency of
2.950Hz. The estimation from the lift coefficient signal obtains a period of 0.342s and a frequency of 2.924Hz.
Averaging these two values gives a frequency of 2.935 Hz and a Strouhal number of

St = f c/U = 0.083 .

The frequancy reported by Leroux et al. [20] for cavitation bubble shedding at the same conditions is about
3.625 Hz corresponding to a Strouhal number of about St = 0.102 . Compared with the reference value, the
current cavitation set up results in an error of about 19%.

(a) Maximum cavity length l/c as a function of physical time
(s). (b) Lift coefficient CL as a function of iteration.

Figure 4.20: Time series of the maximum cavity length and lift coefficient during the course of the simulation for the NACA-66(mod) at
α = 6.5◦, u∞ = 5.33m/s and σ = 1.05.

As the bubble length l/c is defined as the maximum value along the x-axis (in the hydrofoil reference frame)
of the vapor volume fraction field with a cell value above 0.5, the peaks in the signal of the bubble length l/c
can indicate a detached bubble convecting with the fluid instead of one continuously attached cavity. Hence, this
value does not indicate the maximum attached cavity length per se. This is namely true for the strong peaks
where l/c > 0.8, as the cavitation bubble often detaches around this point.
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(a) t ≈ 0.37 s (b) t ≈ 0.44 s

(c) t ≈ 0.51 s (d) t ≈ 0.58 s

(e) t ≈ 0.65 s (f) t ≈ 0.72 s

Figure 4.21: Images of the vapor volume fraction for the NACA-66(mod) at α = 6.5◦, u∞ = 5.33m/s and σ = 1.05 at times
t ≈ [0.37,0.44,0.51,0.58,0.65,0.72] showing the bubble instability.

In figure 4.21, images of the vapor volume fraction field are shown at times
t ≈ [0.37,0.44,0.51,0.58,0.65,0.72] seconds. The bubble growth can be distinguished in the first three images,
corresponding to the bubble growth in figure 4.20a up to about, t ≈ 0.55 s. In figure 4.21d, the start of the bubble
separation can already be seen and in figure 4.21e the cavitation bubble is fully separated and starts to convect
with the fluid until it disappears at around 0.7 seconds. In the meantime, the growth of a new cavitation bubble
can already be seen in 4.21e and in 4.21f the new cavitation bubble is grown up to about l/c ≈ 0.5, having
completed a cycle.

4.3.2. Dynamics 2 (case 1)
The flow conditions for the dynamics 2 reference case by Leroux are a free stream velocity of u∞ = 5.33 m/s, an
angle of attack of α = 8◦ and a cavitation number of σ = 1.27.

Again, the frequency of the (quasi) periodic bubble shedding is determined by looking at the bubble length
and lift coefficient, see figures 4.22a and 4.22b. In both figures, two clear periods can be determined with a
frequency of about ∼ 2.5 Hz. However, after 0.8 s, the periodicity in the signal changes and becomes more noisy.

According to Leroux [20], the frequency of the dynamics 2 behaviour at these operating conditions is about
∼ 18 Hz. This does not correspond to the frequency of the first few periods. After 0.8 seconds, the oscillations
in the bubble length signal are too small to represent the bubble shedding oscillations. Hence, for these operating
conditions, the current simulation with cavitation model set up is not in agreement with the reference.
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(a) Maximum cavity length l/c as a function of physical time
(s). (b) Lift coefficient CL as a function of iteration.

Figure 4.22: Time series of the maximum cavity length and lift coefficient during the course of the simulation for the NACA-66(mod) at
α = 8◦, u∞ = 5.33m/s and σ = 1.27.

4.3.3. Dynamics 2 (case 2)

The dynamics 2 behaviour documented by Leroux is reported to have a more or less fixed frequency for a range
of operating conditions. Here, the free stream velocity is increased to see whether the dynamics 2 behaviour can
be captured.

For the operating conditions α = 8◦, σ = 1.31 and u∞ = 12.86m/s (or 25knts), a clear bubble shedding
oscillation signal can be seen in the cavitation bubble length signal (figure 4.23a) and the lift coefficient (figure
4.23b). Again, an estimate of the frequency of the quasi-periodic signal can be made by counting the up crossings,
measuring the period of each oscillation and taking the average of the measured periods. This estimation yields a
frequency of about ∼ 5.9 Hz, corresponding to a Strouhal number St = 0.068. This result does not correspond to
the reported reference frequency for dynamics 2. Surprisingly however, the Strouhal number is not far off from
the Strouhal number measured earlier for α = 6.5◦, σ = 1.05 and u∞ = 5.33 m/s, suggesting that the measured
comes closer to the reported dynamics 1 behaviour.
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(a) Maximum cavity length l/c as a function of physical time
(s). (b) Lift coefficient CL as a function of iteration.

Figure 4.23: Time series of the maximum cavity length and lift coefficient during the course of the simulation for the NACA-66(mod) at
α = 8◦, u∞ = 12.86m/s and σ = 1.31.
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(a) t ≈ 0.32 s (b) t ≈ 0.35 s

(c) t ≈ 0.38 s (d) t ≈ 0.41 s

(e) t ≈ 0.44 s (f) t ≈ 0.47 s

Figure 4.24: Images of the vapor volume fraction for the NACA-66(mod) at α = 8◦, u∞ = 12.86m/s and σ = 1.31 at times
t ≈ [0.419,0.426,0.433,0.44] showing the bubble instability.
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4.3.4. Bubble Growth and Detachment
In figure 4.25, a series of images of the velocity field around the suction side of the foil during the cavitation bub-
ble growth and detachment is shown at α = 8, σ = 1.27 and u∞ = 12.86m/s. The local flow velocity vectors are
indicated with black arrows and the purple line indicates the contour of the cavitation bubble defined by a vapor
volume fraction > 0.5. In figure 4.25a, the flow vectors clearly show flow reversal at the end of the cavitation
bubble and reversed flow within the cavitation bubble can be identified. This behaviour is widely reported in the
literature and is referred to as the re-entrant jet. As the bubble grows (see figure 4.25b), the flow velocity of the
re-entrant jet increases up to about 70% of the free stream velocity, at this point the bubble starts to detach and
convect with the fluid. This process can be seen in figures 4.25c and 4.25d. In the mean time, a new cavitation
bubble is growing and starting a new shedding cycle.

It can be seen in the velocity field images (figure 4.25) that the cell size is quite large at locations where the
cavitation bubble is shedded into the fluid. At these locations, very strong velocity gradients are also to be seen.
Ideally, the mesh should be well refined at locations with strong gradients in order to accurately resolve the fluid.
This is likely to play a significant role to the fact that the results for unstable cloud cavitation do not correspond
well with the reference values.
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(a) t ≈ 0.031 s

(b) t ≈ 0.062 s

(c) t ≈ 0.093 s

(d) t ≈ 0.124 s

(e) t ≈ 0.155 s

Figure 4.25: Images of the velocity field during the bubble growth and detachment for the NACA-66(mod) at α = 8◦, u∞ = 12.86m/s and
σ = 1.27. The local flow velocity vectors are indicated with the black arrows. The purple line defines the contour of the cavitation bubble

defined by a vapor volume fraction > 0.5.
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4.4. Cavitation Analysis With vs. Without Cavitation Model
Cavitation is an important phenomenon to consider in the design and development of hydrofoils. Without ac-
tually modelling the cavitation phenomenon in CFD, one can analyse the pressure field and look at where the
pressure falls below the saturation vapor pressure to make an estimation where the flow will cavitate. In the
design process, one can use this method to modify the design in order to eliminate or minimize the region on the
foil surface which falls below the saturation vapor pressure. This is a common technique to account for cavitation
in the design of hydrofoils. The drawback of this technique is that when the flow actually starts to cavitate, the
cavitation bubble perturbs the flow around the hydrofoil and consequentially the performance of the hydrofoil
modified. It is therefore useful to see how the cavitated region and the flow around the foil behaves using just
this pressure analysis method compared to results using a cavitation model to simulate the actual phenomenon.

4.4.1. NACA-66(mod)
Here, the flow around the foil and performance of the NACA-66(mod) section is compared between the pressure
field analysis and simulation results with cavitation model as developed and validated in earlier sections. The
same operating conditions, i.e. α = 6.5◦, σ = 1.4 and u∞ = 5.33 m/s, and geometry is run with and without
cavitation model activated.

In figure 4.31 the pressure coefficient distribution along the foil with and without cavitation model are shown.
For the simulation without cavitation model, the leading edge suction side of the foil experiences a strong
negative pressure peak. The simulation with cavitation model shows a constant pressure about equal to the
(non-dimensional) saturation vapor pressure along the suction side up the end of the cavitation bubble at about
x/c ≈ 0.3. Although the pressure just downstream for the end of the cavitation bubble shows a positive peak,
the lift coefficient is slightly higher for the simulation with cavitation model, as shown in table 4.9. In this ta-
ble, an overview of the the cavitation region length (indicated with l/c), lift and drag coefficient and lift over
drag results is shown. The length of the cavitation region in the simulation with the cavitation model is about
l/c = 0.31 whereas the without cavitation model the length of the region is measured to be l/c = 0.054. Due
to this stretched low pressure cavitation region, the lift in the simulation with cavitation model is slightly higher
with CL = 0.813 versus CL = 0.804 without cavitation model. The drag coefficient has also increased in the
simulation with cavitation model with CL = 0.0264 and CL = 0.0149 without cavitation model resulting in a
significant drop in lift over drag, i.e. efficiency with L/D = 30.8 in the simulation with cavitation model and 54
in the simulation without.

Figure 4.26: Comparison of the pressure distributions of the simulation results with and without cavitation for the NACA-66(mod) at
α = 6.5◦, u∞ = 5.33m/s and σ = 1.4.
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Table 4.9: Cavitation region length, lift and drag coefficient results for simulations of the NACA-66(mod) at α = 6.5◦, u∞ = 5.33m/s and
σ = 1.4 with and without cavitation model.

With Cavitation Without Cavitation
l/c 0.31 0.054
CL 0.813 0.804
CD 0.0264 0.0149
L/D 30.8 54.0

In figure 4.31, the pressure fields for both the simulation with and without cavitation model are shown. The
minimum value of the color map is set to the saturation vapor pressure and the region for which p < psat is
marked in purple. It can be seen how the length of the cavitated region at the leading edge for the results without
simulation model is much smaller than the cavitated region in the simulation with cavitation model. It looks as if
the low pressure cavitation bubble has been spread out along the suction side of the foil, resulting in a large low
pressure region above the cavitation bubble covering a large part of the suction side.

(a) Without cavitation model.

(b) With cavitation model.

Figure 4.27: Images of the pressure field of the converged simulations with and without cavitation model of the NACA-66(mod) at
α = 6.5◦, u = 5.33m/s and σ = 1.4. The cavitated region is indicated in pink.

Analysing these results, it can be stated that when using the simple method of pressure analysis the length
of the cavitation region is significantly underestimated compared to the simulation resolving the cavitation phe-
nomenon. As a result the lift coefficient is slightly underestimated (about 1%), as well as the drag coefficient
(about 43%) and thus is the efficiency overestimated by about 43% if the analysis is done using only the pressure
field analysis.
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4.4.2. BPXI

The same analysis is performed for a hydrofoil section section we will refer to as BPXI, in the following operating
conditions; α = 4◦, σ = 0.63 and u∞ = 18.52 m/s (or 36 knts). For these conditions, cloud cavitation has been
observed in data that cannot be reported here for reasons of confidentiality.

In figure 4.28 the pressure coefficient distributions along the foil with and without cavitation model are
shown for the simulations with and without cavitation model. For the simulation without cavitation model, the
leading edge suction side of the foil experiences a strong negative pressure peak. The pressure distribution for
the simulation without cavitation model gives large root mean square values, suggesting unsteady behaviour in
the cavitation bubble causing large pressure fluctuations.

Looking at the time series of the bubble length and lift coefficient during the course of the simulation in figure
4.29, the unstable behaviour of the cavitation bubble is clearly to be seen as from about 0.08 seconds.

Figure 4.30 shows the frequency spectrum of the CL time series from the simulation for the BPXI hydrofoil
section at α = 4◦, u∞ = 18m/s and σ = 1.4. It can be seen that there is no clear dominant frequency is present
in the spectrum.

Figure 4.28: Comparison of the pressure distributions of the simulation results with and without cavitation for the BPXI hydrofoil section at
α = 4◦, u∞ = 18m/s and σ = 1.4.
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(a) Maximum cavity length l/c as a function of physical time
(s). (b) Lift coefficient CL as a function of physical time.

Figure 4.29: Time series of the maximum cavity length and lift coefficient during the course of the simulation for the BPXI hydrofoil
section at α = 4◦, u∞ = 18m/s and σ = 1.4.

Figure 4.30: Frequency spectrum of the first 50 lowest frequencies for the CL time series from the simulation of the BPXI hydrofoil section
at α = 4◦, u∞ = 18m/s and σ = 1.4.

Figure 4.31 shows images of the pressure fields of the simulation with and without cavitation model. For
confidentiality reasons, the section geometry is covered up by a black ellipse. The pressure field without cavita-
tion model shows a cavitation region at the leading edge on the suction side with a length of about l/c = 0.23.
On the other hand, the pressure field for the simulation with cavitation model shows the detachment of a cavi-
tation bubble near the trailing edge. The cavitation behaviour shows to be strongly unsteady, however no clear
periodicity of a cavitation growth and detachment is seen in the bubble length and lift coefficient signal. The
behaviour is similar as seen in section 4.3.2, where a quasi period bubble shedding was expected but not found
with the current simulation set up. Therefore, it is probable that the current simulation set up does not resolve the
unsteady flow state sufficiently well in order to capture any possible periodic bubble shedding.
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(a) Without cavitation model.

(b) With cavitation model.

Figure 4.31: Images of the pressure field of the converged simulations with and without cavitation model for the BPXI hydrofoil section at
α = 4◦, u = 18.52m/s and σ = 0.63. The region indicated in magenta is where p < psat , which represents the cavitated region. The section

geometry is sensored by a black ellipse for confidentiality reasons.
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4.5. Stability Analysis
In figure 4.32, the results for the cavity length l/c is plotted as a function of the stability parameter ps =

σ
2(α−α0)

for the simulation runs with fixed free stream velocity and for fixed absolute pressure. The analytical approxima-
tion from linear theory is indicated with the black dotted lines. The mean cavity length l/c and the root mean
square (RMS) fluctuation are derived from the time series of the cavity length with a sample size of 3904. The
mean values are indicated with the blue dots and the fluctuations are denoted with the orange stars.

Figure 4.32: Cavitation length l/c and RMS fluctuation as a function of σ/2(α −α0) with analytical approximation from linear theory.

It can be seen in figure 4.32 that (virtually) no cavitation occurs for values of ps higher than about 7. From
about 7 to 5, the first early cavitation cases seem to start forming small sheet cavitation bubbles up to a length
of about l/c ≈ 0.2. These cases show little variation in the cavitation bubble length (RMS < 0.05). This is as
expected since steady sheet cavitation occurs first at high values of σ and low α . From about ps ≈ 5 to about 4,
the cavitation bubble grows up to about l/c ≈ 0.45. The cavitation bubbles are still stable for these cases, this is
consistent with observations from Leroux et. al. reporting cavitation bubbles to be stable up to l/c ≈ 0.5. The
RMS fluctuation in this range is globally still small (RMS < 0.1) indicating stable cavitation bubbles.

It can be seen that the data points with the largest RMS fall between values of the stability parameter ps = 3
and 4 with a RMS = 0.4 and higher. A few data points have a RMS between 0.2 and 0.3 and one data point
has RMS = 0.5. These higher values in the RMS indicate large variance in the cavity length, hence showing
strong cavitation instability. It can be verified what cavitation regime the data points represent by looking at the
simulation images. Looking at these images, it can be seen that the data points with the stability parameter in
the range 3 < ps < 4 undergo cloud cavitation. Some data points near ps = 4 can have slightly elevated RMS
values. However, looking at the images these simulations do not show the distinct bubble growth and shedding
cycle associated with cloud cavitation, although the observed variation in bubble length seems to indicate being
near the transition to cloud cavitation. It is shown that the transition from stable to unstable cavitation is roughly
found at ps ≈ 4. This result is coherent with results from Leroux et. al. [21] and Arndt et. al. [4].

It should be mentioned that the measurements of the mean cavity length for the unsteady cases can be
marginally inaccurate due to the definition of the cavitation length. As mentioned in section 3.2.6, the maxi-
mum x-position of the vapor volume fraction used in the definition of the cavity length is shedding with the
bubble into the flow for unstable cloud cavitation cases. This may cause the measurement to be a little higher
than the actual length of the “main” continuous cavitation bubble. Furthermore, for some of the unstable cloud
cavitation cases, the time series only captures a few periods. This might be on the lower end in order to get a very
accurate estimate of the mean bubble length. It should therefore be taken into consideration that the estimates of
the mean bubble lengths may be slightly inaccurate for the measurements with a high RMS.

Bubbles with l/c > 1 enter the super cavitation regime which forms a stable bubble encapsulating the suction
side of the section. The super cavitation cases fall within the range of transition parameter ps < 3, except one
case with a bubble length of about l/c = 0.91 for ps = 4.2. The operating conditions for this case are α = 0 and
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U∞ = 45 knts. Looking at the simulation images, it can be seen that a stable cavitation bubble has formed around
the suction side of the section. However, since the angle of attack is 0, the cavitation bubble does not start at
the leading edge of the section but at about c/4. Hence, the measurement of the stable super cavitating bubble
results in a value smaller than 1. In the super cavitation regime, the bubble lengths can still vary a bit due to
unsteadiness in the flow, hence the RMS values go up to about 0.1 in this range.

In figure 4.33 a snapshot from the converged simulation for an angle of attack α = 6◦, cavitation number
σ = 2.04 and freestream velocity u∞ = 10.29m/s or (20knts) is shown for which the stability parameter results
in ps = 6.7. For these conditions, a small stable sheet cavitation bubble at the leading edge of the foil of about
l/c ≈ 0.1 has formed as can be seen in the image.

Figure 4.33: Simulation snapshot of the vapor volume fraction around the NACA-66(mod) at α = 6◦, σ = 2.04.

In figure 4.34 a snapshot of the converged simulation is shown for an angle of attack of α = 6◦, in a freestream
velocity of U∞ = 5.33 m/s with a cavitation number of σ = 1.29. The stability parameter results in ps = 4.33
and the relative bubble length is about l/c ≈ 0.3. For these conditions, the sheet cavitation bubble is quasi-stable,
showing variations in the bubble length with 0.01 < RMS < 0.1.

Figure 4.34: Simulation snapshot of the vapor volume fraction around the NACA-66(mod) at α = 6◦ and σ = 1.29.

In figure 4.35, a simulation snapshot of a run with unsteady cloud cavitation conditions is shown. The section
is at an angle of attack of α = 4◦, in a freestream velocity of 15.4 m/s (or 30 knts) with a cavitation number
of about σ = 0.9. This results in a stability parameter of ps = 3.94 and cavitation bubble shows a growing and
shedding cycle. In figure 4.35, the shedding of a cavitation bubble is captured while the attached part of the
cavitation bubble is shrinking towards the leading edge to begin a new cycle.
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Figure 4.35: Simulation snapshot of the vapor volume fraction around the NACA-66(mod) at α = 4◦ and σ = 0.9.

In figure 4.36, a simulation snapshot of a run with supercavitation conditions is shown. The section is at an
angle of attack of α = 8◦, in a freestream velocity of U∞ = 23.15 m/s (or 45 knts) with a cavitation number of
about σ = 0.4. The stability parameter results in a value of about ps = 1.09 and the relative cavitation bubble
length becomes stable at about l/c = 1.56.

Figure 4.36: Simulation snapshot of the vapor volume fraction around the NACA-66(mod) at α = 8◦ and σ = 0.4

In figure 4.37, the bubble length l/c versus the stability parameter ps is plotted again for the non-zero values
of current CFD study using a NACA-66(mod) as well as experimental results from Arndt et. al. [4] using a
NACA-0015. Assuming a proportional trend, a linear fit is plotted though the respective data points in order
to make a rough estimate of the relation between the stability parameter and the cavitation bubble length. In
the study from Arndt, the inception of sheet cavitation is stated to be at about σ

2α = 8.5 (a0 = 0 for symmetric
section). These observation are also coherent with observations from Kjeldsen et. al. [18]. It can be seen
that this observation is fairly coherent with the rough linear estimate in figure 4.37 with the inception of sheet
cavitation at about σ

2α = 8. In the current CFD study of the NACA-66(mod), following the linear estimate finds
that sheet cavitation starts at about ps = 5.75, suggesting that cavitation starts to form at higher values of sigma
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(lower pressures and freestream velocities) and lower angles of attack. This would mean that the NACA-66(mod)
section is more optimized to delay the formation of stable sheet cavitation compared to the NACA-0015 section.

Furthermore, Arndt observed a transition in the bubble length oscillation from high frequency with low
spectral peaks to low frequency with high spectral peaks at about σ

2α = 4. The transition towards the high
spectral peaks with low frequency indicate the transition to cloud cavitation which is coherent with observations
from Leroux [20] which also finds transition to cloud cavitation at about ps = 4.

Figure 4.37: Cavitation length l/c as a function of σ/2(α −α0) from current CFD study with a NACA-66(mod) section compared to
experimental results from Arndt et. al. [4] using a NACA-0015 section.
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4.6. Polars

In this section, the lift coefficient CL, drag coefficient CD and Lift over Drag L/D (or performance) are studied
as a function of the angle of attack. A series of simulations is run for the angles of attack α = [0, 2, 4, 6, 8] and
for the cavitation numbers σ = [1.6, 1.4, 1.35, 1.2, 1]. First the results for the lift coefficient are presented and
discussed, then the results for the drag coefficient, next the results for the performance and finally a literature
comparison is made with experimental results from Leroux et. al. [20] and with potential flow results from xFoil.

Lift Coefficient CL

In figure 4.38, the CFD results for the lift coefficient polars are shown. The CFD results are plotted for the
chosen angles of attack and for the cavitation numbers. The error bars indicate the RMS of the lift coefficient
over time for. The lines are connected while the data points, indicated with a dot, represent non cavitating or
stable cavitation cases. When the data point represent unstable cavitation cases, the points are not connected to
the rest of the graph and are indicated with an x symbol. Table 4.10 show an overview of the results of the average
lift coefficient values and RMS. Table 4.11 shows the average bubble length and root mean square values.

Table 4.10: CFD results for lift coefficient polars of the NACA-66(mod) for σ = [1, 1.2, 1.35, 1.4, 1.6]: time average (left) and RMS
fluctuation(right).

σ
α 1 1.2 1.35 1.4 1.6
0◦ 0.203 0.203 0.203 0.203 0.203
2◦ 0.399 0.399 0.399 0.399 0.399
4◦ 0.639 0.603 0.591 0.591 0.591
6◦ 0.736 0.877 0.813 0.801 0.782
8◦ 0.869 0.982 1.192 0.916 1.088

σ
α 1 1.2 1.35 1.4 1.6
0◦ 0.0012 0.0012 0.0012 0.0012 0.0012
2◦ 0.0029 0.0029 0.0029 0.0029 0.0029
4◦ 0.0179 0.0138 0.0040 0.0040 0.0040
6◦ 0.1971 0.0196 0.0145 0.0142 0.0145
8◦ 0.2469 0.2245 0.2231 0.2827 0.0985

Figure 4.38: Lift coefficient polars from CFD results of the NACA-66(mod) for σ = [1, 1.2, 1.35, 1.4, 1.6] with stable and unstable
cavitation cases.
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Table 4.11: CFD results for dimensionless Cavity Length l/c of the NACA-66(mod) for σ = [1, 1.2, 1.35, 1.4, 1.6]: time average (left) and
RMS fluctuation(right).

σ
α 1.0 1.2 1.35 1.4 1.6
0◦ 0 0 0 0 0
2◦ 0 0 0 0 0
4◦ 0.27 0.06 0 0 0
6◦ 0.70 0.56 0.33 0.28 0.16
8◦ 1.09 0.92 0.90 0.62 0.56

σ
α 1.0 1.2 1.35 1.4 1.6
0◦ 0 0 0 0 0
2◦ 0 0 0 0 0
4◦ 0.036 0.015 0 0 0
6◦ 0.280 0.028 0.016 0.014 0.010
8◦ 0.127 0.252 0.181 0.344 0.132

At low angles of attack, i.e 0◦ and 2◦, the CFD results give the same value for each cavitation number. At
α = 0◦, a lift coefficient of CL = 0.203 is found with a root mean square of RMS = 0.001. At α = 2◦, a lift
coefficient of CL = 0.399 is found with a root mean square of RMS = 0.003. For these operating conditions
at low angles of attack, no cavitation has been formed yet and thus the lift coefficient has not been altered. A
suggestion for a follow up study would be to chose the operating conditions such that at least one value for sigma
is found for which cavitation occurs.

The results start diverging for α = 4 and higher. For α = 4◦, stable sheet cavitation occurs for the CFD
results for σ = 1 and σ = 1.2 resulting in the values for CL showing slightly higher values than for the of the non
cavitating runs. For the non cavitating runs, i.e. σ = [1.6,1.4,1.35], the lift coefficient is found to be CL = 0.591
with a root mean square of RMS = 0.004. For σ = 1.2, the lift coefficient is CL = 0.603 with RMS = 0.014. The
mean cavity length for this run is l/c = 0.06 giving a relative error in CL of about 2.75% with respect to non-
cavitating runs at this angle of attack. For σ = 1, the lift coefficient is found to be CL = 0.639 with RMS = 0.018
giving a relative error in CL of about 9.25% while having a mean cavity length of l/c = 0.27. The fact that the
lift slightly increases can be explained as follows. The addition of a cavitation bubble at the leading edge on the
suction side adds camber to the effective section shape experienced by the flow. This in turn increases the lift of
the section.

For α = 6◦, cavitation occurs for all studied values of σ . For σ = 1.6 to 1.2, steady sheet cavitation is
formed which is reflected in the error bars indicating relatively small RMS. For σ = 1, unsteady cavitation
occurs resulting in a significantly larger RMS. It can be seen that the values in CL increase for decreasing σ as
long as stable cavitation is obtained. The mean value for the unstable cavitation case shows a large drop in the
mean CL. Since cavitation occurs at α = 6◦ for all measured cavitation numbers, no relative error can be taken
w.r.t. non cavitating CFD results. Without non cavitating results, it cannot be determined with absolute certainty
that the lift increases when the section starts to cavitate. However, the trend clearly shows that lift increases for
larger cavitation bubbles. Also, the same behaviour is observed for α = 4◦ so it can be assumed with reasonable
certainty that the lift actually starts increasing when the section starts to cavitate. For future research, it would be
interesting to know for which values of σ the flow stops cavitating as well as higher values of σ should be tested
in order to find the threshold at which cavitation starts. Furthermore, the averages for the unsteady cases should
be considered with care since the duration of the simulation might not be long enough to have enough periods in
the signal to get an accurate average from the unsteady time series.

For α = 8◦, all of the simulations show unsteady cavitation and hence have large root mean squares for all
values of σ . All mean values for CL fall between 0.85 and 1.2 although no distinct order is found between the
values of σ and their corresponding results. Since all the simulations show unstable behaviour, the mean cavity
length are unstable as well and periodically shed cloud cavitation into the flow. As mentioned before, a longer
simulation run time would have given time series with enough periods to get a more representative average value
for such unstable cavitation cases. For the purpose of the hydrofoil designs at VPLP Design, the angle of attack
hardly ever need to exceed 6◦. Although it is sensible to have an accurate characterisation of a wide range of
angles of attack, these high angles of attack are less crucial to characterise to a very high accuracy as for lower
angles of attack. Moreover, for future research, it would be interesting to investigate for which value of sigma
the flow starts to cavitate and to find the range of σ for which stable sheet cavitation occurs.

Drag Coefficient CD
In figure 4.39, the CFD results for the drag coefficient polars are shown. The CFD results are plotted for the
chosen angles of attack and cavitation numbers. The error bars, line style and markers representation is the same
as in previous section. In table 4.12, an overview is given of all the average values of the drag coefficients and its
RMS.
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Table 4.12: CFD results for drag coefficient polars of the NACA-66(mod) for σ = [1, 1.2, 1.35, 1.4, 1.6]: time average (left) and RMS
fluctuation(right).

σ
α 1 1.2 1.35 1.4 1.6
0◦ 0.0107 0.0107 0.0107 0.0107 0.0107
2◦ 0.0114 0.0114 0.0114 0.0114 0.0114
4◦ 0.0123 0.0119 0.0128 0.0128 0.0128
6◦ 0.0584 0.0314 0.0226 0.0213 0.0185
8◦ 0.1406 0.1345 0.1501 0.0919 0.0723

σ
α 1 1.2 1.35 1.4 1.6
0◦ 6.4e-05 6.4e-05 6.4e-05 6.4e-05 6.4e-05
2◦ 0.00026 0.00026 0.00026 0.00026 0.00026
4◦ 0.00094 0.00108 0.00058 0.00058 0.00058
6◦ 0.04164 0.00385 0.00217 0.00178 0.00115
8◦ 0.04250 0.04962 0.05021 0.05064 0.02663

Figure 4.39: Drag coefficient polars from CFD results of the NACA-66(mod) for σ = [1, 1.2, 1.35, 1.4, 1.6] with stable and unstable cases.

Again, at low angles of attack, i.e 0◦ and 2◦, the CFD results give the same value for each cavitation number.
At α = 0◦, a drag coefficient of CD = 0.0107 is found with a root mean square of RMS = 6.4×10−5. At α = 2◦,
a drag coefficient of CL = 0.0114 is found with a root mean square of RMS = 0.00026. For these operating
conditions at low angles of attack, no cavitation has been formed yet and thus the drag coefficient has not been
altered by a cavitation bubble. The same suggestion for a follow up study can be made as in previous section, i.e
to chose operating conditions such that at least one value for sigma is found for which cavitation occurs.

For α = 4◦, stable sheet cavitation occurs for the CFD results for σ = 1 and σ = 1.2 altering the values for
CD w.r.t non cavitating runs. For the non cavitating runs, i.e. σ = [1.6,1.4,1.35], the drag coefficient is found to
be CD = 0.0128 with a root mean square of RMS = 0.00058. For σ = 1.2, the drag coefficient is CD = 0.0119
with RMS = 0.00108. The mean cavity length is l/c = 0.06 giving a relative error in CL with respect to the non-
cavitating runs of about 7.03%. For σ = 1, the lift coefficient is found to be CL = 0.0123 with RMS = 0.00094
giving a relative error of about 3.91% for a cavity length of l/c = 0.27. It is surprising that the drag coefficient
slightly decreases. Instead, one would rather expect the formation of a cavitation bubble at leading edge on the
suction side the section to increase drag, since the effective thickness of the section increases (at the point where
the cavitation bubble forms). Also, the fact that the drag decreases more for a cavity length of l/c = 0.6 than
for a cavity length of l/c = 0.27 raises suspicion, since the opposite is expected. There might be some counter
intuitive flow effect which causes this odd observation. Or some numerical error could be the cause of this this.
Further study is needed to determine the origin of this observation.

Like mentioned in previous section, at α = 6◦ steady sheet cavitation is formed for σ = 1.6 to 1.2 and
unsteady cloud cavitation for σ = 1. This is again reflected in the difference in RMS values. Slight increases are
to be seen in the mean drag coefficient from σ = 1.6 to σ = 1.4 and to σ = 1.35. A higher increase is seen for
σ = 1.2 as the cavity length l/c also increases significantly. Then as the cavitation becomes unstable, for σ = 1,
the drag coefficient increases by a significant amount. For these results, it can be seen that the drag increases as
the cavitation rate increases. This would be as expected since the the cavitation bubble the effective thickness
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of the section experienced by the fluid. Also, the significant increase in drag from stable cavitation to unstable
cavitation is as expected since the instabilities causes a very unstable flow around the section and in the wake
increasing the pressure drag. Since cavitation occurs at α = 6◦ for all measured cavitation numbers, no relative
error can be taken w.r.t. non cavitating CFD results. It would be interesting to know for which values of σ the
flow ceases to show cavitation. For future research, values of σ should be tested in order to find the threshold at
which cavitation starts.

Like mentioned in previous section, for α = 8◦ all of the simulations show unsteady cavitation and hence
have large root mean squares for all values of σ . The values in mean CD show a rough increasing trend for
decreasing σ except for σ = 1.35 which has the highest value of mean CD. The increase in cavitation rate can
cause the drag to gradually increase. On the other hand, since the RMS values are so large, this order might
well be by Again, a longer simulation run time would have given time series with enough periods to get a more
representative average value for such unstable cavitation cases. Regardless, it is clear that all average drag values
have increases significantly and the RMS are all very large for these measurements.

Performance L/D
In figure 4.40, the CFD results for the performance is shown as a function of angle of attack. The CFD results
are plotted for angles of attack α = [0, 2, 4, 6, 8] and for the cavitation numbers σ = [1.6, 1.4, 1.35, 1.2, 1]. The
error bars, line style and markers representation is the same as in previous sections. In table 4.13, an overview is
given of all the average values of the performance and its RMS fluctuation.

Table 4.13: CFD results for performance L/D polars of the NACA-66(mod) for σ = [1, 1.2, 1.35, 1.4, 1.6]: time average (left) and RMS
fluctuation(right).

σ
α 1 1.2 1.35 1.4 1.6
0◦ 19.05 19.05 19.05 19.05 19.05
2◦ 34.92 34.92 34.92 34.92 34.92
4◦ 51.97 50.68 46.24 46.24 46.24
6◦ 12.61 27.94 36.07 37.56 42.38
8◦ 6.18 7.30 7.95 9.96 15.04

σ
α 1 1.2 1.35 1.4 1.6
0◦ 0.0023 0.0023 0.0023 0.0023 0.0023
2◦ 0.5438 0.5438 0.5438 0.5438 0.5438
4◦ 2.5046 3.4339 1.7759 1.7759 1.7759
6◦ 5.6181 2.7983 2.8217 2.4769 1.8547
8◦ 0.1120 1.0255 1.1722 2.4131 4.1765

Figure 4.40: L/D as a function of α from CFD results of the NACA-66(mod) for σ = [1, 1.2, 1.35, 1.4, 1.6] alongside reference data from
Leroux and xFoil.

Again, at low angles of attack, i.e 0◦ and 2◦, the performance results give the same value for each cavitation
number. At α = 0◦, a drag coefficient of L/D = 19.05 is found with a root mean square of RMS = 0.0023. At
α = 2◦, a performance of L/D = 34.92 is found with a root mean square fluctuation of RMS = 0.5438. As
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mentioned in previous sections, for these operating conditions at low angles of attack, no cavitation has been
formed yet and thus the performance has not been altered by a cavitation bubble.

For α = 4◦, stable sheet cavitation occurs for the CFD results for σ = 1 and σ = 1.2 altering the performance
values w.r.t non cavitating runs. For the non cavitating runs, i.e. σ = [1.6,1.4,1.35], the performance is found
to be L/D = 46.24 with a root mean square of RMS = 1.7759. For σ = 1.2, the performance is L/D = 50.68
with RMS = 3.4339. The mean cavity length is l/c = 0.06 giving a relative error in L/D with respect to the
non-cavitating runs of about 9.6%. For σ = 1, the performance is found to be L/D = 51.97 with RMS = 2.5046
giving a relative error of about 12.39% for a cavity length of l/c = 0.27. An increase is found in the performance
for the measurements with a developed cavitation bubble. Again, this is a surprising observation. The reason for
this is is the small decrease in the drag coefficient for these two measurements. Hence, as discussed in previous
section, there might be some counter intuitive flow effect which causes this effect. Or some numerical error could
be the cause of this this odd observation. Further study is needed to determine the reason for this.

As mentioned in previous sections, at α = 6 steady sheet cavitation is formed for σ = 1.6 to 1.2 and unsteady
cloud cavitation for σ = 1. The performance has dropped for all measured values of σ since the drag has
significantly increased at this angle of attack. The lower the value for σ , the higher the drag (see previous
section), the lower the performance. Again, the performance of the unstable case (σ = 1) is much lower since
the pressure drag is significantly higher for cases with cloud cavitation. Since cavitation occurs at α = 6◦ for all
measured cavitation numbers, no relative error can be taken w.r.t. non cavitating CFD results.

As mentioned in previous sections, for α = 8◦ all of the simulations show unsteady cavitation and hence
have large root mean squares for all values of σ . The L/D values all fall between 5 and 16 and decrease as the
value of sigma decreases. This corresponds to the increasing trend in the drag coefficient for this angle of attack
setting. As mentioned before, a longer simulation run time would have given time series with enough periods to
get a more representative average value for such unstable cavitation cases. Regardless, it is clear that all average
drag values have increased significantly and the RMS are all very large for these measurements.

The slight increase in performance at α = 4◦ is also visible when looking at the lift vs drag plot in figure 4.41
where the tangent line of the lift versus drag plot through the origin is steeper for the two data points for σ = 1.2
and 1 compared to the non cavitating cases.

Figure 4.41: L as a function of D from CFD results (stable cases) of the NACA-66(mod) for σ = [1, 1.2, 1.35, 1.4, 1.6].

Literature Comparison
In this section, a comparison is made between the results of current study for the highest and lowest measured
values of σ (σ = 1 and σ = 1.6), as well as experimental results from Leroux et. al. [20] and from potential
flow solver xFoil. The results from Leroux and xFoil are all for non cavitating conditions. The comparison will
mainly be focused on the experimental values from Leroux. The xFoil data gives an interesting insight about
what values are obtained by potential flow w.r.t. to the experimental values and the current CFD studies.
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Figure 4.42 shows the CFD results from current study, xFoil and Leroux for the lift coefficient. It can be seen
that for the low angles of attack, i.e. 0◦ and 2◦, the results from current study underestimate the experimental
results from Leroux. These results are expected to be coherent since the CFD results do not show cavitation
for these low angles of attack. The validation of the cavitating test case (see section 4.2)has been done with
the NACA-66(mod) at α = 6.5◦ at Re = 8× 105 for multiple values of σ since extensive amounts of reference
material was available for these cases. However, no polars are studied during for non cavitating cases with the
simulation of the cavitating test cases. Polars for non cavitating cases have been studied during the validation for
the non cavitating test case (see section 4.1). Because of this, is seems that the simulation validated for cavitating
test cases does not obtain coherent values w.r.t. experimental values for all operating conditions. This seems to
be the case for the CFD results for α = 0◦ and α = 2◦. The relative error for α = 0◦ between current CFD results
and the experimental result is about 12.43%. For α = 2◦ this is about 15.28%. For α = 4◦ the non cavitating
cases (σ = 1.6 up to 1.35) has a relative error with the experimental value of about 17.76%. As discussed in
previous section, the rate of cavitating for the cavitating case σ = 1 increases the lift coefficient by 9.25%. For
a similar cavitation rate and cavity length, the lift is likely to increase by similar amounts w.r.t. the experimental
values. However, no data is available to verify this claim. For α = 6◦, no comparison can be made for non
cavitating cases since cavitating occurs for all CFD results. For σ = 1.6 the lift coefficient is CL = 0.782 and the
experimental value is CL = 0.789, which is a small difference. Assuming the CL values of the stable cavitation
increases the lift (which is coherent with all observations), the CL value for non cavitating flow given by the CFD
simulation would likely come out a bit lower than the experimental value. As discussed in previous sections, the
unstable cases have mean values that are not very accurate and have very large RMS values. It does not make
much sense to compare them with the experimental values.

Figure 4.42: Lift coefficient polars from CFD results of the NACA-66(mod) for σ = 1 and σ = 1.6 as well al well as results from Leroux
and xFoil.

In figure 4.43, the drag coefficient results are shown for current CFD study, xFoil and experimental data from
Leroux. It can be seen that the the CFD data slightly underestimates the experimental results for the non cavitating
and stable cavitating cases. For α = 0◦, the CFD results (for all σ ) are underestimating the experimental data
by 26.62%. For α = 2◦, the CFD results (for non cavitating σ ) are underestimating the experimental data by
27.38%. Although the CFD results for α = 4◦ and α = 6◦ do not contain runs without cavitation, it can be clearly
seen that the difference between the stable CFD results and experimental data only gets larger. For the unstable
cavitation cases however, the drag becomes much larger than the experimental results.
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Figure 4.43: Drag coefficient polars from CFD results of the NACA-66(mod) for σ = 1 and σ = 1.6 as well al well as results from Leroux
and xFoil.

In figure 4.44, the performance results are plotted for current CFD study, xFoil and experimental data from
Leroux. Due to the underestimation of the drag coefficient, the performance of in the CFD results are higher than
for the experimental results for the stable cases. Like observed with the drag coefficient, this difference is highest
for the stable cases at α = 4◦ and 6◦. The performance in the unstable cases drops below the experimental values
since the drag increases above the experimental values.

Figure 4.44: L/D polars from CFD results of the NACA-66(mod) for σ = 1 and σ = 1.6 as well al well as results from Leroux and xFoil.
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Conclusion

This work is concluded by reviewing the main research objective and sub questions stated in the introduction.
The main objective of this project is stated as follows:

Assessment of using CFD to improve analysis and performance prediction of cavitating hydrofoil sec-
tions within an industrial setting, compared to current design practice.

This objective is pursued by using a Schnerr-Sauer cavitation model in a URANS CFD framework which is
validated for two dimensional flow around hydrofoil sections. The following research questions have been posed
to address the main objective:

• How does cavitation analysis on a hydrofoil section using CFD with a cavitation model compare to analy-
sis without cavitation model?

• How can the transition from stable to unstable cavitation on a hydrofoil section be predicted?
• How do the lift and drag coefficient and performance polars of a cavitating hydrofoil section depend on

the cavitation number?
• What are the limitations of the final setup?

These research questions are studied with the use of the validated CFD setup with cavitation model. The
setup and execution of the simulations are feasible within the computational restrictions of a maximum simu-
lation run time of about 8 hours per simulation on a machine with 20 CPU cores. For the validation, first a
non-cavitating test case simulation of a NACA-0012 section is built and validated providing a solid base for the
cavitating test case simulation of a modified NACA-66 section. Next, a test case for a cavitating flow around
the NACA-66(mod) is set up (section 4.2). For the validation of this test case, the SST turbulence model has
been chosen and the turbulent viscosity modification has been implemented and studied for which the exponent
n = 2.3 provided sufficiently accurate results. For unsteady cavitation cases, the cloud cavitation shedding be-
haviour did not match the reference data. This setup has been used to investigate the sub research questions
which are concluded in the following paragraphs.

To evaluate how results from cavitation analysis on a hydrofoil section using a cavitation model compares to
results from analysis without a cavitation model a comparison is made with steady cavitation operating conditions
on the NACA-66(mod) section. For these conditions, it has been found that cavitation analysis without cavitation
model vastly underestimates the length of the cavitation bubble with a relative error of about 83%. As a result
the lift and drag coefficient are also underestimated with about 1.1% and 44% respectively, resulting in a relative
error in L/D of about 75%. The underestimates in cavitation length, lift, drag and L/D are substantial and should
be considered in the design of sections.

Moreover, a comparison is done with the BPXI section for unsteady cloud cavitating conditions. For these
conditions, the simulation with cavitation model clearly shows cloud cavitation which is not captured in the
analysis without cavitation model. This is also in line with the fact that the cavitation bubble length is vastly
underestimated in the analysis without cavitation model, since the cavitation regime is found to be dependent on
the cavitation bubble length. Meaning that the potentially problematic cloud cavitation regime could easily be
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overlooked when performing cavitation analysis without cavitation model.

To study the transition from stable to unstable cavitation, a series of simulations is carried out with the
modified NACA-66 geometry for a range of ambient pressures and freestream velocities. The cavitation length
l/c and corresponding root mean squared values are studied as a function of the stability parameter ps =

σ
2(α−α0)

.
The different cavitation regimes are reflected in the cavitation lengths and their root mean squared. The study
shows that stable sheet cavitation starts around ps = 7 and remains stable up to about ps = 4 with a cavitation
length growing up to about l/c = 0.45. For 3 < ps < 4, the root mean squared of the cavitation length is
large indicating unstable cavitation. Cloud cavitation behaviour is confirmed for this range of ps by looking at
simulation visuals. For ps < 3 the cavity length becomes larger than the chord length with relatively small root
mean squared values w.r.t the cavity length. As confirmed by the simulation images, the cavitation bubble is
stable and encloses the suction side of the section which characterises the supercavitation regime.

These results show that the cavitation regimes are distinguished by ranges in the stability parameter as de-
scribed above. Hence the stability parameter serves as an indicator for the prediction of the cavitation regimes.
Results from studies by Leroux et. al. [20] and Arndt et. al. [4] find similar results for the transition from sheet
to cloud cavitation at ps = 4. However, the inception of sheet cavitation for the modified NACA-66 section is
found at ps = 7 compared to 8.5 found by Arndt for the NACA-0015 section. Hence, the obtained ranges of
ps do not generally indicate the cavitation regimes as found in current study for all geometries. Furthermore,
the lower value for the stability parameter shows that sheet cavitation is retarded to form at higher velocities (or
lower ambient pressures) for the NACA-66(mod) and thus can the NACA-66(mod) be considered to be a more
optimized geometry compared to the NACA-0015 section.

To see how the lift and drag coefficient and performance polars of cavitating hydrofoil sections depend on the
cavitation number, a series of simulations is carried out to obtain lift and drag polars at several rates of cavitation.
It is found that lift increases when stable cavitation bubbles form compared to non cavitating cases. Also, the
higher the cavitation rate (higher σ , for stable cavitation cases), the larger the cavitation bubble, the larger the
increase in lift. As a result, the polars for lower σ show a stronger increase in lift as the angle of attack increases.

On the other hand, the drag coefficient also increases as the cavitation rate increases and cavitation bubbles
grow. Again, the drag increase is stronger for larger cavitation bubbles, hence the increase in drag as a function
of angle of attack is larger as the cavitation number decreases.

The performance, i.e. lift over drag, shows an increase at α = 4◦ for σ = 1.2 and a further increase for σ = 1.
At this angle of attack, the cavitation bubbles are sufficiently small such that the increase in lift is larger than
the increase in drag. At higher angles of attack however, drag becomes proportionally larger which makes the
performance decrease for lower values of σ .

These findings only apply to the stable cavitation cases, as for the unstable ones, the results are inconclusive
due to incomplete data. More on this in the next section on follow up studies.

Furthermore, the findings should be taken with care since the polars (for non-cavitating cases) at the lower
angles of attack are not coherent with the reference values. However, the effect of the change in cavitation num-
ber on the general behaviour in lift and drag is likely to be correct regardless of the specific values.

In the validation phase of this project, the results have shown to be coherent with reference values for the sta-
ble cavitation cases. Also, the transition point from stable to unstable cavitation found in current study is coherent
with reference data. However, for the unsteady cavitation cases, the results of the shedding behaviour does not
match the reference values. The cavitation bubble shedding in the cloud cavitation regime can be an important
source of vibrations. Capturing the shedding frequency of cloud cavitation would help in predicting vibrations
and its resulting loads. Therefore, this shortcoming is considered to be the main limitation of the current setup.
In other words, the current CFD setup developed in this project is able to predict stable cavitation cases and theirs
loads as well as predict the transition from stable to unstable cavitation within reasonable accuracy. The setup is
not able to predict unsteady cavitation shedding behaviour within reasonable accuracy. This limitation is further
addressed in the following section.
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Outlook
For the design process of VPLP Design, the CFD setup developed in this project can be useful when several
foil section candidates are designed. These sections can be analysed and compared for a range of conditions to
compare the sections for when cavitation is induced, how the cavitation bubble and loads develop with respect
to the conditions and when unstable cavitation occurs. Still, for such a comparison several extensive series of
simulations should be executed which is not feasible at the moment with the current computational resources at
VPLP. For such a study to be feasible, the computational capabilities need to be enhanced first.

A follow-up step in extension of current project would be to make a 3D setup so that full three dimensional
hydrofoil geometries can be analysed and compared in a similar way.

The ultimate long term goal would be to optimize three dimensional hydrofoils geometries to delay the in-
ception of cavitation and delay the transition from stable to unstable cavitation as much as possible. For this, an
optimization framework like OpenMDAO [12] can be used to serve as a computing platform for the geometry
optimization.

As mentioned in previous section, the main limitation of the setup is the fact that the shedding behaviour of
cloud cavitation is not well captured. To find the reason behind this inconsistency, the following issues can be
discussed. The general cavitation behaviour in the CFD simulation is dependent of several factors. The choice
in turbulence model has an important influence on the cavitation behaviour. This has been studied in the vali-
dation part of current study, although choosing a suited turbulence model was not sufficient for the validation
of the simulation setup. For this, a modification in another important factor had to be introduced; the turbulent
viscosity exponent n. The modification in this parameter eventually lead to the validation of the setup. However,
the chosen value of the exponent n is not based on any measurable physical quantity and is thus chosen to fit
the reference data. Finding such a sweet spot in a parameter is a tricky thing to do and impacts the robustness
of the simulation setup as it does not guarantee the desired behaviour for a different case. Another important
factor in the cavitation behaviour is, of course, the cavitation model used in the simulation. In current study,
only the Schnerr-Sauer cavitation model has been used. However, other simplified cavitation models are known
(although not usable in Star-CCM+), as well as the more computationally expensive full Rayleigh-Plesset model.
A combination of the right cavitation model, turbulent viscosity exponent and turbulence model might be the
answer to validating the cloud cavitation behaviour.

Another improvement to current study would be to make a three dimensional CFD simulation. As mentioned
in the methodology section, cavitation and turbulence are intrinsically three dimensional phenomena. Hence,
choosing for a two dimensional computational domain may cause some flow effects not to be included and there-
fore mismatch the results with the reference data. For this however, much more computational resources are
needed as a three dimensional computational domain increases the number of mesh elements by several orders
of magnitude.

Furthermore, Large Eddy Simulation (LES) or Detached Eddy Simulations (DES) could be used instead of
URANS. These simulations are able to resolve unsteady turbulent flow phenomena with higher accuracy. Hence,
the important unsteady flow and turbulent structures in cloud cavitation would be reproduced more accurately,
making LES and/or DES a good candidate to be used for cloud cavitation. However, this again comes at a com-
putational cost.

For the study on the polars dependency on the cavitation number, several remarks can be made. First, although
the results were sufficient to give some insight on the effect of the cavitation rate on the polars, a full validation
of the polars for non-cavitating conditions should be made in order for such a study to be fully conclusive.
Also, in order to get detailed polar data, the increments in α should be smaller, ideally at 0.5◦ or at least 1.0◦.
Furthermore, it would be insightful if the studied sigmas are chosen such that for each angle of attack, at least
one non-cavitating, one stable cavitating and one unstable cavitating case would be simulated. This would allow
for the polar quantities for each cavitating case to be compared to the non-cavitating case at each angle of attack
and see what the gain or loss in lift or drag would be. In current study, this is only done for a few values of
α . The addition unstable cavitating cases for each angle of attack would give a broader overview of the range
of cavitation regimes at each angle of attack. This brings up another point, order to have a sensible lift or polar
measurement for unstable cavitation cases, the simulation runtime should be long enough in order to capture the
average value of the measured polar quantity. In order for these remarks to be implemented in a future study,
the values for σ have to be picket out carefully. Furthermore, much more computational resources are needed as
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many more simulations should be run for the smaller increments in α , additional values of σ and for the longer
simulation times for the unsteady cases.
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